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"AA note on reduction sentences 
by 


JAN BERG 
(University of Stockholm) 


1. A problem concerning disposition concepts 


To say that the operations Q3, ..., Qn and the reaction R are cor- 
related to the disposition D is to say that x has D at a time t, if and 
only if the application on x of Q; at t;, ..., Qn at t, would lead to 
fEatitna, Whete ty< ... <tnr. 

| We face the problem 


(x) to find, for every disposition predicate P, and for all 
extensional languages L that are sufficiently expressive as 
regards logic and that contain P;, predicates P3, ..., Pau 
denoting the experiments correlated to the denotation of P;, 
and a predicate Pn, denoting the correlated reaction, a sen- 
tential scheme S such that D', Q;', . .., Qn, and R' are the 
only free predicate variables in S, and such that inserting 
PEEOEN DEER, rastEnn MOR Qt vara SCESPECELYVElY, fatid 
Pro for R' in S we get a true expression in L that assigns 
a method of deciding in at least one case whether x has or 
does not have the denotation of P;. 


It is not necessary that S always turns into an explicit definition 
of P, in L. By an explicit definition of the predicate P in the lang- 
4age L, then, we mean a true expression in L of the form: 


Dy 


where (i) P is D', (ii) the expression '---x---" contains only 


'x' as a free variable, (iii) P is not included in = --X---". 
1 
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In his theory of reduction sentences, Carnap" found an answer to 
problem (zx) for n=1 (i.e., for first order dispositions).” Here we 
will touch only upon the part of the theory that considers so-called 
bilateral reduction sentences. 


If (28, ty os ta) (GERE ÖRA 


then ÅA is a (bilateral) reduction sentence for the predicate P if and 
only if A is an expression of the form: 


(56 lp ova) (GS rn Or (05 Jes QR 
2(D(x, t)= --- R(X, Fun) SSE) 


where (i) P is D', (ii) the expression '=-- R(x, toa) --- CON- 


tains only << and t,. as free variables, (ii) Ps not ineluded in 
SER (En 

Further, A is a reduction sentence for the predicate P in the lang- 
uage L if and omly if (1) (EXXtbrostan) (BSS OTRS 
ss On (X) tn)) IS a truelexpressioni in Ly (tUPZiIStabiaterale 
duction sentence for P, (iii) ÅA is a true expression in L. 

For a disposition D correlated to Q and R, Carnap constructs the 
scheme of reduction: 


(3 OA SLER FE=NR ÖN 


2. Dispositions of different order 


In Examination of McTaggart's Philosophy, Broad has made some 
informal remarks on dispositional concepts." Among other things, 
he points out that dispositions can be arranged into hierarchies.” 


> R. Carnap: Testability and Meaning, Philosophy of Science, vol. 3 
(1936), pp. 440 ff. 

2Cf. $.2 below: 

> Carnap writes 'D(x)” instead of D(x, t)', but he does not care about 
the fact that dispositions can be lost and acquired, a fact which we must 
pay regard to here. 

£Seenyol I (1933), Pp. 8 ASS 148—350, 264—78. The last 
passage is fteprinted in Feigl & Sellars: Readings in Philosophical Analysis 
(1949), pp. 472.—81. 

CET Fetglig& SellarssiOpucet: spås 
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When a piece of iron is placed in the interior of a coil of wire carry- 
ing a current, it becomes magnetized and accordingly acquires a dis- 
positional property. If we consider a property M of being magnetic 
as a disposition of order n, a capacity M” to acquire M is a dis- 
position of order 2+1 and may be considered a disposition of first 
order with respect to M. To many dispositions D, there is also an- 
other kind of dispositions of first order with respect to D, viz., those 
involving a capacity to lose D. For example, being heated to a cer- 
tain temperature, the iron ceases to be magnetic. 

Here we have taken notice of two special dispositions of first 
order with respect to a given disposition. Frequently, however, there 
are many dispositions in a substance to gain or to lose a disposi- 
tion. A magnetic property of a piece of iron can also be removed 
if the iron is sharply hit or placed in a coil fed by an alternating cur- 
rent the strength of which is slowly diminished to zero, and magne- 
tizing can be done by stroking the iron with lodestone or a per- 
manent magnet. To many dispositions D of order 2, accordingly, 
we get a many-membered class K of dispositions of order 2+1 and of 
first order with respect to D.” K is divided into the class of positive 
and the class of negative dispositions with respect to D. Then classes 
of dispositions with respect to elements of K may be constructed, and 
every element of these classes becomes a disposition of order n+2 
and of second order with respect to D. 

Let '+D' denote the class of dispositions to acquire the disposi- 
tion D on a condition of the class +Q, where the elements of +D 
and +Q stand in a one-to-one correspondence. Analogously, '-D'” 
denotes the class of dispositions to lose D on a condition of the class 
-Q. Further, '++D' denotes the class of dispositions to gain some 
disposition of the class +D on a condition of the class ++Q, -+D' 
denotes the class of dispositions to lose some disposition of +D on 
a condition of —+Q, etc. If A is an element of the denotation of 
FSEEESID where: s; (1 Sin) is either a plus siga or a minus 
sign, it is not certain that A involves a capacity to gain or to lose all 
elements of the denotation of so53 ... SD. Expressions of special 
dispositions of the classes +D, ++D, etc., may be formed like this: 
2105 FATT FRID: FEAR DIG mg EMG 


s At this point, Broad has long ago left the problem. 
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We say that A is a disposition of order n with respect to the dis- 
position B if and only if A is either a disposition to lose or a dis- 
position to acquire a disposition of order n-1 with respect to BRA 
is the only disposition of ordér zero with respect to ÅA. A disposi- 
tion is of order n if and only if it is of first order with respect to a 
disposition of order »-1, and a disposition is of first order if and 
only if it is not a disposition with respect to another disposition. 
Further, let the expressions of the dispositions Å and B contain the 
successions of plus and minus signs Sa1, Sa2, + --> Saj AMORS Spore 
Spk respectively, all signs taken in that order in which they occur in 
the expressions. Then A may be called sign-similar to B if and only 
MÖj=K-551 = Sp1-Sa2 = Spar Sa = Sp Gen Efallystitican be said that 
to every disposition A there are 2" classes of sign-similar disposi- 
tions of order » with respect to A. (Of course, some of these classes 
may be empty.) 


9 3. Conditions of adequacy for systems of reduction sentences 


AS a starting-point of a discussion of systems for bilateral reduc- 
tion of higher order dispositions we will state some conditions of 
adequacy. At first, two conditions concerning the relation between 
classes of higher order dispositions are formulated: 


(C 1) If the object x has the disposition D at time t, then x 
cannot have any element of the denotation of sis2 ... SD 
at t, where every sj; (1 Ei£En) is a plas sign. 

(C2) If x does not have D att, then x cannot have any 
element of the denotation of s1s2 ... SD at t, where every 
sj (1 ELiENn) is a minus sign. 


If we want the treatment of higher order dispositions to agree 
with linguistic usage, the answer to problem (z) must not contradict 
(C1) or (C 2). At a definite time, the class of magnetizable ob- 
jects is different from the class of magnets, and the class of mortal 
men is different from the class of dead men. Here the following 
is valid for any disposition AC+D: 


D(x, t) > >A(x, t). 


] A NOTE ON REDUCTION SENTENCES S) 
For all BE++D there holds: 
ANSE BET 
But this must not be the case: 
ETIO(DEOEBETO) 


because then the classes ++D and -D would overlap. Hence, we 
have: 


DEF OENBE ö: 
Further, for all A€-D we have: 
AEEKOETDESEOT 
andeforall BEECD: 
BESEOSAGSED)E 
Another more trivial condition is the following: 


(C 3)If x has D at t,, where D is a disposition with respect 
to Q and R, and if x is submitted to Q at tn, then x reacts 
inthe manner Rattar, Where to<<tns. 


For any disposition, we can construct a time-scale such that (C 3) 
follows. A reduction sentence in the sense of 9 1 does not contradict 


WENT (G2): 


4. Proposals for reduction methods for higher order dispositions 


We will look at two systems of formalization in connexion with 
the second order disposition +"D, correlated to +"Q, Q, and R. 
When the time variables 't;', t;', and 'tz;' are used, ty <t,<tsz is pre- 
supposed. 


(s1) | 265 H)2:D05 b=R0 tb; (STL) 
| Q(x, tb) 2-2D(x, b)=D(x, t); (ANA 
(SA Le 
& 3 ÖR ti) > SLOXES ta) D DE ERE ts). 
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Since 'Q(x, t,)” is contained as a premise in (S 2.2), D(x, ta)” 
may replace R(x, ts). This system we call (S 260) 

In (S 1) the first order and second order dispositions are treated 
alike; in (S 2) they are treated differently. A comparison of (S 1) 
with (S 2) shows that (S1) is the stronger system, because ($ 2”) 
follows from ($ 1) but not conversely, and ($S 2") is equivalent to 
(S 2). The following situation makes clear the difference between 
(S 1) and (S 2). Assume that +"Q(x, ti) and Q(x, ta). Now 
(S 1) states that +"D(x, t;) if and only if D(x, t;). (S-2), on the 
other hand, does not state anything at all about +'D in this case. 

The condition (C 4) given below is valid for (S 2) but not for 
(SME 


(C4) In every case where a reduction sentence for a dis- ' 


position D states a method of deciding whether D is pre- 
sent or not, the answer is definite in the sense that turning 
to other reduction sentences is not necessary in order to de- 
cide conclusively whether D is present or not. 


Every reduction sentence of a system for which (C 4) is valid 
contains only one disposition predicate. 

Now, we can give an answer to problem (z),for all 2, for systems 
having (C3) as a consequence but for which (C4) is not valid, 
1.e., systems: of the same kind as (S 1). Let every si (T=1Sn) bea 
plus sign or a minus sign, and assume that A€denot'sisa ... SD, 
QTEdenot 5152 = sa ÖRA HS correlateditor OT FBEdenokKsssstt Fes nO 
A is of first order with fespect to BI DIS cortelateditorO-FandeRt 
Then (i) if si is a plus sign, the scheme of reduction for A will be: 


(X, ty to) ((ti<t2-Qr(x, ti)) I (A(x, i) =B(xt))); 


(11) if sj is a minus sign, the scheme of reduction for A will be the 
same as in (i) except for the last component, that will be 
IYB(ESK GA (I) förthe disposition that is correlated to A and is 
of order zero with respect to D, i.e., for D, the scheme of reduc- 
tion will be analogous to ($ 1.1). 

It seems that Carnap aimed at the strongest possible schemes of 
reduction when he formulated his theory. For the introduction of 


k 


A NOTE ON REDUCTION SENTENCES Ve 


higher order dispositions he would probably have chosen systems 


like (S 1), and each one of these systems would have formed an 


example of an introductive chain. 


We can also give an answer to problem (z), for all n, for systems 
having (C3) as a consequence and for which (C 4) is valid, i.e., 
systems of the same kind as (SPEeteyekyi si (CL HENNE plus 
Sign or a minus sign, and assume that A€denot'sis; ...sD, 
Cdenotis:s2 - = Sn Qs Q2Cdenot's353 «.. SnQy «.e QnEdenot”snQ, 
kdris cofrelated to Qi, Qar:-. Qn, Qnuu, and R. Then (i) if the ex- 


| pression sis ... Sa CONtains an odd number of minus signs, the 


scheme of reduction for A takes this form: 


(Et AE ET Et ÖSTEN 
22 Quan(CS TN ATT NN 


(ii) if the number of minus signs of s152 . . . Sn 1S even Or zero, the 


scheme of reduction for A will be the same as in (i) except for the 
last component, that will be R(x, tn2)'. 


5. Reversible dispositions 


The distinction between dispositions of different order is not uni- 
vocal but varies from case to case. It is not always of interest to 
distinguish the different situations Q1x, . .., Qnux in the answer to 
problem (z); some Or all of them might be fused together into a 
single condition. The separation depends upon what special prob- 
lems we intend to study. For example, if we wished to compare 
a piece of iron and a piece of a different kind of metal as regards 
a property of being magnetizable, we could consider this property 
as a disposition of first order in relation to this particular case. 

Inquiries into the reversibility” of dispositions would be an in- 
stance of cases in which it becomes necessary to keep the distinction 
between dispositions of different order and consequently to dist- 
inguish some of the situations (OPG sov ÖRA INNGIE FIG ONS 
with dispositions such that these can be lost and acquired again. 
Such properties Broad calls 'reversible', but he gives no idea of how 


”ICÉ. Carnap:; Oprcit., p. 446. 
SIG fIECR EST Sellarsi Op et. pr 474 
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he would precise this concept within a formalized system. If we 
wish to introduce in a formal way the concept expressed by this 
term, we can use either existential or universal generalization. Ac- 
cording to the first alternative, a disposition D is reversible if and 
only if 


(i) there is a time t, and there is a thing x, a disposition Ä 
of the class -D, a corresponding condition Qa of the class 
=Q," and a disposition B of the class +D such that x has | 
D at t, and A åt t, and such that it holds of every time t, 
and t,, where (3t, ty) (tr Et. <ty<ty<tp), that if Qa were 
applied to x at t,, then x would have B at tj.” 


Upon universal generalization of the variable Xx there appear a i 
number of theoretically possible cases, depending on whether the 
variable 't,' is generalized existentially or universally, and depend- 
ing on the order established among the quantifiers. According to 
the alternative most plausible intuitively, the proposition that D 
is reversible would be equivalent to the proposition that 


(ii) there is a time t, such that something has D at t,,” and 
for every t, and every x that has D at t, there is an AED, 
a QA€-Q, and a BE+D such that x has A at t, and for every 
ta and tpit holdsithatäf (265) (CSES and 
Qa were applied to x at t,, then x would have B at tr. 


It is not logically necessary that (1) implies (ii), nor is it certain 
that this implication is an extra-logical truth. In a formalization of 
(1) and (ii) only predicates introduced by means of conditional re- 
duction sentences would be admitted as substituends for the bound 
variables 'A' and 'B'. Determination of the range of these variables, 
on the other hand, would require a definition of the generic term 
"disposition', which seems to be a difficult problem. 


> The elements of .D and the elements of Q are correlated in a one-to- 
one fashion. Cf $ 2 above. 
»? I e., x must not, when it loses D, lose all dispositions to regain D. 
"If we would formalize definition (ii), this first part of the definiens 
would serve to avoid paradox when "if-then” in indicative sentences is in- 
terpreted as an expression of material implication. 


Good Reasons in Ethics: An Examination of the 
Toulmin-Hare Controversy” 


by 


KAI NIELSEN 
(Amherst College, Amherst, Mass. U. S. A.) 


When pbhilosophers use a word ... 
and try to grasp the essence of the 
thing, one must always ask oneself: is 
the word ever actually used in this way 
in the language-game which is its ori- 
ginal home? ... paradox disappears 
only if we make a radical break with 
the idea that language always func- 
tions in one way, always serves the 
same purpose ... 

Wittgenstein. 


In contemporary life and in contemporary ethical theory there is 
a good deal of scepticism about the ”rational basis of morality”. 
We are toid by some philosophers that morality rests on ”The 
Arbitrary” or that our basic moral principles are but "pure postu- 
lates”. It is sometimes said, that in seeking a ground for our moral 
judgments, we find, in the last analysis, only preferences. Our 
moral choices, as the existentialists never tire of telling us, are 
just choices and upon this ”arbitrary choice” everything else de- 
pends. Thus, there is a sense of urgency about moral questions 
that we do not find about many other questions that philosophers 
discuss. As human beings we can hardly avoid making moral judg- 
ments, but often, at least when we reflect, we feel confused about 
the basis of some or perhaps all of our moral judgments. There 


> I am indebted to Professors Charles Baylis, Romane Clark, Paul Welsh, 
Roger Buck, Weston La Barre, and Arthur Dow for criticisms of earlier 


statements of this essay. 
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is a reasonably strong feeling among many philosophers that the 
traditional contemporary ethical theories, that is, intuitionism, 
naturalism, and emotivism do not help us out of our confusion. In 
fact if anything they seem to add to it. We find, perhaps as a re- 
sult, a resurgence of "natural law theories” on the one hand and 
of a kind of anti-rationalist theological ethics on the other. We 
even hear a few dim cries, here and there, of "Back to Kant”. 
But, none of these theories have even begun to win general ac- 
ceptance among philosophers. The war of philosophic ethics still 
goes on. Thus, both in practical life and in philosophy, there is 
considerable perplexity about how, if at all, moral judgments can 
be justified and about the place of reason in ethics. 

Onto this strange and perplexing stage has now come a fresh 
common-sensical approach that I shall call the "good reasons ap- 
proach”. In Stephen Toulmin's An Examination of The Place of 
Reason in Ethics we have a fully argued statement of this ap- 
proach. He directly attacks the problem of justification in ethics, 
and attempts to undercut the kind of scepticism about morality 
that I have just sketched. But his own statement has itself not 
been too well received. Many of his critics have felt that Toul- 
min has not resolved the problem of good reasons in ethics, but 
has actually added a new twist to it by leading us to believe that 
somehow we can discover what are good reasons by seeing how 
people actually reason and by noting the logical peculiarities 
of moral usage. 

R. M. Hare is perhaps the most distinguished of these critics 
and his own positive meta-ethical analysis, particularly in The 
Language of Morals, has exerted (as has Toulmin's book) a con- 
siderable influence on recent analytical discussions of ethics. I 
shall in this essay consider the grounds of disagreement between 
them with particular reference to the problem of good reasons 
or justification in ethics. 


" Stephen Edelston Toulmin, An Examination of the Place of Reason in 


Ethics (Cambridge, England: 1950), p. 2. Hereafter cited as The Place of 
Reason in Ethics. 


GOOD REASONS IN ETHICS lll 


(1) 

First let me briefly indicate the basic structure of Toulmin's 
argument. 

In everyday contexts we constantly face problems of decision. 
Even if we are led to say, with Hume, that value is ”a chimera” 
or, with Freud, "that the judgments of value made by mankind” 
are "attempts to prop up their illusions with arguments”, we still 
have to know what to do.” The ”good reasons approach” ” has 
given a "new look” to contemporary meta-ethical theory by 
taking this problem to be the central problem in meta-ethics. 

"Good reasons” philosophers have, by their example, taught 
us to consider again the fundamental questions: "What is the pur- 
pose of moral rules?', "What is the function of morals?'”. In the 
tradition of the later Wittgenstein, they have taught us to view 
moral discourse — — a form of life — — in its natural habitat where 
it is actually doing its typical work. Secondly, we are to look for 
criteria for moral judgments in actual moral discourse rather than 
for inductive or deductive criteria imported from some other con- 
text. Thirdly, we should give up the formalist's dream that, if 
only we are careful enough, we can formalize the logic of moral 
discourse by translating moral utterances out of their ordinary 
idiom into a new, clear, deliberately constructed notation (say, 
the notation of Principia Mathematica — — though, perhaps, add- 
ing some new notation for the imperatival function). We must 
give up the dream that, once formalized in this way, we can get 
a grip on fundamental moral problems and at last solve conflicts 
between rival moral theories (as well as moral perplexities) by 
calculation. The logic of moral discourse, in all its richness and 
subtlety, is just not formalizable in this manner. Instead Toulmin 
exhorts us — — if we are to understand moral argument — — to 
follow the advice of Tolstoy's character Platön Karatåev and not 
look for the ”significance of any word or deed taken separately” but 
only in their characteristic employments, in their living contexts.” 


2 I borrow the term from Abraham Edel. See his "Ethical Reasoning”, 
Academic Freedom, Logic and Religion, American Philosophical Association, 
Eastern Division, M. J. White, editor, II, 133. 

> Toulmin, The Place of Reason in Ethics, p. 117. 
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The good reasons approach should be contrasted with tradi- 
tional meta-ethical theories. On the good reasons approach we do 
not even start by asking directly, as both the intuitionists and 
naturalists do, "What is goodness?” or "What is value?”. Rather on 
the good reasons approach we return ethical inquiry to the ques- 
tion, Which kinds of reasons are good reasons in ethics?”. Con- 
stantly considering the function of ethics - — never forgetting that 


"the scope of ethical reasoning is limited by its function” — —. 


we are directly to attack the problem of good reasons and justi- 
fication in morals. 

But the traditional theories have also considered this problem. 
Surely, as Broad remarks in his discussion of Toulmin's book; 


Sir David Ross and Ewing have not neglected the question of 
'good reasons” in their analyses. The jargon has been different, 


but the question is asked and (particularly with Ross) answered 
in some detail. Yet it must be admitted that this question is 
secondary with Sir David while in Toulmin's practicalist ap- 
proach it is primary. The typical non-practicalist is primarily con- 
cerned with the definition of basic ethical terms as the starting 
point in ethical theory. Only after we have answered these pro- 
blems of definition which (according to them) enable us to know 
the "ultimate characteristics which make one action right and 
another wrong” can we satisfactorily take up and answer Toul- 
min's problem.” 

Toulmin argues that we need not take up this problem about 
"What is goodness?” to answer the problem about "good reasons”. 
He further argues that the traditional theories do not really help 
us with the problem about good reasons. In substantiating this 
last claim he subjects traditional meta-ethical theories to a se- 
arching critique. He tries to show how these theories break down 
and how they do not help us at all in mapping the procedure we 
use in trying do decide which reasons are good reasons in ethics. 

There is a further consideration for taking the good reasons 


+ C. D. Broad, "Critical Notice: An Examination of the Place of Reason 
in Ethics”, Mind, LXI (January, 1952), 99. 


> See, for example, the preface to A. C. Ewing's The Definition of Good 
(New York: 1947). 
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approach as central. Our usual puzzles about moral questions are 
puzzles about good reasons. Toulmin remarks about the central 
question of the "good reasons approach”: 


Our question is at any rate one which we cannot help encountering 
in every ethical situation. Whenever we come to a moral decision, we 
weigh the considerations involved — — the relevent facts, that is, so far 
as we are acquainted with them — — and then have to make up our 
minds. In doing so, we pass from the factual reasons (R) to an ethical 
conclusion (E). At this moment, we can always ask ourselves, "Now, 
is this the right decision? In view of what I know (R), ought I to 
choose in this way (E)? Is R a good reason for E? When considering 
ethics in general, therefore, we shall naturally be interested in the 
question, "What is it that makes a particular set of facts, R, a good 
reason for a particular ethical conclusion, E? What is ”a good reason” 
in ethics?'; and this will interest us to a greater degree than questions 
like, "What is the analysis of ”right”?', and 'Is pleasure better than 
knowledge, or knowledge than pleasure?'." 


Toulmin's main problem is to indicate what kind of factual 
statements are good reasons or valid reasons for moral appraisals. 
As critics ” have been quick to note, Toulmin gives us what is 
usually called a utilitarian criterion as a final court of appeal. 
Toulmin attempts, however, to show that there is no conflict 
between the deontologists and the ideal utilitarians (teleologists) 
and that, on his theory, he can account both for the role of prima- 
facie obligations and the appeal to teleological considerations. 
In brief, Toulmin is saying that if one wants to know if a parti- 
cular act is right, in an unambiguous case where there is no con- 
flict of duties, one appeals to the moral rule current in one's com- 
munity. If, however, there is a conflict of prima-facie duties 
among which one must make a choice or if no rule applies at all, 
or if we are questioning the rule or even the whole moral code 


2 Toulmin, The Place of Reason in Ethics, p. 4. 

7 C. D. Broad, op. cit., pp. 94-95. Mackie points out how Toulmin argues 
(on the basis of linguistic analysis) to be ethics what John Austin argued 
for normatively. See John Mackie, "Critical Notice of An Examination of 
the Place of Reason in Ethics”, The Australasian Journal of Philosophy, 
XXIX (August, 1951), 120; H. J. Paton, "Review of An Examination of the 
Place of Reason in Ethics”, Philosophy, XXVII (January, 1952), 83. 
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itself, teleological considerations come to the fore. We test the 
moral rule or rules qua rules (or the social practice as a social 
practice) by the rather negatively stated principle: Preventable 
suffering is to be avoided”. Toulmin himself puts it very suc- 
cinetly: We distinguish good reasons from bad reasons ”by apply- 
ing to individual judgments the test of principle, and to principles 
the test of general fecundity”. That only these considerations 
govern the limits of moral reasoning can be discovered by noting 
the primary functions of moral discourse. We must, with an acute 
sense of context, ask ourselves why we have an activity we call 
morality. What is the function or role of moral discourse in life? 
Toulmin's answer is that morality and moral discourse function 
to guide conduct and alter behavior so that the people en- 
volved can attain as much as possible of whatever it is that they 
want. Morality functions to harmonize the frequently conflicting 
and often disparate wants of the human animal so that we can all 
live a life with the least possible suffering. 

In discussing which reasons are good reasons in ethics, Toul- 
min is quite clear that he is doing a purely descriptive job. If we 
take Toulmin's theory to be a normative utilitarianism dressed up 
in modern linguistic idiom, we miss most of what Toulmin is try- 
ing to do. Toulmin is not trying to argue for utilitarianism as a 
normative ethical doctrine, but is trying to show that the kind of . 
criteria sketched above in virtue of which certain kinds of reasons 
are good reasons is part of the very logic of our moral talk. Though 
he rejects any ideal language method and regards the traditional 
meta-ethical theories as so many ”disguised comparisons” or ”be- 
guiling analogies”, he is aware that he himself is doing a purely 
descriptive job. As Toulmin puts it, he is giving ”a descriptive ac- 
count of the function of ethical concepts”;” "what is wanted ... 
is some device for bringing out the relation between the manner 
in which ethical sentences are used and the manner in which 
others are used — — so as to give their place on the language 


" Toulmin, The Place of Reason in Ethics, pp. 149-50. 
KälbidSEpaLL60: 
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map.” Toulmin attempts to explicate ordinary moral discourse. 
He tests the accuracy of his pure description against ordinary 
usage. Toulmin makes it very clear that he will rest his case fin- 
ally on ordinary language or usage. He puts it unequivocally 
when he says, "The only facts, upon which the truth of what we 


have to say will depend, are those more familiar, unguestionable 


”12 


factsofusage ... 

But, his appeal to and his use of ordinary language imme- 
diately gives rise to a problem. The problem springs essentially 
from Toulmin's rejection of an ideal-language method with its 
device of the formal mode, etc. and from the systematic ambi- 
guity of "good reasons. Toulmin maintains that he is only 
describing moral talk, yet at many points, in talking about which 


reasons are good reasons in ethics or about validity, or about 


which reasons are "worthy of adoption”, it is difficult to tell 
whether he is just giving a description or whether a normative 
(prescriptive) element sneaks in to determine his standards for 
deciding which reasons are good reasons.” At some points, it 
seems that he is not merely describing moral discourse as finally 


dependent on utilitarian standards but actually recommending 


(in effect) a liberal, secularist morality.” In emotivist jargon, 
Toulmin's ”good reasons”, stated in the way he states them, 


> Ibid., pp. 194-95. 

"? Ibid., p. 144. 

22 Passmore, in discussing the Oxford philosophers rather generally directs 
this kind of argument both against Toulmin and Paul Edward's account of in- 
duction. He remarks that they talk as if they were simply content to notice how 
good reasons” are used in ordinary life though they fluctuate between a descrip- 
tive and prescriptive used of (good reasons”. Passmore then comments that this 
is hardly meeting the issue with Mill, Hume, and Russell, for the latter were 
anxious to show that science is better than superstition and that some reasons 
are better than others. See J. A. Passmore, "Reflections on Logic and Langu- 
age”, The Australasian Journal of Philosophy, XXX (December, 1952), 171. 
For a detailed criticism of Toulmin on the same general point, see John 
Mackie, op. cit., pp. 114-24. 

2 See (among others) Rossi-Landi's comments on this. Ferrucio Rossi- 


- Landi, "Review of An Examination of the Place of Reason in Ethics”. Methodos 


III (1951), 129. 
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remain emotively unneutralized.” This point about a prescriptive 
element entering into an allegedly pure description has been made 
in different ways by almost all his critics, both sympathetic and 
unsympathetic. 

I have elsewhere tried to indicate how Toulmin's general con- 
ception of the functions of morality might be defended "and I have 
also indicated how his distinction between two kinds of moral 
reasoning and his conception of moral grading criteria might be 
developed, in a more adequate way.” Basically I am claiming 
that Toulmin's kind of considerations set limits to moral reason- 
ing by specifying correctly the role of rnorality as a form of life, 
and that if we are committed to reasoning morally, certain criteria 
become, in terms of this function, good criteria for moral judg- 
ments. Hare and many others believe that Toulmin has confused 


meta-ethical questions with normative ethical questions and that 


he has in effect advocated a certain way of life while believing 
that he is only explicating what is to count as ethics” or 'morals” 
and what is to count as good reasons” in ethics. Hare has made 
some ingenious arguments to establish this, but I believe them to 
be wrong and I believe Toulmin's position to be defendable from 
this sort of charge. I shall, however, limit myself here to showing 
the invalidity of what appear to be Hare's "knock-out” criticisms.” 

Toulmin's view, I shall argue, is only persuasive in the sense 
that it implicitly recommends that we reason morally rather than 
non-morally. It is not prescriptive in the sense that it recom- 
mends a limited pattern of ethical reasoning as ”ethical reason- 


” Note Aikems remark: "I fancy that a subtle imperativist such as C. 
L. Stevenson would find something more to say about 'good” or "relevant 
reasons”. Henry Aiken, "Commonsensical Ethics: An Examination of the 
Place of Reason in Ethics”. The Kenyon Review, XIII (Summer, LOST) ES250 

" Kai Nielsen, "The Functions of Moral Discourse”, The Philosophical 
Quarterly, vol. 7 (July, 1957), pp. 236-48. 

"7 Kai Nielsen, ”Justification and Moral Reasoning”, Methodos, vol. 33-4 
(1957). 

"I have examined some other criticisms and I have tried to explicate, 
defend (where possible) and modify (where necessary) Toulmin's type of 


theory in my doctoral dissertation (Duke University, 1955), Chapters VI-XI. 
Justification and Morals. 
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ing”. I know of no way to establish this point one way or another 


except by analyzing various bits of ethical and alleged ethical 


reasoning to see if there are bits of discourse which we clearly 
know pre-analytically to be ethical reasoning which will not fit 
with Toulmin's conceptions. This sort of analysis should be 
carried out, not only for his criteria, but also for his very con- 
ception of the function of ethics. 


(2) 


I shall start my analysis with an examination of some facets of 


the discussion between Hare and Toulmin, for Hare believes that 
there are some paradigms of moral reasoning for which Toul- 


min's theory cannot account. I am not convinced by Hare's argu- 
ments and I shall try to show why I am not convinced. 

In mentioning the Hare-Toulmin controversy, ” I will mention 
the issue about Toulmin's peculiar kind of non-analytic 'evaluative 
inference” only to dispose of it; for, while it looms large in the 
argument between Toulmin and Hare, it does not seem to be 
fundamental in evaluating the adequacy of Toulmin's good reasons 
approach. In fact I believe that, even if Toulmin's reply to Hare 
about this kind of inference were perfectly adequate, it still 
would not answer what I regard as the fundamental point at issue 
in the present discussion. The issue I regard as fundamental in 
the present context is the issue of whether or not these so-called 
rules of evaluative inference or, as I prefer to call them, norma- 
tive principles are themselves specifically moral principles.” 


29 The controversy takes place in the following publications. Hare's spe- 
cific criticisms of Toulmin are in his review of Toulmin's book. He also makes 
some general criticisms of the "good reasons approach” in The Language of 
Morals, though he remarks that Toulmin avoids the crudest of the errors he 
brings out there. Toulmimn's reply to Hare is directed ostensibly only to the 
arguments in The Language of Morals, but the issue between Hare and Toul- 
min seems fairly joined in these discussions. I shall use Hare's remarks from 
The Language of Morals when I deem they apply. See R. M. Harc, "Review 
of An Examination of the Place of Reason in Ethics”, Philosophical Quarterly, 
I (July, 1951) 372-75; R. M. Hare, The Language of Morals, pp. 44-45; S. E. 
Toulmin, "Discussion: The Language of Morals”, Philosophy, XXIX (January, 


1954), 65-69. 
20 I do not mean by the above to equate evaluative rules of inference with 
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I will turn directly now to Hare's criticism that Toulmin's good 
reasons are themselves moral judgments. Hare tries to establish 
his point obliquely by.posing a dilemma for Toulmin. The di- 
lemma centers around the interpretation to be given to a crucial 
passage in Toulmin's concluding remarks. The crucial passage is 
the following: 


Our discussion of the function of ethics led us on to a critique of 
moral judgment, but the two remained clearly distinguishable. And, 
by preserving this distinction, which our self-appointed guides tended 
to overlook, we were able to keep the chief problem in the centre of 
our vision. Of course, "This practice would involve the least conflict 
of interests attainable under the circumstances” does not mean the same 
as This would be the right practice; nor does "This way of life would 
be more harmoniously satisfying mean the same as "This would be 
better. But in each case, the first statement is a good reason for the 
second: the "ethically neutral” fact is a good reason for the 'gerundive” 
moral judgment. If the adoption of the practice would genuinely reduce 
conflicts of interests, it is a practice worthy of adoption, and if the way 
of life would genuinely lead to a deeper and more consistent happiness, 
it is one worthy of pursuit. And this seems so natural and intelligible, 
when one bears in mind the function of ethical judgments, that if any- 
one asks me why they are good reasons', I can only reply by asking in 
return, What better kinds of reason could you want”? ” 


Hare correctly notes that Toulmin does not think that to de- 
clare something is a good reason for a moral conclusion is itself 
a moral judgment. Hare thinks that to make such a claim is to 
make a moral judgment; but, whether it is or not, Hare now pre- 
sents the following dilemma to Toulmin. To see the dilemma, 


normative principles. Toulmin does not regard them as so equated though 
he does say that there is a formal possibility of stating evaluative rules of 
inference as major premises of practical syllogisms, though to put them in 
this fashion, Toulmin argues, misrepresents the role they play in moral 
practice. My major point is that, whether we treat them as rules of in- 
ference or as premises of practical syllogisms, they are normative principles 
or value judgments in their own right. In this discussion, I shall ignore the 
controversy between Hare and Toulmin about this issue. Rather, I shall treat 
the principles as premises. This procedure, I think, is quite justified; for in 
The Place of Reason in Ethics, such a conception of evaluative rules of in- 
ference is only briefly mentioned and never developed, much less argued for. 

> Toulmin, The Place of Reason in Ethics, p. 224. 
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note A and B below taken from the above long quote from Toul- 
min: 


(A) Of course, "This practice would involve the least conflict of in- 
terests attainable under the circumstances” does not mean the same as 
"This would be the right practice; nor does "This way of life would be 
more harmoniously satisfying mean the same as "This would be better.” 
But in each case, the first statement is a good reason for the second: 
the 'ethically neutral fact is a good reason for the 'gerundive moral 
judgment. 


(B) If the adoption of the practice would genuinely reduce conflicts 
of interests, it is a practice worthy of adoption, and if the way of life 
would genuinely lead to a deeper and more consistent happiness, it is 
one worthy of pursuit. 


If A, as Toulmin thinks, is not a moral judgment, then what is 
its relation to B, which Hare contends is clearly an elaboration 
of A? B, Hare argues, is ”unambiguously the expression of a 
moral judgment”.” But, since B is a moral judgment and a further 
spelling out of A, it seems strange to say that A is not itself a 
moral jugdment.” However, if A is a moral judgment, ”then it 
would seem impossible to reach it by any other means than the 
making of a moral decision - - and this Mr. Toulmin does not 
seem to think he is doing”.” And, Hare concludes, ”it certainly, 
if it (A) is a moral judgment, cannot be established by an appeal 
to usage”.” Whichever way Toulmin moves, he is trapped. If he 
denies A is a moral judgment, then how can B be an elaboration 
of A; and, if A is a moral judgment, how can we establish it by 
appealing to the way people use words? 

Hare goes on to illustrate how this is a normative ethical con- 


flict by the following example: 


Suppose, for instance, that we were maintaining that this practice 
would involve the least conflict of interests attainable under the cir- 
cumstances', was a good reason for "This would be the right practice'; 


22 Hare, "Review of An Examination of the Place of Reason in Ethics”, 
op. Ccits, -p. 3/4. 

Tlbid. 

(albid: 

Firlbid: 
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and suppose that someone were disputing this, by saying without con- 
flict the full development of manhood is impossible; therefore it is a 
bad reason for calling a practice right to say that it would involve the 
least conflict of interests. We might reply as Mr. Toulmin does here, 
This seems so natural and intelligible . .. what better kinds of reason 
could you want”? And if we said this, and the other man replied, "I 
don't find it natural or intelligible at all; it seems to me that the devel- 
opment of manhood is a cause superior to all others, and provides the 
only good reason for any moral conclusion”, then it would be clear that 
what was dividing us was a moral difference. To say that all we were 
differing about was the meaning of the word "ethics would be im- 
plausible.” 


I shall now try to show how Toulmin might escape Hare's di- 
lemma. 

Hare's example is plausible at first reading precisely because 
it is subject to at least two interpretations. On the most plausible 
of these interpretations, there is really no conflict at all between 
Toulmin and his supposed critic. On the other and less plausible 
interpretation, however, while Toulmin and his critic are indeed 
in conflict, I shall argue that they are not in moral conflict. In 
either event Hare does not get the results he seeks. 

I shall now try to show why, on the first mentioned interpreta- 
tion of Hare's example, Toulmin and his Nietzschean critic (as I 
shall call him) are not in conflict. The argument is as follows. 
Toulmin maintains that the function of ethics is to insure the 
harmonious co-existence of many individual interests as possible. 
In terms of this function, this practice would involve the least 
conflict of interests attainable under the circumstances is a 
good reason for doing X. But, suppose someone were to rebut this 
reason for doing X by saying, "Nol! It is a bad reason. Without 
conflict the full development of manhood is impossible!”? Toul- 
min, if he were shown that the Nietzschean's factual claim did 
in fact obtain, could admit that the Nietzschean's reason was a 
good reason but still continue to hold that his own reason was 
also a good reason because he had talked about the interests 
'attainable under the circumstances. The recognized circum- 
stances have changed; that is, it is now granted that mankind 
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cannot be fully developed without conflict. Toulmin could say, on 
the basis of this new information, "Conflict is necessary for the 
full development of interests and thus, since we ought to develop 
our interests as much as possible, we ought to value conflict. 
Still, we ought not to allow any more conflict of interests than 
is necessary for the full development of mankind! In his example, 
Hare retains the qualification ”attainable under the circumstances” 
in his first statement of the Toulmin type of argument, but he drops 
it his second statement (viz. ”it is a bad reason for calling a practice 
right, to say that it would involve the least conflict of interests”). 
Toulmin would not necessarily have to deny the Nietzschean's 
moral claim ”that the development of manhood is a cause superior 
to all others . . .”. In fact he might argue that his own conception 
of the function of ethics as seeking to realize the harmonious 
compossibility of as many desires as possible seeks to realize that 
end. As Hare has set them up, the initial "moral differences” be- 
tween the "two adversaries” are reconcilable without either party 
giving up their claim that their respective reasons are good 
reasons. Toulmin's theory covers such a situation. Hare has traded 
on an ambiguity to make his example work and because of this 
ambiguity his criticism of Toulmin on this point seems more 
plausible than it is in fact. 

We may conclude then that, on the first interpretation of 
Hare's example, Toulmin and his imagined adversary are not di- 
vided by a moral difference that could only be resolved by treat- 
ing Toulmin's criteria for good reasons in ethics as moral judg- 
ments and by arguing for them morally. Hare has not got the kind 
of conflict he needs to make his point. However, since Hare could 
amend his example in such a way so as to set up the sort of situa- 
tion he wants, I shall assume that the second interpretation of 
Hare's passage is the correct one. 

I shall now try to show why, on the second mentioned inter- 
pretation of Hare's example, Hare still does not make his case 
that Toulmin's criteria are themselves moral judgments. It will 
be remembered that, according to Hare, Toulmin and his Nietz- 
schean critic ar divided by a moral difference. I shall argue (as- 
suming the correctness of Toulmin's conception of the primary 
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function of ethics) that what divides them is not, strictly speak- 
ing, a moral difference, but a non-moral valuational difference. 
My argument can best be brought out if we reflect on the part 
of the '.. ” in Hare's quote from Toulmin;” the relevant part that 
Hare left out (and this may be symptomatic?) is "when one 
bears in mind the function of ethics ...”.” This is important be- 
cause Toulmin is giving an analysis of the place of reason in 
ethics and insists, throughout, on the finite scope of all reasoning 
and on the autonomy of the mode of moral reasoning. If 
we bear in mind Toulmin's argument to the effect that the pri- 
mary function of ethics is to harmonize peoples” actions in such 
a way as to satisfy as many independent desires and interests 
as are compossible or compatible,” we can see that B is not ”un- ; 
ambiguously an expression of a moral judgment”; but, rather, in 
terms of Toulmin's conception of the function of ethics, it is a 
statement which could readily be interpreted in the context in 
which Toulmin uses it as an explication of what we mean by say- 
ing an utterance belongs to the mode of moral reasoning. Cer- 
tainly, Hare's ”Nietzschean critic” of Toulmin, who urges the 
value of conflict for the full development of mankind, is disputing 
noramtively and valuationally with Toulmin; but, he is not argu- 
ing morally with him because the Nietzschean has by his very 
arguments gone beyond moral considerations altogether. If we are 
taking a moral point of view, we have no alternative but to oppose 
the Nietzschean. If there is no room within moral discourse for the 
Nietzschean's claim, then we can hardly say his claim is a moral 
claim. How could it be said that we ought to follow another course 
of action when there can be, within morals, no other course of 
action to follow? ” Hare forgets that moral reasoning like any 
other mode of reasoning is a limited mode of reasoning with its 


"7 See previous footnote and internal quote from Toulmin in Hare's state- 
ment. 


” Toulmin, The Place of Reason in Ethics, p. 224. This remark occurs in 


the crucial summary passage Hare refers to. See our quote in extenso, foot- 
note 21, italics mine. 


” For Toulmins statement of the primary function of ethics see Chapter 
IH, p. 28. 


"I am assuming that within moral discourse "ought implies 'cam'. 
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own peculiar criteria and range of application. He seems just to 
assume that any valuational question or any question about con- 
duct is a moral question. He does not argue directly against 
Toulmin's conception of the function of ethics or against his con- 
textualism, but seems just to take for granted that any question 
about what ought to be done is a moral question. 

Assuming the adequacy of Toulmin's conception of the func- 
tion of ethics, I believe, the following contention is justified. Hare 
neglects the contextual presuppositions of the mode of reasoning 
in assuming that B (viz. "if the adoption of the practice would 
genuinely reduce conflicts of interest, it is a practice worthy of 
adoption, and if the way of life would genuinely lead to a deeper 
and more consistent happiness, it is one worthy of pursuit.) is 
clearly a moral judgment. Hare's argument seems persuasive be- 
cause B, not placed in context, does seem to be a moral judg- 
ment; and, Toulmin and the Nietzschean do dispute normatively, 
but then dispute takes them beyond moral good and evil. If, as 
we are now assuming, Toulmin is right about the primary func- 
tion of ethics then B, as Toulmin uses it, is not ”unambiguously” 
(or ambiguously) a moral appraisal. 

Since, because of the ambiguity I noted, Hare's example is not 
a good one to bring out how moral questions are limited in scope 
and do not cover all valuational questions, let me give a simple 
example of my own. This example will put in a more plausible light 
Toulmin's contention that moral reasoning has a definite context 
and that many questions about what should be done are just 
beyond the scope of moral reasoning altogether. Note the follow- 
ing dialogue between a ”Toulminite” and Jones, a confirmed 
esthete, preaching ”Art for Art's sake”. 


(T=the ”Toulminite”; J=Jones.) 

T: If a social practice tends to contribute to the deeper and more 
consistent happiness of mankind, we have a good reason for ac- 
cepting the practice. 

: No, that's a bad reason. 

: Why, what better reason could you want? 

: Why, the practice ought to be rejected because it leads to too 
much happiness. Only if people suffer can they really appreciate 
art. 


EN 
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: But, preventable suffering is bad. 

: But, this suffering isn't preventable. It's necessary for people 
to appreciate art. 

: You mean you would accept suffering for the sake of art. 

: Pm not talking about myself. I just happen to like art; but, I say 
that other people ought to suffer so they could learn to appre- 
ciate art. The cultivation of esthetic taste is the only end worthy 
of attainment. 

T: But, if you were those ”other people” you would agree you ought 

to suffer, wouldn't you? 

J: I said that I wasn't talking about myself. I mean those other 
people ought to suffer so that they would learn to appreciate art. 
I'm not saying anything about what I would do if I were they. 

T: But I thought we were talking about what ought to be done. 

And if we are, we can't avoid that question. 


& 


0 


Now, in a quite plain sense, Jones” ends could not count as 
moral ends. True, he uses certain grading words like 'worthy', 
"ought', and bad; but, he uses them in senses which are not or- 
dinarily taken to be moral senses. No one would say, unless he 
was trying to defend some philosophic theory at any cost, that 
Jones” considerations were moral considerations though, certainly, 
they are valuational considerations about possible lines of con- 
duct. If we are attempting to explicate in a meta-ethical sense 
the nature of ordinary moral reasoning, "we must start here. We 
must say simply that Jones” reasoning does not count as moral 
reasoning. If we are meta-ethicists, it is our task to say why Jones” 
considerations are not ethical considerations. However, if the 
above example or Hare's example turn out upon analysis to have 
features we recognize to be moral, then we should say that our 
first pre-analytic judgment was at least partially mistaken. If we 
think, for the moment, of our meta-ethical analysis as an "ideal 
language”, we must recognize, as E. W. Hall so well puts it, "the 
ideal language is not reared in a vacuum nor are its fundations 
laid in the clouds”, rather it is tested against our everyday langu- 
age.” But, we must start somewhere and the starting point for 
Toulmin's analysis as well as Hare's is ordinary language.” Ordi- 


> E. W. Hall, What Is Value?, p. 196. 
” Hare, The Language of Morals, p. 92. 
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nary language is their basic analyzandum. In terms of ordinary 
language, 'morality” has a certain limited function. And in terms of 
this function, Jones” considerations are beyond the scope of con- 
 siderations that could be called "moral considerations'. Hare's own 
example, if it is given the second interpretation so as to 
make it clearly alternative to Toulmin's criteria, does not seem 
oto be a moral example. Perhaps, Hare could give an analysis of 
his Nietzschean's argument which would prove my own pre- 
analytic judgment about it wrong. But, this would take showing 
and Hare does not show it but merely points out that the Nietz- 
schean uses value words or grading words meaningfully. But, are 
all uses of 'good', bad” and right and "wrong moral uses? 

Back of Hare's criticism lies his own conviction that there is 
no logical difference between general valuational questions and 
moral questions. Morals seem more august, etc., than other va- 
luational questions because morality is so indispensible to us; 
but moral considerations differ from general value considerations 
only psychologically and in their class of comparison.” In point of 
logic, the relation between a good moral act and a good car is 
the same as between a good car and a good candy bar. Surely 
their criteria are different because they deal with a different 
class of comparison; but, this is true of good car and 'good candy 
bar too. Toulmin rightly criticizes Hare for neglecting to note 
that moral utterances function like categorial imperatives, while 
other value utterances function like hypothetical imperatives and 
for not giving enough attention to the peculiarities of moral 
criteria.” 

Neglect of the above logical peculiarities of moral utterances 
has the following effect on Hare's criticism of Toulmin. Within 
the mode of moral reasoning, Hare's questions simply cannot 
arise. Hare's Nietzschean, as the esthete, has declared himself 
”beyond moral good and evil”; by his proclamations, he has made 
himself, in effect, "impervious to the kinds of reason which mo- 


?? Hare, himself, admits a great deal of work needs to be done. Hare, 


The Language of Morals, pp. 143-44. 
2 Toulmin, "Discussion of The Language of Morals”, op. cit., p. 68. 
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rality acknowledges”.” In Aiken's way of speaking, value words 
like 'good” and ought and Tight have a spectrum of meanings 
(uses), some moral and some non-moral. If we do not constantly 
pay attention to the context of these utterances, we are led into 
confusion. Toulmin has deliberately limited himself to the mode 
of moral reasoning. And, he has indicated how this mode is an 
independent mode of reasoning. More than that, he indicates that 
he is not answering and points out that one cannot answer all : 
the valuational questions at once without regard to context. 
Hare seems to press a meaningful question about moral discourse 
only because he has forgotten Toulmin's injunction that we can 
only understand the uses of words in their contexts and we can 
only trust logic so long as it keeps in touch with life.” Unless : 
we are doing philosophy, we never ask if a way of life that would 
genuinely lead to a deeper and more lasting happiness for all is 
a practice worthy of achievement. Such a question just does not 
arise either for a moral agent or for a practical (non-philosophical) 
moral critic. As meta-ethicists, we must simply accept this as a 
fact and try to explain why it is so and what there is about mo- 
rality which makes it so. 

Now, there is a rebuttal to the above line of reply implicit in 
Hare's criticism of Toulmin. Hare remarks that to say we are 
only differing about the use of word "ethics' or "morals' would be 
quite implausible.” Certainly considerations here do turn on the 
use of "'morals” or "ethics. But, need we say that we are merely 
disagreeing about the use or meaning of these words? Could we 
not say just as well, if we wished to talk that way, that we were 
differing about something ”extra-linguistic”, i.e., about the kind 
of activity or form of life we call morality? Indeed, the above 
kind of ”Toulminite” is saying 'morality' means such and such; 
but, it is not clear that they are just differing about word usage. 
Rather, they are differing about the ordinary use of "morality” 
and, as Ryle and Wittgenstein have shown, it is misleading to 


” See Henry Aiken, ”Commonsensical Ethics: An Examination of the 
Place of Reason in Ethics”, Kenyon Review, XIII (Summer, T9ST)IES2S 

 Toulmin, The Place of Reason in Ethics, p. 117. 

”” Hare, "Review of The Place of Reason in Ethics”, op. cit., p. 374. 
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elassify such a question as a linguistic question or as a non- 
lingustic question.” Now, it seems that, in terms of the ordinary 
(stock) uses of "morals” or "ethics', Toulmin's conception of the 
function of ethics is far more adequate than that of Hare's Nietz- 
schean critic. To say this does not rule out the Nietzschean's 
normative program; but it does show its irrelevancy to an explica- 
tion of the place of reason in ethics ("ethics' now in its ordinary 
uses). Toulmin sets out merely to explicate this. He does not at- 
tempt to explicate the place of reason in the "special morality” 
of a moral iconoclast who, in terms of the ordinary uses of 
"morality', is beyond the pale of moral considerations. 

Toulmin could further rebut Hare's argument in the following 
manner. The conflict Hare brings out in his example is a practical 
valuational conflict but not a moral conflict. Surely, the Nietz- 
schean's problem is a practical problem about what is to be done; 
and, the issue cannot be settled between the Nietzschean, in 
-Hare's example, and Toulmin by an appeal to word usage, but 
only by making a practical (normative) decision concerning what 
is to be done or what should have been done. But their conflict, 
in terms of the normal extension of the word "morality', is beyond 
moral good and evil. But, this is not to say their disagreement is 
any the less real or any the less over what course of action to 
follow, but only to point out that if we are committed to a 
moral point of view, their issue is already decided in Toulmin's 
favor. 

The above point may be further clarified by the following 
considerations. Toulmin does not attempt, as Hare thinks he does, 
to derive an "ought from an 'is' of the word usage of "ethics'. 
Toulmin is saying that in terms of the primary functions of ethics 
such and such are good reasons in ethics. Ethics itself is a nor- 


25 Gilbert Ryle, "Ordinary Language”, The Philosophical Review, LXII 
(April, 1953), 172. Ryle also significantly remarks: ”The phrase "the ordi- 
nary (i.e., stock) use of the expression ”...”” is often so spoken that the 
stress is made to fall on the word "expression or else on the word "ordinary” 
and the work 'use” is slurred over. The reverse ought to be the case. The 
operative word is 'use”.” Or again (p. 171), ”Hume's question was not about 
the word "cause; it was about the use of "cause”.” See also, Ludwig Witt- 
genstein, Philosophical Investigations, (370), p. 116 (474), p. 135. 
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mative discipline; but, in specifying the place of reason in ethics, 
we are not asking for a justification of ethical reasoning as an ac- 


tivity. Rather, we are trying to explicate the logic of ethical 


reasoning. The context we seek to explicate is itself an ought- 
context. To answer Toulmin's question about good reasons is to 
say: Given this context, given the kind of activity that morality 
is, these are our criteria of moral reasoning. 


I have tried to show that Toulmin escapes from Hare's di- . 


lemma. Toulmin's criteria were not shown by Hare to be moral 


judgments themselves. My main argument was that B (viz. "If 


the adoption of the practice would genuinely reduce conflicts of 
interest, it is a practice worthy of adoption, and if the way of 
life would genuinely lead to deeper and more consistent happi- 
ness, it is one worthy of pursuit.”), when taken in the moral 


mode of reasoning, is not itself a moral judgment. I tried to do : 


justice to Hare's contention by pointing out that B and Toulmin's 
criteria are themselves value-judgments. Hare is quite right in 
contending that, finally, their acceptance or rejection rests on a 
decision or commitment. My point here against Hare is that in 
arguing about Toulmin's good reasons this need to appeal to a 
decision or commitment comes very late. If one is already com- 
mitted to the moral point of view, one need not make any further 
"moral decision” to accept Toulmin's criteria for good reasons. 
On the good reasons approach: seeking to explicate the kinds of 
reasons that can count as good reasons in ethics, we can quite 
properly ignore these questions of decision or commitment. 


Uber die Gesamtheit und ihre Einteilung 


von 


UUNO SAARNIO 
(Helsingfors) 


Formal betrachtet lassen sich drei verschiedene Arten von Gesamt- 
heiten unterscheiden, je nachdem wie die Vielheit der Teile sich 
zar Einheit der Gesamtheit verhält. Diese Teile wiederum können 
ihrerseits entweder durch eine wirkliche Einteilung entstanden sein 
- oder nur auf Grund einer möglichen Einteilung vorgestellt oder de- 
finiert werden. 

Die Relation zwischen einer Gesamtheit g und der Menge aller 
ihrer Teile (x>+ soll hier allgemein die Gesamtheitsrelation heissen 
und symbolisch folgenderweise bezeichnet werden: 


gG (x), 


wo g die gegebene Gesamtheit, x ein Teil von ihr und 4(x>) die 
Menge aller ihrer Teile ist, d. h. ,,g ist die Gesamtheit der Menge 
(x)'. Die Relation G besteht also dann und nur dann, wenn die 
Gesamtheit g in die Teile x entweder wirklich eingeteilt ist oder 
ihre Teile an Hand einer möglichen Einteilung definiert worden 
sind. 

Wenn in die Menge (x>+ nur solche Teile als Elemente gehören, 
die zu einem bestimmten Zeitpunkt t durch eine wirklich durchge- 
föuhrte Einteilung entstanden sind, so ist G ern-eindeutig. Wenn in 
der Menge (x> derattige Teile als Elemente vorkommen, von denen 
entweder alle oder nur einige bloss vorgestellt oder definiert sind, 
so ist die Relation G ein-mehrdeutig; d.h. 


SE ENS ENE 


wo die Mengen (x), (y), (z), - .. durch verschiedene Einteilungen 
von g, unter denen höchstens nur eine die wirkliche Einteilung sein 


kann, entstanden sind. 
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Die konverse Relation von G ist somit die Einteilung oder die 
Einteilungsrelation E. Symbolisch sei sie folgenderweise zu kenn- 
zeichnen: 


(Xr Eg 


d.h. ,,die Menge (x> ist die Einteilung der Gesamtheit g”. 
Auf Grund der Einteilung bildet sich unmittelbar die Tezlrela- 
tion T: - 
RTV E SEE 


d.h. ,,x gehört als Teil in die Gesamtheit g” oder ,,x ist ein INS 
von g”. 

Wir wollen nun untersuchen, in was fär Verhältnissen die Viel- : 
heit der Teile zur Einheit der Gesamtheit steht. 

Erstens ist festzustellen, dass es Gesamtheiten g gibt, die sich nur 
durch die Tatsache bestimmen lassen, dass gewisse x in diese Ge- 
samtheit gehören. Z.B. alle Teile einer Maschine, ungeachtet dessen, 
ob diese bereits zusammengestzt ist oder nicht, alle Mitglieder der 
Menschheit, alle Werke einer Bibliothek. Die erwähnte Beziehung 
ist die Mindestbedingung, um uberhaupt von einer Gesamtheit und 
ihren Teilen sprechen zu können. Diese Bedingung betrifft jede 
Gesamtheit. 

Zweitens lässt sich feststellen, dass bei der Bestimmung einer Ge- 
samtheit g ausser der oben erwähnten Relation noch gewisse an- 
dere, aber nicht alle Relationen, die zwischen x und g bestehen kön- 
nen, in Betracht gezogen werden. Z.B. x gehört in g und x ist das 
n:te Element in g. 

Drittens kann man alle Relationen, die zwischen x und g be- 
stehen können, beim Bestimmen der Gesamtheit g verwenden. Z. B. 
die Teile einer Maschine im technisch richtigen Verhältnis zu die- 
ser Maschine, (die Gesamtheit, die bloss aus allen Teilen einer 
Maschine besteht, bildet noch nicht die Gesamtheit, die man eine 
Maschine nennt). Ebenso die Teile eines Organismus im biologisch 
richtigen (d.h. entstandenen) Verhältnis zu diesem Organismus, 
(die Gesamtheit, die allein bei allen Teilen eines gewissen Or- 
ganismus besteht, ist nicht als solche die Gesamtheit, die wir 
unter diesem bestimmten Organismus verstehen wärden). Und noch 
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ein Beispiel: alle Teilnehmer in einer Versammlung im Augenblick 
t in den Verhältnissen zueinander und zur ganzen Versammlung, 
wo sie im Augenblick t tatsächlich waren. In diesem Sinne könnte 
die erwähnte Versammlung als Gesamtheit z.B. fotografiert worden 
sein. Die Gesamtheit, die etwa nur durch ein Verzeichnis der Teil- 
nehmer im Augenblick t bestimmt ist, gehört nicht unter diese dritte 
Gruppe der Gesamtheiten. 

Die Gesamtheiten erster Art sind offensichtlich nichtgeordnete 
Mengen. Z.B. alle Teile einer in Frage stehenden Maschine sind 
keine Maschine, sondern eine nichtgeordnete Menge. 

Die Gesamtheiten zweiter Art sind z.B. geordnete Mengen und 
Hierarchien u. dgl. 

Die Gesamtheiten dritter Art sind sog. Kollektionen. Das Wort 
Kollektion” ist hier nach dem systematischen Wörterbuch der 
Philosophie von Clauberg und Dubislav gewählt worden, weil es 
im Gebrauch kein allgemein benutztes Wort fär diese Art der Ge- 
samtheiten gibt. Also: ,,Eine Gesamtheit, welche keine Menge ist, 
heisse eine Kollektion”. Nach dieser Wahl des Wortes sind Dinge, 
Maschinen, Gebäude, Ereignisse, Erscheinungen, Aggregate, Mas- 
sen, Organismen usw. Kollektionen. 

Es sollen hier die Gesamtheiten dritter Art näher untersucht und 
besonders mit denjenigen erster Art verglichen werden. 

Man kann nie eine Kollektion tatsächlich so einteilen, dass ihre 
Teile nach der durchgefuhrten Einteilung gemeinsame Teile hät- 
ten. M.a.W. die wirklichen Kollektionsteile sind teilfremd zuein- 
ander. Praktisch betrachtet ist diese Tatsache eine Selbstverständ- 
lichkeit. Formal folgt diese Tatsache daraus, dass die Teile durch 
alle diejenigen Relationen bestimmt sind, welche zwischen den ein- 
zelnen Teilen und der Gesamtheit uäberhaupt bestehen können. 

Um zu beweisen, dass die wirklichen Teile einer Kollektion teil- 
fremd zueinander sind, nehmen wir an, dass a, b und c drei ver- 
schiedene Teile der Gesamtheit g sind, und dass c entgegen der 
Behauptung ein gemeinsamer Teil von a und b wäre. Wenn nun 
der Teil a, nicht aber der Teil b in irgendeiner Beziehung in bezug 
auf die Gesamtheit oder auf die anderen Teile dieser Gesamtheit 
verändert wird, so wird sich auch jeder Teil von a auf entsprechende 
Weise verändern. Der angenommene gemeinsame Teil c wird also 
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dann in bezug auf die Gesamtheit oder auf ihre anderen Teile 
(ausser a und b) sowohl verändert (bei a) als nicht verändert (bei 
b), was eine Unmöglichkeit ist. Also die Annahme, dass c ein ge- | 
meinsamer Teil von a und b: wäre, ist falsch und die Behauptung, 
dass die wirklichen Teile der Kollektion teilfremd zueinander sind, 
somit richtig. 

Wenn man verschiedene durchfiihrbare Einteilungen, d. h. solche 
Einteilungen, die man als durchgeföhrt vorstellen kann, mitein- 
ander vergleicht, so bemerkt man, dass die Teile der Kollektion k 
scheinbar gemeinsame Teile haben wärden. Wenn nämlich die 
Kollektion k einerseits auf Grund der Einteilung E, und anderer- 
seits auf Grund der Einteilung Es; in Teile eingeteilt vorgestellt 
worden ist, so kann ein Teil a von k in E; einen gemeinsamen : 
Teil c mit einem anderen Teil b vor k in E> haben. Da E; und Ez 
einander ausschliessen auf Grund der Tatsache, dass nur ezne Ein- 
teilung wirklich durchgefuhrt werden kann, so wird der gemein- 
same Teil c auch immer ausgeschlossen sein. Der Teil c ist ein ge- 
meinsamer Teil von a und b nur in bezug auf die verschiedenen 
Einteilungen E, und Es, aber nie ein gemeinsamer Teil von zwei 
verschiedenen Teilen von k in bezug auf k, d.h. in bezug auf eine 
Einteilung von k. 

Der Kollektionsteil ist somit eine mehr-eindeutige Relation in 
bezug auf eine Finteilung im Gegenteil zur Teilmenge, die — wie 
bekannt — im allgemeinen mehr-mehrdeutig ist. Diese Tatsache 
folgt aus der Teilfremdheit der Teile einer Kollektion. Wenn näm- 
lich ein Teil in ene Kollektion gehört, so kann er nicht zugleich 
Teil einer anderen Kollektion sein. Denn dann wärden zwei Kol- 
lektionen nicht zueinander teilfremd sein, was im Widerspruch zum 
oben Bewiesenen steht. 

Es gibt keinen leeren Kollektionsteil, und auch die Gesamtheit 
selbst kann nicht als Teil von ihr selbst aufgefasst werden, was 
ebenfalls im Gegensatz zur Teilmenge steht. 

Der Kollektionsteil ist eine historische Relation: Wenn eine Ein- 
teilung in bezug auf die Kollektion k durchgefährt worden ist, so 
ist die Kollektion selbst nicht mehr da, sondern nur ihre wirklichen 
Teile. Wenn nun diese Teile, die ebenso Kollektionen sind, wie- 
derum durch eine Einteilung in Teile eingeteilt worden sind, so 
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existieren diese Teile von k nicht mehr, sondern nur die Teile der 
- Teile von k." Der Kollektionsteil als eine Art von Teilrelation ist 
somit eine historische Relation, wie z.B. die Relation ,,x hat 1000 
Jahre später als y gelebt”. Die Glieder x und y existieren nicht zu 
gleicher Zeit. Um von einer Relation sprechen zu können, ist nicht 
zu fordern, dass die Vorder- und Hinterglieder zu gleicher Zeit 
existieren mössen, sondern es genigt, dass man z.B. ein Verzeichnis 
von den Gliedern beider Art prinzipiell machen kann. Dies betrifft 
gerade die typisch historischen Relationen. Und in diesem Sinn ist 
der Kollektionsteil als eine Teilrelation eine historische. 

Der Kollektionsteil ist intransitiv im Gegensatz zur Teilmenge. 
Denn wenn man die Teile der Teile als Teile derselben Kollektion 
auffasst, so bekommt die Kollektion als Ganzes ihrer Teile zu viele 
”Teile. Wenn z.B. ein gegebenes Auto als wirkliche Teile sowohl 
eine Steuervorrichtung als auch ein Steuerrad hätte, so hätte es Teile 
zu viel. Ebenso kann ein Organismus als wirkliche Teile nicht so- 
wohl zwei Augen als zwei Linsen haben. Wenn nun ein gegebenes 
Auto so in Teile eingeteilt worden ist, dass unter den Teilen ein 
Steuerrad vorhanden ist, so gibt es sicher unter diesen Teilen keine 
Steuervorrichtung. Wenn unter den Teilen, in welche ein gegebenes 
Auto eingeteilt worden ist, sich eine Steuervorrichtung befindet, so 
befindet sich unter diesen Teilen sicher kein Steuerrad. Aber ein 
Teil unter diesen Teilen, nämlich die Steuervorrichtung, lässt sich 
wiederum so einteilen, dass unter den zuletzt entstandenen Teilen 
ein Steuerrad da ist, und die Steuervorrichtung selbst ist nirgendwo 
mehr zu finden. Sie ist zu einem ,,historischen” Gegenstand ge- 
worden. Also das Ganze und ihre wirklichen Teile können nicht zu 
gleicher Zeit da sein. Aus dieser Tatsache folgt, dass, wenn x ein 
wirklicher Kollektionsteil von y und y ein wirklicher Kollektionsteil 
von z ist, x kein wirklicher Kollektionsteil von z ist. Wie oben ge- 
zeigt worden ist, so haben die Teile der bloss vorgestellten Ein- 
teilungen in bezug auf die Gesamtheit, aber nicht in bezug auf die 
verschiedenen Einteilungen, dieselben Eigenschaften wie die Teile 
der wirklichen Einteilung. Weil hier nur der erstgenannte Sachver- 


1 Vol. U. Saarnio: Uber den Begriff der Existenz, Methodos II, S. 306— 
328. Mailand 1950. 
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halt von Bedeutung ist, so kann man allgemein sagen, dass der Kol- i 
lektionsteil intransitiv ist. 

Wenn man die Kollektionen mit den ungeordneten Mengen ver-- 
gleicht, so bemerkt man, dass die Epsilonrelation wie der Kollek-: 
tionsteil intransitiv ist und die Teilmenge transitiv. 

Der Kollektionsteil kann nicht reflexiv sein, wie die Teilmenge,, 
sondern irreflexiv, wie das Element der Menge. Denn man kann i: 
nicht von einem Kollektionsteil sprechen, wenn die Kollektion ki: 
uberhaupt nicht in Teile eingeteilt worden ist. Also es gilt die Re-: 
flexivität k (e|E)? k nicht. | 

Derselbe Gegenstand ist somit ein Kollektionsteil in bezug auf ' 
eine bestimmte Kollektion und ein Element der Menge von allen | 
denjenigen Teilen dieser Kollektion, unter weichen er sich befindet. : 
Z.B. ist eine Steuervorrichtung ein Kollektionsteil in bezug auf das 
Auto, das so in Teile eingeteilt worden ist, dass sie unter diesen . 
Teilen vorhanden ist, und ein Element in bezug auf die Menge von 
allen diesen Teilen des Autos. Wenn der erwähnte Gegenstand ein 
Teil des gegebenen Autos ist, so ist er ein Kollektionsteil. Dies 
besagt, dass er nicht nur unter die Teile dieses Autos gehört, son- 
dern auch, dass er in bezug auf das Auto in bestimmten anderen 
Relationen steht, die man technisch genau definieren kann. 

Wenn wir unter R, die logische Summe von allen denjenigen 
Spezialrelationen verstehen, die zwischen x und k bestehen, so ist 
einerseits 


SAR TS 
und andererseits 
SSR CE COR (elE)k. 
Nun ist x ein Kollektionsteil von k, wenn und nur wenn beide Fälle 
zu gleicher Zeit bestehen. Also 
x[(e/E)OR,]k=>x uk, 
wo die linke Seite den Kollektionsteil definiert und die rechte Seite 
das neue Zeichen x fär den Kollektionsteil einfährt. 


Wenn man nun die Spezialrelationen Ry, zwischen x und k nicht 
in Betracht zieht, so ist dies gleichbedeutend mit dem Gelten- 


| — 
| 
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Jassen von R, oder R, zwischen x und k. Aus der obigen Formel 
 erhält man dann 


x[(e/E) V(RAURa)] k=x(e|E) k=x Tk, 


od.h. x ist irgendein Teil von der Kollektion k. Z.B. x ist irgendein 

Teil von einem gegebenen Auto. Dann betrachtet man diese Kol- 

lektion bloss als eine Zusammenfassung von ihren Teilen, und es 

ist nach dieser Betrachtungsweise gleichgältig, ob ihre Teile sach- 
gemäss zusammengekoppelt sind oder nicht. Es handelt sich dann 
nicht mehr um eine Kollektion, sondern allein um bestimmte Ge- 
genstände, die man so zusammenfassen kann, dass sie die wirk- 
lichen Teile einer gegebenen Kollektion bilden können. Dann be- 

trachtet man anstatt k nur die Menge ihrer Teile (x)=a. Man er- 
hält somit als zwei verschiedene, unverknupfte Beziehungen 


x eo und a Ek, 


wo k als Bestandteil in der Definition von a benutzt wird. 

Eine ungeordnete Menge a, als eine Ganzheit aller ihren Teil- 
mengen aufgefasst, unterscheidet sich von der Kollektion dadurch, 
dass ihre Teilmengen als Teile von a nicht teilfremd zueinander 
sind, und dass a selbst nur eine logische Summe von ihren Teilen 
ist. Wenn wir durch die Deskription 


3 
CEN 
diejenige Menge gekennzeichnen, die alle Teilmengen von a als 
Elemente hat, so können wir die folgende Relationskette bilden: 
BIsEAFSTANE IG ="pi(e ENE pre 
die immer dann besteht, wenn auch die Subsumtion (Teilmenge) 
feststellbar ist; d.h. 


MER ENT 


denn die Relation T ist auf dem Gebiete der Mengen transitiv, 
asymmetrisch und reflexiv, wie die Teilmenge. Im Gegensatz zum 
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Kollektionsteil kommen hier keine andere Relationen in Frage als: 
die Epsilonrelation und die Einteilung. Im Gebiete der Kollektionen 
ist T intransitiv, assymmetrisch und irreflexiv. Auf Grund dieser Tat- 
sache besteht somit ein wesentlicher, durch formale Eigenschaften 
bestimmbarer Unterschied zwischen ungeordneten Mengen und 
Kollektionen. 

Den eigentlichen Sinn der Gesamtheit erhält eine ungeordnete 
Menge dann, wenn sie in elementefremde Teile eingeteilt worden 
ist. So lässt sich z.B. die Menge aller Tiere als ein Ganzes des Tier- 
reichs auffassen, indem man sie zunächst in bestimmte Hauptteile, 
sog. Stämme, welche also elementefremd zueinander sind, und 
dann die Stämme in Unterteile (in Klassen) und diese wiederum 
in Teile (in Unterklassen) usw. an Hand der Definition eingeteilt : 
hat. Dann ist die ungeordnete Menge eine Ganzheit ihrer elemen- 
tefremden Teile. Diese Teile sind entweder Stämme oder Klassen . 
oder Unterklassen usw. Wenn man die Ordnung der Stämme, Klas- 
sen, Unterklassen usw. nach der Entwicklungsstufe beräcksichtigt, 
so wird aus der ungeordneten Menge eine Hierarchie. Die Be- 
ziehung zwischen dem Einteilungsglied und der Gesamtheit ist dann 
einerseits 


plerBISSIBIEIR = pra Era Ia 


wo je zwei verschiedene Teile von a fn und fm (nm) einander 


ausschliessen und also BCE und andererseits 
fö (Ca 


d.h. ,,8 ist die n:te Klasse in a”. Die Hierarchien werden dann 
durch das Relationsprodukt 


B(TAC)a 
aufgebaut. 

Die ungeordnete Menge lässt sich auch, wie oben gesagt, als ein 
Ganzes von allen ihren Elementen auffassen. Dies ist der Fall un- 
ter den Gesamtheiten, dem die Cantorsche Definition der Menge 
entspricht. Denn nach dieser Auffassung ist unter einer Menge a 
»eine Zusammenfassung von bestimmten wohlunterschiedenen Ob- 
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jekten unserer Anschauung oder unseres Denkens zu einem Gan- 
-zen” zu verstehen. Dann bestehen nur die Beziehungen 


x e a und (x)=aa, 


od.h. ,,x ist ein Element von a” und ,,alle x sind gleich a”. 

> Die Veränderung ist eine Eigenschaft der Kollektionen. Die 

-Phasen der Veränderung sind bestimmte Teilkollektionen in der 
Zeit. Wenn man die verschiedenen Phasen der Veränderung als 
Teile der Kollektion auffasst, so entstehen dieselben Beziehungen 
zwischen den Teilen und der Gesamtheit, wie sonst im Gebiet der 
Kollektionen. 

Die Epsilonrelation hat eine Eigenschaft mit den ,,historischen” 
Relationen gemeinsam, nämlich die, dass das Vorder- und Hinter- 
glied nicht zu gleicher Zeit existieren. Diese Eigenschaft könnte etwa 
nichtkoexistierend genannt werden. Die Epsilonrelation ist ein Bei- 
spiel dafär, dass es auch auf dem Gebiet der logischen Existenz 
nichtkoexistierende Relationen gibt. Ein anderes Beispiel ist die Re- 
lation: x ist die Ordnung von y. Eine koexistierende Relation ist 
somit die, bei der sowohl das Vorder- als auch das Hinterglied zu 
-gleicher Zeit (im empirischen Gebiet) oder in gleicher Hinsicht 
(im logischen Gebiet) existieren. 

Die Epsilonrelation (£) unterscheidet sich von dem Kollektions- 
teil (x) in bezug auf die formalen Eigenschaften dadurch, dass die 
Epsilonrelation mehr-mehrdeutig und der Kollektionsteil mehr- 
eindeutig ist. Sonst haben sie dieselben formalen Eigenschaften. 
Die ,,nahe Verwandtschaft” dieser Relationen lässt sich auch em- 
pirisch durch folgende Tatsache feststellen. Wenn ein Gegenstand 
z.B. ein Teil eines gegebenen Autos ist, so ist er ein Kollektionsteil 
in bezug auf dieses Auto. Wenn derselbe Gegenstand aber unter 
den Teilen des erwähnten Autos sich befindet, so ist er ein Element 
in bezug auf die Menge der Teile dieses Autos. 

Die Relation G und ihre Konverse E sind intransitiv, denn 


g G(x) & (x) G (C(x))>8 6 (C(x)), 


und sie sind weiter asymmetrisch und irreflexiv. Dies steht in Zu- 
sammenhang mit der Tatsache, dass T=e|E auf dem Gebiete der 
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Mengen transitiv, asymmetrisch und reflexiv sowie auf dem Ge-- 
biete der Kollektionen intransitiv, asymmetrisch und irreflexiv ist. 
Es lassen sich also drei verschiedene wesentliche Relationen beii 
den Gesamtheiten und ihren Teilen unterscheiden, nämlich der: 
Kollektionsteil, die Teilmenge und das Element. Sie  hängeni 
auf Grund der Gesamtheits- und Einteilungsrelationen auf be-- 
stimmte Weise zusammen. An Hand dieser Relationen kann die: 
Frage, wie sich die Vielheit der Teile zur Einheit der Gesamtheit: 
verhält, eine Erklärung finden, nach der alle Gesamtheiten in Hin-- 
sicht der logischen Eigenschaften von dreierlei Art sind: entweder: 
ungeordnete Mengen, geordnete Mengen (inkl. Hierarchien) oder: 
Kollektionen. 


Outlines of-a Boolean tensor algebra 
with applications to the lower 
functional calculus 


by 


HÅKAN TÖRNEBOHM 
(University of Khartoum, SUDAN) 


I 


Boolean tensors of rank 0, or Boolean scalars 


fbe letters p, qg, r, ... in the propositional calculus may be re- 
garded as variable tensors of zero rank or scalars. Their values rank 
over the set (Ö, i), Ö representing falsity and i truth. 

These scalars may be called Boolean tensors of zero rank. All 
closed two-valued propositions are such tensors. They are subject 
to the operations: logical addition, logical multiplication, and nega- 
tion in an algebraic treatment. 

The rules of operation are as follows: 


ÖN PP Jap = 
AA Ö . j2=0 il s P=P 
3 Ö0=i1 i=0 
where the sign "=" means "has the same value as”. 


II 


Boolean tensors of rank 1, or Boolean vectors 


We wish to consider symbols of open sentences such as Ax, con- 
taining a predicate letter and one free variable of type 0, thus rang- 
ing over a set of individuals. Such sentential symbols will be re- 
garded as Boolean tensors of rank 1 or Boolean vectors. Closures 


«wan 


of them by means of instantiation such as Aa, Ab, etc., where "a 
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and "b” denote individuals may then be regarded as vector compo-: 
nents along axes representing a and b, etc. just as in ordinary tensor: 
algebra, A, with a variable index symbolizes a vector and A;, A3,, 
etc. represent components of the vector along the axes x,, xo, etc. 

The components of Boolean vectors are elements of the set (6, 1). . 

Boolean vectors or tensors of rank 1 are subject to the opera-: 
tions: logical addition, logical multiplication and negation according; 
to these rules: 


II. 1. The logical sum of any two Boolean vectors Ax and Bx is a 
Boolean vector (A v B)x such that any component of it is 
given by the rule: i 
(Av Bja=Aa v Ba. ; 

I. 2. The logical product of any two Boolean vectors Ax and Bx 
is a Boolean vector (A . B)x such that any component of it 
is given by the rule: 
(AN BJjä=AABA 

II. 3. The negation of a Boolean vector Ax is a Boolean vector 
Ax such that any component of it is given by the rule: 
Aa= (Aa). 


III 


Boolean tensors of rank 2 


We wish to consider symbols of open sentences such as Axy, con- 
taining two free variables each of type 0, thus ranging over a set of 
individuals. Such sentential symbols will be regarded as Boolean 
tensors of rank 2. 

Closures of Boolean tensors of the second rank by means of in- 
stantiation with respect to both free variables, such as Aab, Acd, 
etc. may then be regarded as tensor components along the couple 
of axes ab, cd, etc., just as in ordinary tensor algebra A,g with two 
variable indices symbolizes a tensor of the second rank, and A;, 
A13, etc. represent components of the tensor along the couple of 
AXE IKA NI KH Leter 


The components of Boolean tensors of the second rank are ele- 
ments of the set (Ö, 1). 
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Boolean tensors of the second rank are subject to the operations 
logical addition, logical multiplication, and negation according to 


4 these rules: 


HI. 1. The logical sum of any two Boolean tensors of the second 
rank Axy, Bxy is a Boolean tensor of the second rank 
(AvB)zy such that any component of it is given by the 
rule: (A v B)ab= Aab v Bab. 

III. 2. The logical product of any two Boolean tensors of the se- 
cond rank Axy, Bxy is a Boolean tensor of the second rank 
(A.B)xy such that any component of it is given by the 
rule: (A.B)ab=Aab. Bab. 

II. 3. The negation of any Boolean tensor of the second rank 
Axy is a Boolean tensor of the second rank Axy such that 
any component of it is given by the rule: Aab=7 (Aab). 


IN 


Boolean tensors of rank higher than 2 


We may immediately generalize what has been said about Boo- 
lean tensors of the first and second rank to the case of a Boolean 
tensor of any finite rank. 

An open sentence containing a predicate expression together 
with n free variables of type 0 is represented by a Boolean tensor 
of rank n. 


Vv 


Multi plication of Boolean tensors 


We shall now present a few features of ordinary tensor algebra 
in order to use them as clues for further developments of Boolean 
tensor algebra. The distinction between contravariant and covariant 
tensors being of no use for our purposes we shall assume that the 
transformation group is restricted in such a Way that contravariant 
and covariant components have identical values. (Linear transfor- 
mations. Euclidean metric.) Given two tensors Suja, BG and 


Im 
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Tp, ... po, Of ranks mand n respectively, we can form a new tensor 
il 2 3 . . . . . 
by means of multiplication, S4 a, ---am FoP RR which is a tensor 
of rank m+n. 
We wish to do the same in Boolean tensor algebra. Given any 


two Boolean tensors, say, AxX,X2 . . . Xm and Byrya « - + Yn of ranks m ;: 


and n respectively. We wish to regard Ax,X2 ... Xm:ByiY2 «++ Yn 
as a tensor if rank m+n. For example, Ax.By is a Boolean tensor 
of rank 2, provided Ax and By are Boolean tensors of rank 1. 


An open sentence such as Ax.By does not state that a relation | 


holds between two entities. To state that such a relation holds we 
make use of a sentence containing a two-place predicate expression. 

We conclude that Boolean tensors of rank n(>2) may represent, 
but need not represent, relations of degree n. 


Nl 


Contractions of Boolean tensors 


An important operation in ordinary tensor algebra is contraction. 
Contraction is a compound operation consisting of a multiplication 
and an addition. Let S, « ... a and Tgg ... g be any two tensors 

152 m 172 n 
(UPSN Orig gata 
RI 

traction. This tensor has the rank m+n-2. We wish to define an 
analogue to contraction in Boolean tensor algebra. Let AX,Xo ...Xm 
and By,ya2 . .. Yn be Boolean tensors of ranks m and n respectively, 
thes (Ez) (AR BO LA Em Byer ss AV STAR BOOleanNtene 
sor of rank m+n-2, formed by contraction. 


> äm Fbibyrss vs spa 1S 2 tensor formed by con- 


If in particular two Boolean tensors of rank 1 are subject to con- 
traction, we obtain a Boolean scalar. Example (3x)(Ax.Bx). If the 
two vectors are identical, we obtain by means of contraction (3x) 
(Ax. Ax), which reduces to (3x) Ax on account of the idempotency 


of logical multiplication. We conclude that closure by means of the 


existential quantifier is a special case of contraction. 
Notice that a contraction of two Boolean tensors amounts to a 
binding of free variables, as we see from the above discussion. 
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VII 


Notational sim plifications with regard to contractions 


It is a usual convention in ordinary tensor algebra to omit the 
summation sign in contractions and represent summation by means 
of pairs of equal running indices. One writes for instance A, By in 
place of the longer expression Z A, Ba. It is convenient to make 
use of a similar notational simplification in Boolean tensor algebra. 
We omit the existential quantifier in contractions and symbolize the 
contraction by means of pairs of equal variables. 

We write (Ax.Bx) in place of (3x)(Ax.Bx), (Axy.Byz) in 
place of (3y) (Axy.Byz), etc. The scope parenthesis is needed in 
order to avoid a notational ambiguity. Ax.Bx is reserved to sym- 
bolize an open sentence containing a free variable. Another nota- 
tion in place of Ax.Bx is (A.B)x. The ambiguity referred to above 
is that which Ax.Bx would have if it should be used both as a 
notational variant of (3x)(Ax.Bx) and of Ax.Bx with ordinary 
notation. 

An expression such as (Axy.Bxy) means according to our nota- 
tional convention the same as the expression (3x)(=y) (Axy-Bxy). 
If we want to signify that x should not be bound, we isolate its 
first occurrance by means of strokes. Thus (Alxly-Bxy) has the 
same significance as (3y)(Axy.-Bxy), and analogously: (Axl|y|-Bxy) 
has the same significance as (3x)(Axy-.Bxy). Our convention im- 
plies that (Alx|.Bx) is synonymous to Ax.Bx. 


NATT 


Existential and universal contractions of Boolean tensors 


We have seen that binding of variables by means of the existen- 
tial quantifier corresponds to a contraction in Boolean tensor alge- 
bra. It is natural to ask whether a similar conception applies to the 
case of the universal quantifier. We shall show that it is possible 
to define a second type of contraction in Boolean tensor algebra cor- 


responding to that quantifier. 
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(Ax.Ax) corresponds to (3x)Ax. It is plausible to allow 
(Ax.Ax) to correspond to (3x) Ax. 

(3x)Ax is equivalent to (x)Ax. 

We wish to apply the following transformations rule (ana- 
logous to de Morgan's rule). 

(CRS = (AR VAN) 

(Ax v Ax) is then equivalent to (x) Ax, which in its turn is 
equivalent to (x) (Ax v Ax). 

These considerations suggest the following general stipulation: 

There is a type of contraction in Boolean tensor algebra, de- 
fined by this rule: 

(CA RYA EE VBR ya (EO ÖRE) (AVANT VEB XYZ EEE 

If we want to keep a couple of variables free inside a contracting | 
paranthesis, we use the same device as above, i.e., we enclose the - 
first occurrence within strokes. Hence: 

(Alxly v Bxy) means (y)(Axyv Bxy). 

We may for obvious reasons call the two contractions in Boolean 
tensor algebra existential and universal contractions respectively. 

Notice that an existential contraction with respect to two tensors 
of rank a22 corresponds to a relative product of relations. 

(Rxy.Syz) is the same as xR|Sz in the usual notation in the cal- 
culus of relations. 


IX 


Special Boolean tensors 


Every linear combination of tensors having the same rank is a 
tensor of the same rank. In particular Sag ...— Sag . .. is a tensor 
of the same rank as Sag . .. having all its components equal to zero. 
Such a tensor is denoted by the symbol O. O is a tensor having an 
ambigous rank. 

In Boolean tensor algebra we may define two tensors Ö and i 
which are ambiguous with respect to rank. They may be called the 
Boolean zero-tensor and unit-tensor respectively. 

Examples of Boolean zero-tensors are: 

(Ax.Ax) and Ax.Ax. 
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The first one is of rank zero, the second one of rank 1. 

Examples of Boolean unit-tensors are: 

(Axv Ax) and Ax v Ax, having ranks 0 and 1 respectively. 

An important special tensor in ordinary tensor algebra is the 
 Kronecker-tensor dag, Where all components are zero exept those 
having equal indices. They are all equal to 1. A contraction between 
a Kronecker-tensor and another tensor amounts to a replacement 


of one index by another index. For example: 


ÖaBSgy SÅ br 

We may define a Boolean tensor corresponding to the ordinary 
Kronecker-tensor, namely the tensor Exy, as follows: 

XY dee REV 

A simple existential contraction between Exy and an arbitrary 


= Boolean tensor Axyz ... amounts to a replacement of the notation 


for a variable. For example: 

(ESYRAYZ VV ARZ 

Any instantiation for a free variable in an open sentence can be 
constructed as the compound operation of (1) replacing one vari- 
able in Exy by a constant and (2) contraction. For example: 

Aa (Bay. Ay). 


Xx 


Boolean tensor pro positions 


A simple rule is used in ordinary tensor algebra for the formation 
of tensor propositions: 

A proposition is well-formed if it has this form: Sag .. AN 
where Sag ... and Tag... are tensors of the same rank. Such a pro- 
position is true if and only if every component of the first tensor 
equals the corresponding component of the second tensor so that, 
for instance, Si Tia S13= "Ti3, etc: 

A particular kind of tensor propositions are those in which one 
of the tensors is a zero tensor. It is always possible to transform a 
given tensor proposition into such a proposition. Indeed Sag ...= 
=Tog... is logically equivalent to Sag mn —(0 

The situation is slightly more complex in Boolean tensor algebra. 
There are two types of well-formed sentences. 
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1. If Axy . .. and Bxy ... are Boolean tensors of rank n, then 
Axy ...<—Bxy ... is a well-formed proposition. Such a proposi- 
tion is true if and only if every component of the first tensor equals 
the corresponding component of the second tensor so that, for in- 
stance, Aab=Bab, Acd=Bcd, etc. 

2. If a and 8 are Boolean tensors having different ranks, we can- 
not combine them by means of the sign "<” into a well-formed 
formula, but we can construct a proposition of the form: a—f. 


Every such formula is well-formed provided a and 68 are Boolean | 


tensors. 

A tensor proposition of the form a—>f is true if and only if 
a.B<—0. An example of a true tensor proposition of this kind is 
(REV AR) EA Or 

(Ax v Ax)Ay is a Boolean vector each component of which is 
zero. 

Proof: (Ax v Ax) =i if and only if each component of the vector 
Ax is 1. If that is the case Ay is a zero vector. Hence one. of tha 
factors (Ax v Ax) and Ay is a zero tensor. Another example of a 


true tensor proposition is 

BBS SG Or 

Ax(Ax.Ax) is a zero-vector as it is a tensor product containing 
a zero factor. 

It is of interest to notice that if two Boolean tensors a and &£, say, 
represent object sentences, closed or open, then a<f represents 
a meta-proposition. 


XI 


Matrix representation of Boolean tensors of rank 2 


Dr. Coprilowish has presented a theory of dyadic relations over 
finite homogenous fields as a Boolean matrix algebra.” In this sec- 
tion we shall give a similar presentation. 

In the foregoing sections we have not committed ourselves as to 


> Coprilowish, I., Matrix development of the calculus of relations, Jour- 
nal of Symbolic Logic. Vol. 13. no. 4, 1948. 
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the cardinality of the sets of individuals which may be values of the 


' variables x, y, z, etc. In this section we shall restrict our attention 


to finite subsets of those ranges. We may conceive of such a subset 


as a selection of individuals about which we want to discourse. 


A Boolean matrix representing a dyadic relation over a finite 
set of individuals is a square matrix, the elements of which are com- 


 ponents of the Boolean tensor Rxy along those axes which repre- 


sent the individuals in question. 


Kertthe”individuals: ber numbered 1, 2... oc he first row in 


the matrix contains as elements the components R11 R12... Rin. 
The second row contains the elements R21 R22 ... R2n, etc. 


If i stands in the relation R to k, then Rik is i otherwise Rik is Ö. 
The relative product of two dyadic relations R and S is represented 
by the matrix product of the Boolean matrices (Rik) and (Sik) re- 
presenting R and S respectively. 

To see this we remind that a relative product of dyadic relations 
is represented in Boolean tensor algebra by an existential contraction 
of them: (R|S)zxy= (Rxy-Syz). (Cf. section VIII). 

If the tensor is represented in matrix form over a finite set of 
individuals we find that the ik element is Z Rij Sjk which is the 

J 


ik-element of the matrix product. 
Problem: What would correspond to coordinate transformations 
in Boolean tensor algebra? 


DISCUSSION 


The distinction between one-one relation and one-many relation... 


By Er:& Ryding (Lund). 


In his dissertation The Problem of Correct Symbolism as Related to Some 


Problems of Social Psychology (Gothenburg 1955) Lars Gurmund attaches 
great importance to the distinction between one-one relations and one-many | 
relations. The following is, if I have understood it correctly, one of the 
principal ideas of the book: scientific terms are often many-valued but, 
by means of a better technique of symbolization, they should be changed 


into one-valued ones, that is, science should at any rate be concerned 


only with terms that hold one-one relations to their referents. 

Gurmund seems, however, not to have noticed how easily this transi- 
tion from one type of relations to another can be brought about and what 
small profits it may yield. It is possible to use words in a most un- 
determined way even if they hold one-one relations to what they refer 
to, for it is possible to change, by means of a simple technical device, 
every one-many relation between a term and its referent into a one-one 
relation: we can simply form a disjunction of the different referents and 
only with terms that hold one-one relations to their referents. 

Suppose for instance that an author writes, "The philosopher X was 
an empiricist”. It is remarked that the word ”empiricist” has more than 
one meaning, and we ask the author whether he wants to say that X was 
an adherent of the proposition ”Nihil in intellectu quod non antea fuit 
in sensu” or he wants to say that according to X every knowledge of 
reality must be founded on experience. The author answers that he wants 
to say that X was an empiricist in at least one of the senses indicated. 
The term ”empiricist” has thus become one-valued by being correlated 
with a disjunction. Instead of the scheme 


term 
referent, — referent 
we get 
term 


(referent; Vi referent) 
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Still we cannot say that the author's words have become much clearer. 
We have learnt a little more about the author's intentions but we do not 
know more about the philosophical position X has taken up, i.e. about 
the subject-matter of the text. 

It seems clear to me that this possibility of an easy change deprives 

the distinction between one-one relations and one-many relations of most 
of its interest to semantics. 

Perhaps somebody would try to solve the problem by introducing a 
further restriction of the meaning that a scientific term must not have 
a disjunction as a referent. We should thus get the following two de- 
mands on correct scientific language 1) There must be only one-valued 
terms 2) No term must have a disjunction as a referent. 

The latter demand is, however, impracticable. As proper names are 
generally regarded as words with a fairly clear and uncomplicated re- 
ference, I propose to choose a proper name in order to show the dis- 
advantages of prohibiting disjunctions — even if this is somewhat out- 
side the compass of the sciences Gurmund is primarily concerned with. 

Let us take the sentence "Goethe wrote Prometheus”. Even in every- 
day language a distinction is made between "the young Goethe” and "the 
old Goethe” or "the thirty-year-old Goethe” and "the thirty-one-year-old 
Goethe”. The phenomenon we refer to by means of the word "Goethe” 
is thus presented as a series of temporal phases, and what is true about 
one need not to be true about the other. The old Goethe was a neo- 
classicist, the young Goethe was not. In principle the division can be 
carried on at any rate down to phases of the size of "the specious pre- 
sent”. Now, it is obvious that the sentence quoted does not imply that 
Goethe was busy writing Prometheus in every hour of his life. Conse- 
quently we are not concerned with the entire series of temporal phases 
or "momentary Goethes” but merely with certain sectors of it. It is ge- 
nerally assumed, though the actual wording may be different, that the 
sentence is true if it is true of every part of Prometheus that the as- 
symetrical relation "be written by” holds between it and some part of 
Goethe (no matter which). This apparently means that the word "Goe- 
the” here acts as a sign of a disjunction. It signifies "Goethe at the time 
ror Goethe at the time t,-F1 etc:” ("or =V). 

If we should refrain from using disjunctions as referents, we should 
not be able to say who wrote Prometheus without stating which of the 
numerous "momentary Goethes” holds an author's relation to the poem. 
This is, however, an impossible task since no author writes incessantly: 
he will always be making short pauses to look out of the window, to 
stretch his arms or the like. Thus the moments of creation do not form 
a continuous series, but it will be impossible to establish the exact loca- 
tion of the gaps — and this is quite immaterial for that matter as long 
as they do not exceed a certain length. If the task of the literary historian 
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is not to be made impossible, he must be in a position to state or discuss:s 
who is the author of a literary work without at the same time having to 
state the exact date of composition. 

Thus we cannot ban words which refer to disjunctions, but if we ad-- 
mit them, the distinction between one-one relations and one-many re-- 
lations will, as shown above, be a futile one. Gurmund has aimed at in-- 
creased clarity and precision be demanding that we should use only one-- 
valued words, but this intended profit is lost since a disjunction, no) 
matter how heterogenous, may appear as this one value. 
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Copenhagen 1956. 63 pp. 4,50 DCr. (= Hasselbalchs Kultur-Biblio- 
tek tl557) 

(Munch-Petersen) Acta Psychiatrica et Neurologica Scan- 

dinavica Dedicated to Carl Julius Munch Petersen on the oc- 

casion of his sixtieth birthday. Universitetsforlaget Aarhus -— 

Munksgaard, Copenhagen 1956. 388 pp. 45,- DÖCr. (=Acta Psy- 

chiatrica et Neurologica Scandinavica. Supplementum 108.) 


From the contents: 

Geert-Jorgensen, Einar: On the concepts psychogenesis and psy- 
chosomatics. p. 135-149. 

Hermann, Knud: Congenital world-blindness. p. 177-184. 

Stokholm, Harry: Our concept of neurosis. p. 363-366. 


I Pederse n, E. Thestrup: Eksistentialisme og kristendom. [Exis- 
tentialism and Christianity.] Nyt Nordisk Forlag, Copenhagen 1956. 
| SKP L2 SIDE 

| Pierhal, Jean: Albert Schweitzer (In Danish). [Albert Schweit- 
— zer. Das Leben eines guten Menschen”.] Transl. by Berge Friis. Det 

Danske Forlag, Copenhagen 1956. 279 pp. 21,75 DCr. 

Poulsen, Morgens: Kierkegaardske skebner. Fire radioforedrag. 
AR 
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Emil Boesen, Ilia Fibiger, Mathilde Leiner, Ernesto Dalgas. [Persons; 
influenced by Kierkegaard.] Four Broadcast talks. Petit forlaget;,, 
Copenhagen 1955. 45 pp. 6,50 DCr. 

R&eder, Hans: Platon und die Rhetoren. Munksgaard, Copenhagen i 
1956. 21 pp. 2,50 DCr. (=Det Kongelige Danske Videnskabernes ; 
Selskab. Filosofiske meddelelser, bd. 2, nr. 6.) 

Rainio, Kullervo: The effect of the selection situation on res-- 
ponses to questionnaires. Nordisk Psykologi (1956) VIII, 5; p. 164-: 
166. 

Rasmussen, E. Tranekj&r: Bevidsthedsliv og erkendelse.: 
Nogle psykologisk-erkendelsesteoretiske betragtninger. [Conscious-: 
ness and knowledge. Some psychological and epistemological re-- 
flections.] ”Munksgaard, Copenhagen 1956. 199 pp. 12,50 DC: | 
(=Festskrift udg. af Kebenhavns Universitet i anledning af Hans | 
Majestet Kongens fedselsdag 11. marts 1956.) SS 

Report on the eleventh congress of Scandinavian Psychiatrists in ' 
Oslo, Norway 1955. Issued by Norsk Psykiatrisk Forening (The Nor- 
wegian Psychiatric Society). Ed. by Leo Eitinger. Munksgaard, Co-' 
penhagen 1956. 366 pp. 40,- DCr. (= Acta Psychiatrica et Neuro- 
logica Scandinavica. Supplementum 106.) | 

Ross, Alf: see Iuul, Stig. 

Rousseau: see Skrifter af Voltaire ... 

Rubin, Edgar: Af efterladte papirer. [Posthumous papers.] Munks- | 
gaard, Copenhagen 1956. 42 pp. 6,- DCr. (=Nordisk psykologis 
monografiserie, 8.) | 

Sadolin, Erik: Vor nifoldige Tilverelse. Et Arbejde angaaende : 
Anskuelliggerelse. [The ninefold existence. On visualization.] 
Munksgaard, Copenhagen 1956. 122 pp. 12,50 DCr. 

Sandström, C. I. & Lundberg, L: A genetic approach to six 
differences in localization. Nordisk Psykologi (1956) VIII, 5; p. 167 
-173. 

Saugstad, Per: Concepts in psychological model construction. 
Nordisk Psykologi (1956) VIII, 5; p. 174-182. 

Saugstad, Per: Svar på ”Genmäle till en recension”. [Reply to 
”Rejoinder to a review”.] Nordisk Psykologi (1956) VIII, 6; p. 242- 
244. 

Skrifter af Voltaire, Rousseau, Diderot, Udvalgte. Et kommenteret 
udvalg af de franske oplysningsskribenter. [Selected writings of Vol- 
taire, Rousseau, Diderot.] Ed. by Leif Nedergaard. Hagerup, Copen- 
hagen 1956. 139 pp. 9,25 DCr. 

Smith, Gudmund & Henriksson, Maj: Studies in the de- 
velopment of a percept within various contexts of perceived reality. 
Nordisk Psykologi (1956) VIII, 5; p. 183-201. | 

Smith, Homer W.: Om en redelig erkendelse af menneskets natur. | 
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[On straightforward knowledge of human nature.] Perspektiv 

(VSG)AIVI 30: 5—-16; 

oSmith, Jeorgen: ”White collar crime” -—- realitet eller slagord? 

[White collar crime” — reality or slogan?] Nordisk Tidsskrift for 

—  Kriminalvidenskab (1956) XLIV, 3; p. 205-216. 

See, N. H.: see Malantschuk, G. 

i Stern, Alexander W.: The nature of G and the concept of in- 
telligence. Nordisk Psykologi (1956) VIII, 5; p. 202-209. 

Trevor-Roper, Hugh: Marxismen og = historie-forskningen. 
[Marxism and historical research.] (From "Problems of commu- 
Hism :)- Eremtiden (1956), XI 10;»-p:. 19-27. 

Trolle, Jergen: see Iuul, Stig. 

Vislie, Hallvard: Puerperal mental disorders. Transl. (from the 
Norwegian) by Axel Andersen. Munksgaard, Copenhagen 1956. 42 
pp. 12,- DCr. (=Acta Psychiatrica et Neurologica Scandinavica. 
Supplementum, 111.) 

Voltaire: see Skrifter af Voltaire ... 

Wright, I. M. von: On the ”correction” and ”non-correction” me- 
thods of learning. Nordisk Psykologi (1956) VIII, 5; p. 210-220. 
Zahle, Vagn: Neuroser. [Neuroses.] Forlaget for Faglitteratur, 
Vandkunsten 6, Copenhagen K. 72 pp. 15,- DCr. (Off-print of Me- 

dicinske specialer i legepraksis. Vol. 5. Artikel nr. 33.) 

Zaslavskij, D. L: Tungetaleri og hellige tosser i moderne borger- 
lige filosofi. [Speaking with tongues and mad saints in modern middle 
class philosophers.] Perspektiv (1956) IV, 1; p. 16-27. 


FINLAND 


Airas, Erkki: Syyllisyydentuntoon vaikuttavista tekijöistä. [On 
factors which cause the feeling of guilt.] Author, Helsinki. 159 p. 
550,- FM. 

Airas, Pentti: Yksilö ja hänen suhteensa yhteisöön J. V. Snell- 
manin historianfilosofiassa. [The individual and his relation to the 
community in J. V. Snellman's philosophy of history.] Author, Hel- 
sinki. 172 p. 800,- FM. 

Bruhn, Karl: Pedagoger, artister, brevbärare och sinnesslöa. I-II. 
[Pedagogues, artists, postmen and mentally deficients.] Skola och 
hem 1956, 3, p. 3-12; 4, p. 3-13. 

Descartes, René: Teoksia ja kirjeitä. [Works and letters.) Transl. 
by J. A. Hollo. Werner Söderström, Porvoo-Helsinki. 326 p. 1000;- 
FM. 

Durant, Will: Suuria ajattelijoita. [The story of philosophy.] 
Transl. by J. A. Hollo. Werner Söderström, Porvoo-Helsinki. 588 p. 
1000,- FM. 
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Fieandt, Kai von: Itseänså etsivä ihmisyys. [Humanity in search 
of itself.] Valvoja 1956, 3, p. 107-113. 

Fieandt, Kaivon: Varseblivningens psykologi. [Psychology of per- 
ception.] Transl. by Ulla von Troil. Söderström & Co, Helsinki. 370 
p. 1150,- FM. | 

Heinonen, Veikko: Älykkyyden ja kätevyyden välisestä suh- 
teesta. [On the relation between intelligence and manual skill.] 
English summary. Kasvatus ja koulu 1956, 5, p. 202-210. 

Jansson, Jan-Magn us: Poliittiset aatesuuntaukset ja yksilön va- 
paus. [Currents of political thought and the liberty of the individual.] ' 
Suomalainen Suomi 1956, 9, p. 528-533. 

Juurmaa, Jyrki: Sokeiden kokema maailma. [The world ex- 
perience of blind persons.] Valvoja 1956, 6, p. 256-261. 

Lagercrantz, Eliel: Yksilön kehitys ja henkiset arvot. [The de- 
velopment of individual and the intellectual values.] Kuopion kan- : 
sallinen kirjapaino, Kuopio. 308 p. 500,- FM. 

Luojola, Yrjö: Die Religions-Auffassung Willy Hellpachs und die 
Theologie Friedrich Schleiermachers. Turun Yliopisto, Turku. 148 p. 
450,- FM. (= Annales Universitatis Turkuensis. Ser. B, Tom. 61.) 

Mayer, J. P.: Alexis de Tocqueville, massojen aikakauden ennustaja. 
["A. de T., Prophet des Massenzeitalters”.] Transl. by J. A. Hollo. 
Otava, Helsinki. 206 p. 600,- FM. (= Otavan filosofinen kirjasto 1.) 

Nietzsche, Friedrich: Så talade Zarathustra. ["Also sprach 
Zarathustra”.] Transl. by Wilhelm Peterson-Berger. Söderström & 
Co, Helsinki. 314 p. 500,- FM. 

Ortega y Gasset, José: Historian kriiseistä ja muita esseitä. 
["Esquema de las crisis y otros ensayos”.] Transl. by Sinikka Kallio- 
Visapää. Otava, Helsinki. 173 p. 600, FM. (=Otavan filosofinen 
kirjasto 2). 

Rainio, Kullervo: Käytännön psykologiaa. I. Yksilön käyttäyty- 
minen. [Practical psychology. I. The conduct of individual.] Werner 
Söderström, Porvoo-Helsinki. 152 p. 300,- FM. 

Renvall, Pentti: Yksilön vapaus historiassa. [The liberty of in- 
dividual in history.] Suomalainen Suomi 1956, p. 521-528. 

Saari, Erkki: Koetilanteen outouden vaikutus älykkyyskokeen tu- 
lokseen. [The effect of the strangeness of the test situation on in- 
telligence tests.] English summary. Kasvatus ja koulu 1956, 5, p. 
211-216. 

Saari, Erkki: Rorschach-koe suomalaisen pahantapaisen pojan per- 
soonallisuuden tulkkina. [The Rorschach-test as an interpreter of the 
personality of Finnish maladjusted boys.] English summary. Kasvatus 
ja koulu 1956, 4, p. 164-182. 

Schweitzer, Albert: Elämän kunnioitus. ["Denken und Tatt 
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Transl. by Juho Tervonen. Werner Söderström, Porvoo-Helsinki. 

362 p. 700,- FM. 

" Sorainen, Kalle: Kierkegaard luonnonkuvaajana. [The descrip- 
tion of nature by K.] Valvoja 1956, 4, p. 173-177. 

Viitamäki, R. Olavi: Personality traits between puberty and 
adolescence. Their relationship, development and constancy with re- 
ference to school achievement. Academia Scientiarum Fennica, Hel- 
sinki. 183 p. 700,- FM. (= Annales Academiae Scientiarum Fennicae. 
Ser. B, Tom. 104.) 

Wright, G. H. von: En modern Lucretius. [A modern Lucretius.] 
Review of Eino Kaila: Terminalkausalität als die Grundlage eines uni- 
tarischen Naturbegriffs I. Nya Argus 1956, 13, p. 173-179. 

Wright, J. M. von: Muistintutkimuksesta. [On the examination 
of memory.] Kasvatus ja koulu 1956, 6, p. 246-260. 


NORWAY 


| Arvesen, Ole Peder: Zur Frage der Anschaulichkeit der Bilder 
aus einem vierdimensionalen Raume. 1956. 1,60 NCr. (=Det kgl. 
norske videnskabers selskabs forhandlinger. B. 28. 1955. Nr. 30, p. 
166-170.) 

Bjerke, André: Kampen mellom kirke og kjetter i naturviden- 
skapen. Noen bilder fra utviklingslerens historie. [The struggle be- 
tween the Church and heretics in the natural sciences, Some episodes 
from the history of evolutionism.] Månedsrevyen Horisont (1956) 
NREESp: 20-35; 

Bjerke, Ejlert: Strotanker om diktning. [Reflections on poetry.] 
Ordet (1956) VII, 9; p. 453-459. 

Bregger, N. Chr.: Rus, ekstase og virkelighet. [Inebriation, extasy 

j and reality.] Mortensen, Oslo 1956. 160 pp. 13,- NCr. 

Christiansen, B.: Krig og internasjonal propaganda. Noen sam- 
funnsvitenskapelige betraktninger. [War and international propa- 
ganda. Some sociological reflections.] Forsvarets psykologiske av- 
deling, Oslo 1956, 180 pp. (No price given.) (= Militerpsykolo- 
giske meddelelser. Nr. A-1. 1955.) 

Willi stop ner sen, Jens Å.; see Ness, A. 

Del Vecchio, Giorgio: ”Homo juridicus” - rettens utilstrekk- 
lighet som fullstendig livsnorm. [”Homo juridicus” —- the insufficiency 
of justice as a complete norm of living.] Tidsskrift for Rettsvitenskap 
(HOSG)ELSIIEONSE pL93=217: 

Dornseiff, Franz: Kallimachos halbe Seele auf Abwegen in 
Sagdirnixhausen. Symbolae Osloenses (1954) XXX; p. 27-29. 

Eberstein, Gösta: Jurister som livsfilosofer. [Jurists as philo- 
sophers of life.] Tidsskrift for Rettsvitenskap (1956) LXIX, 4; p. 
289-303. 
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Festskrift til professor Bjoern Helland-Hansen i anledning hans | 
virke i 25 år som formann i styret for Chr. Michelsens institutt. 
[In honour of B. Helland-Hansen.] Bergen 1956. 241 pp. (No price 
given.) | 
From the contents: | 
Christophersen, H. O.: Den fjerde oppgave. [The fourth task.] 


p. 43-58. 

Dahl, Helmer: Human factors in modern university research. p. 59 
-71. 

Schjelderup, Kristian: Humanismen i dag. [Humanism to-day.] 
p. 175-188. 


Fog, David: Om stringent tenkning og pregnant udtryksform. [On | 
stringent thinking and pregnant forms of expression.] Nordisk Mate- | 
matisk Tidskrift (1956) IV, 4; p. 177-188. | 

Frei, Gebhard: Antroposofi, katolisisme og dybdepsykologi. [An= 
throposophy, catholicism and depth-psychology.] Månedsrevyen Ho- 
risont (1956) II, 8-9; p. 290-303. | 

Frihet ogansvar, Menneskets. Fem foredrag fra Studenter- 
samfundets talerstol. [Man's freedom and responsibility. Five talks.] 
Det Norske Studentersamfund. Oslo 1956. 80 pp. 8,80 NCr. 


From the contents: 


Eidem, Odd: Hvem er forreder? [Who is a traitor?] p. 13-31. 

Christov, Solveig: Livslognen —- kraftkilde eller halmstrå. [Self- 
deception — source of power or straw?] p. 32-43. 

Ness, Arne: Finnes det et trosminimum for mennesket? [Is there a 
minimum of belief for Man?] p. 44-51. 

Holt, Kåre: Lojaliteten ved en grense. [Loyalty has a limit.] p. 52-62. 


Funderud, O.: Livsproblemer og livsbelysning. [Problems and elu- 
cidation of life.] Author (Vidarforlag, Oslo 1956.) 173 pp. 13,50 
NCr. 

Godal, O. & Langfeldt, G.: Human-etisk eller kristent livssyn? 
[Humanistic-ethical or Christian view of life?] Cappelen, Oslo 1956. 
108 pp. 9,50 NCr. 

Grue-Serensen, K.: Durkheim's teori om disciplinen. [Durkheim's 
theory of discipline.] Pedagogisk Forskning 1956, 1; p. 18-29. 

Ham bro, C.: Barn og foreldre. Barneoppdragelse i praksis. [Children 
and parents. The practice of child education.] Dreyer, Oslo 1956. 
164 pp. 7,50 NCr. (=Hva De ber vite. Nr. 5.) 

Hillestad, Aksel H.: Grunnlaget for vår vurdering. [The basis 
4 fc valuation.] Tidsskrift for Rettsvitenskap (1956) LXIX, 5; p. 

24-448. | 


Hovstad, Johan: Naturrett — historisisme, faktum og verde. [Na- | 
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tural law — historicism, fact and value.] Vinduet (1956) X, 3; p. 

232-238. 

:Husén, Torsten: Interaktionen lärare — elever i klassrummet. Me- 
todologiska problem och några empiriska bidrag. [Interactions be- 
tween teachers and pupils in the class-room. Methodological pro- 
blems and some empirical contributions.] Pedagogisk Forskning 1956, 
1; p. 30-43. 

Jarl Knut Coucheron: Britisk syn på eksistentialismen. [A 

| British view of existentialism.] Vinduet (1956) X, 3; p. 220-225. 

"Jung, Carl Gustav: Om Sigmund Freud. [S. Freud.] Månedsre- 

Im vyen-Horisont (1956): II; 7; p. 225-229. 

oKlingmann, Guenter: Den bortglömde Spengler. [The for- 
gotten Spengler.] Samtiden (1956) LXV; p. 606-611. 

oKvalg, Kjell: see Ness, A. 

obLangfeldt, G.: Oversanselige opplevelser. [Supersensual experi- 

— "ences.] Samtiden (1956) LXV; p. 563-569. 

-Langfeldt, G.: see Godal, O. 

Letting, O. & Ribskog, B.: Kroppslig og intellektuell utvikling. 
Noen resultater av undersakinger ved Oslo folkskole. [Physical and 
intellectual development. Some results of investigations in Oslo ele- 
mentary-schools.] Ed. by Komiteen for pedagogisk forskning. Gylden- 
dal, Oslo 1956. 179 pp. 16,10 NCr. 

Lunde, E.: Om å lede mennesker i arbeid. [How to supervise men at 
work.] Tanum, Oslo 1956. 115 p. 16,- NCr. 

Molland, Einar: Ideene om menneskerettigheter og menneskeverd. 
[The ideas of human rights and of human value.] Samtiden (1956) 
LXV; p. 618-623. 

Montgomery, Arthur: Production and ideology in the Soviet 
Union. The Scandinavian Economic History Review (1956) IV, 2; 
p. 151-177. 

Mumford, Lewis: Calibans oppror. [The revolt of Caliban.] Må- 
nedsrevyen Horisont (1956) II, 8-9; p. 276-286. 

Mykland, Knut: Grandeur et décadence. En studie i Ernst Sars' 
historiske grunnsyn. [Grandeur et décadence. A study of E. Sars' 
fundamental view of history.] Akademisk forlag, Oslo 1955. 66 pp. 
8,- NCr. (= Avhandlinger fra Universitetets historiske seminar. 10.) 

INfalsts RAD en so O hastophensen, JenskA fc Kval, 
K j ell: Democracy, ideology and objectivity. Studies in the semantics 
and cognitive analysis of ideological controversy. Published for the 
Norwegian research council for science and the humanities. Oslo 
University Press, Oslo-Blackwell, Oxford 1956. 346 pp. 15,- NCr. 

Nevanlinna, Rolf: Gauss och den icke-euklidiska geometrin. 
[Gauss and Non-Euclidean geometry.] Nordisk Matematisk Tid- 

skrift (1956) IV, 4; p. 195-209. 
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Nilsen, Egil: Voksenpedagogikk og skolepedagogikk. [Adult educa-- 
tion and child education.] Pedagogisk forskning 1956, 2; p. 29-47. 
Nissen, Ingjald: Draumane og samvitslivet. [Dreams and con-- 

science.] Syn og Segn (1956) LXII; p. 225-230. 

Nordland, Eva: Valg og verdi.. Et oppdragelseproblem i vår tid. . 
[Choice and value. A problem of education in our time.] Samtiden : 
(1956) LXV; p. 581-595. 

Olsen, A. M.: Psykologi og idrett. [Psychology and sport.] Kirke- og : 
undervisningsdepartementet. Statens ungdoms- og idrettskontor 1956. 
99 pp. (Mimeographed.) (No price given.) i 

Olsen, P.: Angst, skyldfelelse, åndelig krise. [Anxiety, feeling of 
guilt and spiritual crises.] Lutherstiftelsen, Oslo 1956. 148 pp. 14,80 
NCr: ; 

Ortegay Gasset, José: Naturvidenskapens grenser. [The limits 
of natural science.] Månedsrevyen Horisont (1956) II, 8-9; p. 287—-- 
289. i 

Ostby, Hans: Forståelse av historiske årsaksforhold i folkskolens av- 
gangsklasse. [Understanding of causal relations in history by the fi- 
nal class of the elementary school.] Forskning og Danning II; p. 155- 
181. 

Rand, Gunvor: Minnesota Multiphasic Personality Inventory som 
personlighetsdiagnostisk hjelpemiddel i overgangsalderen. [Minne- 
sota Multiphasic Personality Inventory as an instrument for the diag- 
nosis of personality in puberty.] Forskning og Danning II; p. 229- 
2035 

Ribskog, B.: see Letting, O. 

Rohde, P. P.: Et geni i kobstad. Et essay om Soren Kierkegaard. [A 
genius in a commercial town. An essay on S. Kierkegaard.] Det 
Norske Studentersamfunds kulturutvalg, Oslo 1956. 46 pp. 4,50 NCr. 
(= Studentersamfunds skrifter.) 

Roppen, G.: Evolution and poetic belief. A study in some Victorian 
and modern writers. Oslo University Press, Oslo-Blackwell, Oxford 
1956. 475 pp. 15,- NCr. (=Oslo studies in English. No. 5.) 

Rudberg, Gunnar: Cicero und das Gewissen. Symbolae Oslo- 
enses XXXI (1955), p. 96-104. 

Rudberg, Gunnar: Protagoras - Gorgias - Menon. Eine Plato- 
nische Ubergangszeit. Symbolae Osloenses XXX (1954); p. 30-41. 

Sandström, Carl Ivar: Några aspekter på minnesvidden och 
intelligensfunktionerna. [Some aspects of the range of memory and 
the functions of intelligence.] Pedagogisk forskning 1956, 2; p. 18-28. 

Sandven, Johs.: Nordisk samarbeid i pedagogisk forskning. [Scan- 
dinavian cooperation in pedagogical research.] Pedagogisk Forskning 
1956, 1; p. 1-4. 

Sjöstrand, Wilhelm: Försöksverksamheten och den pedagogiska 
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forskningen. [Experimental work and pedagogical research.] Peda- 
gogisk Forskning 1956, 1; p. 44-48. 

Skolem, Th.: A version of the proof of equivalence between com- 
plete induction and the uniqueness of primitive recursion. 1,40 NCr. 
(=Det Norske videnskabers selskabs forhandlinger. B. 29. 1956. Nr. 
3, p. 10-15.) 

Smidt, K.: Estetikk, estetisme og litteraturhistorie. [Esthetics, 
estheticism and literary history.] Norli, Oslo 1956. 30 pp. 2,40 NCr. 
(=Fra Universitetets talerstol.) 

Serensen, Ernst: Giordano Bruno. (In Norwegian.) Måneds- 
revyen Horisont (1956) II, 1; p. 16-21. 

Serensen, Ernst: Naturvidenskapsmannen og filosofen. [Na- 
tural scientist and philosopher.] Månedsrevyen Horisont (1956) II, 
6; p. 185-187. 

Spebarn til tenåring, Fra. [From infant to teenager.] In- 
stitutt for kristen oppseding, Oslo 1956. 64 pp. (No price given.) 
Contents: 


Gravdahl, Gunnar: Fra spebarn til tenåring. [From infant to teen- 
ager.] p. 5-20. 

Elseth, Astri: Problemlosninger og tilpassingsvansker. [Solving 
problems and adopting oneself.] p. 21-34. 

Elseth, Astri: Oppdragelsesprinsipper. [Principles of education.] p. 
35-48. 

Lillestelen, Robert: Barn og religion. [Children and religion.] 
p. 49-64. 


Terhune, W. B.: Praktisk mentalhygiene for alle. ["Emotional 
problems and what you can do about them”.] Transl. by Harald 
Freshaug. Fabritius, Oslo 1956. 171 pp. 16,50 NCr. 

Tennesen, Herman: ”Realisme” og ”idealisme”. ["Realism” and 
”idealism”.] Universitetsbokhandeln, Oslo 1956. 6 pp. (Mimeo- 
graphed.) (=Jussens venner. Ser. J. Nr. 8.) 

Tvedt, Peter: Human etikk og kristendom. [Humanistic ethics and 
Christianity.] Syn og Segn (1956) LXII; p. 421-425. 

Tveterås, Camilla: Mennesket og evolusjonen. Fra Teilhard de 
Chardins etterlatte skrifter. [Man and evolution. From the post- 
humous writings of T. de Chardin.] Samtiden (1956) LXV; p. 596- 
605. 

Vers, Dagny: Samfunn og yrkesvalg. En undersoking foretatt i 7. 
klassene i Oslo og Aker 1948. [Society and choice of occupation. An 
investigation of pupils of the 7th classes in Oslo and Aker.] Forsk- 
ning og Danning II; p. 11-69. 

Wasberg, G. C.: Historiens problemer på nye premisser. Med serlig 
hensyn til existentialistisk tenkning. [The problems of history on 
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new premisses. With special regard to existentialism. ] Land og kirke 
Oslo 1956. 121 pp. 10,50 NCr. 

Vogt, Hans: Report on the activities of the Institute for compara- 
tive research in human culture in the years 1945-1955. Aschehoug, 
Oslo 1956. 31 pp. 2,20 NCr.: (=Instituttet for sammenlignende kul- 
turforskning. Ser. C.V-: 1.) 

Vretska, Karl: Typische und polare Darstellung bei Platon. Sym- 
bolae Osloenses (1954) XXX; p. 42-55. 

Ytrehus, H.: Individets rettigheter i Thomas Hill Greens filosofi. 
[The rights of the individual in the philosophy of Th. Hill Green.] 
Universitetsforlaget, Oslo 1956. 237 pp. 8,- NCr. 


SWEDEN 


Åberg, Nils: Skapande fantasi. En studie över intuitionens natur. 
Tillägg 2. [Creative fantasy. A study of the nature of intuition. Ap- > 
pendix 2.1] Generalstabens litografiska anstalt (distrib.), Stockholm 
1956. 115 p. 12,- SwCr. 

Åkesson, Elof: En grundtanke hos Vitalis Norström. Till hundra- 
årsminnet av hans födelse. [A basic idea of V. Norström.] Årsbok 
för Kristen Humanism (1956) XVIII; p. 37-45. 
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Analyticity 
by 


GUSTAV BERGMANN 
(State University of Iowa, Iowa City, U.S. A.) 


[Many philosophers believe that they can among all truths set 
vaside the kind they call analytic; and they also believe that but 
for this distinction among truths some of the most pressing philo- 
ISophical questions could not be answered. I share these beliefs. 
IBut I also believe that most of these philosophers use "analytic 
iphilosophically. Philosophical uses require explication. Their ex- 
iplication consists in talking commonsensically, that is, without 
jusing any word philosophically, about the syntax and interpreta- 
(tion of an ideal language (L). For, as they stand, philosophical 
Juses make no sense. Yet in many subtle ways they direct, like 
guide posts, our efforts at explication. Otherwise there would be 
ino philosophical problems. Nor would we know when to accept 
fan explication as adequate. These are my beliefs concerning the 
Iproper method of philosophizing. Having explained and defended 
them before, I shall not in this essay either explain or defend 
Ithem again but, rather, use the method to propose what seems 
Ito me an adequate explication of "analytic or, as I shall also say, 
lof analyticity. More acurately, I shall attend to one part of it. 
I The complete explication, it will soon transpire, is tripartite. 
| The philosophical uses of "analytic provide us with three guide 
I posts. Each of the three italicized sentences in this paragraph 
stands for one of them. Analyticity is a syntactical notion. This 
| implies that the explication proceeds in two steps. First one 
designs a syntactical definition of analyticity for the formalism 
I proposed as L. Then one argues for its adequacy. Arithmetic is 
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plication of this notion unless it comprehends all arithmetica: 
truths, from the simplest to the most esoteric. Descriptive word; 
occur in analytic truths, if at all, only vacuously. Less succinctlyr 
every analytic truth is either a logical sentence or derived fro | 
one by specialization. In every likely candidate for L every pri 
mitive sign is of one and only one of two kinds, called logical ana 
descriptive respectively. Among the former are the variables ana 
their quantifiers. An expression is closed (not open) if and onli 
if it contains no unquantified variable. Mathematically, it is ofter 
convenient to call open expressions sentences. Philosophicallyy 
it is confusing. A sentence is either true or false. An open exi 
pression, even of an interpreted formalism, is neither true nox 
false and not a sentence but merely, if well-formed, the schema 
of one. Sentences, as I shall use the term, are therefore alwayr 
closed. A logical sentence is one that contains only logical signs: 
To understand what is meant by specialization, consider the five 
formulae” 


(1.5 MN CI TER) VARIT ET ROTOR EEE 
(RES) (2. (DEJ RIER=:CN 
GlrFARIKC)A=S CI: 


(1) and (4) are logical sentences. (2) and (3) are derived fror 
(1) by spezialization; (5) from (4). Following this guide posti 
we can limit ourselves to the consideration of logical sentences. 

Whether a practitioner of the method can come up with arm 
adequate explication of analyticity depends upon his choice of s 
candidate for L. That is but another way of saying that this choice 
is his major gambit. The most prominent candidate for quite some 
time was the formalism of Principia Mathematica (PM); or, more 
precisely, the formalism, call it L', derived from PM by suppress-: 
ing ramification on the one hand and, on the other, adding classes 
of undefined descriptive constants as well as the three axioms or; 
as I would rather say, the primitive sentences of extensionality' 
(Ext), of infinity (Inf), and of choice (Sel). With it went more 


+ Subscripts will be used to distinguish constants from variables; super- 
scripts, when necessary, to indicate types. 
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or less explicitly a definition of "analytic. A logical sentence is 
analytic if and only if it is either a primitive sentence or a theorem 
of L'. This gambit soon ran into triple trouble. First. If L' were 
I CL, Ext would be ”analytic”. In our natural languages Ext is false. 
It does not strictly follow that it must be false in L. However, 
certain considerations in connection with the analysis of "”meaning” 
and belief make it more than likely that while Ext may be true 
| for a very large part of L, it cannot be true for all of L. Second. 
I; If an arithmetical truth can be expressed in L', it becomes a 
I logical sentence. That is as it ought to be. However, there are 
| arithmetical truths expressible in L” such that neither they nor 
their negations are either primitive sentences or theorems of L'. 
That is of course Goedel's famous result. Third. Upon this defini- 
tion elementary arithmetic is analytic only if Inf is, the rest of 
arithmetic only if both Inf and Sel are. Guided by the unex- 
plicated notion they had of analyticity, not a few philosophers 
doubted whether Inf and Sel could reasonably be counted as 
analytic. 

With the third objection I shall deal at some length; so I shall 
say no more about it at the moment. Goedel's result holds, 
broadly speaking, for every formalism which, as L undoubtedly 
must, contains elementary arithmetic. The second objection is 
therefore not just against L”. Its only force, though, is against the 
axiomatic method. All Goedel has shown is that an analytic sen- 
tence cannot be adequately defined as one which is either a pri- 
mitive sentence or a theorem of L. There is no reason why it 
should be so defined. Thus there is no difficulty. The first objec- 
tion, I believe, is unanswerable. That is why I proposed a dif- 
ferent gambit. L”, my candidate for L, contains L” and in addi- 
tion, two new logical signs, M” and the quoting operator. 'M” 
transcribes the intentional root meaning of means”. That is, if 
pi transcribes the English sentence P, then "pr Mpi transcribes 
”the proposition P means P”. The definition I propose proceeds 
in two steps. First one defines analytic-in-L'. This is of course not 
the definition Goedel has shown to be inadequate but the one I 
shall presently discuss. Let next '"..... fandi xx xpoxrs stand tor 
two different sentences, i.e., for any two sentences that are not, 


74 GUSTAV BERGMANN 


as one says, different tokens of the same type. A sentence is | 
analytic-in-L” if and only if it is either analytic by the rules of 
L” or is of one of the two forms '""..... HIN a SEEIOTe YRAN vo | | 
M x x x x x”. This is the second step.” 

The complete explication of analyticity is tripartite. I shall 
number the three parts in a certain way, the reasons for which 
will soon be obvious. One part, saying what needs to be said be- | 
cause of the two new logical signs, concerns what I just called 
the second step of the definition of analytic-in-L”. This part I call 
the third. It may be found elsewhere. The other two parts deal 
with analyticity-in-L". The first covers the truths known as sen- 
tential tautologies. It is so familiar that I shall assume it to be - 
known. Its mathematical machinery is the Boolean algebra of the : 
truth tables. The remaining part, which I call the second, deals 
with the functional calculus contained in L” (and therefore also in . 
my L, L”)]. Its mathematical machinery, to which I shall pre- | 
sently attend, is validity theory. These are the three parts of the | 
complete explication. Calling every analytic truth a tautology,” : 
one may say that the first part deals with the sentential tauto- | 
logies, the second with those which are functional, the third with 
the tautologies of meaning. At this point some might object that 
since the complete explication has three parts, it establishes, if | 
anything, three kinds of analyticity and not one. Nothing could 
be more wrong. But the objector may reasonably expect that the 
proponent of a tripartite explication identify in each of the three 
parts a feature shared by all three. To this task I shall attend at 
the very end. Now I shall only state accurately what I am about. 
The subject of this paper is the second part of the complete ex- 
plication. To save words, I therefore stipulate that in the sequel, 
when speaking of the explication of analyticity, I shall mean the 
second part of the complete explication, and that, similarly, when 

” The formulation analytic by the rules of L', rather than analytic in L', 
covers certain sentences which, since they contain the new signs, do not 
belong to L”'. For a detailed description of L” and the analysis mentioned at 


the beginning of the next paragraph, see "”Intentionality”, in Semantica 
(Archivio di Filosofia, 1955), 177-216. 


> I find this use of 'tautology very convenient. But since it is not very | 
widely spread, I have not adopted it in this essay. | 


mRNA 
| 
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speaking of a sentence being analytic, I shall mean its being ana- 
 lytic by virtue of the second part. 

The tool of the explication is validity theory. In this theory 
nonformalized mathematics is used to talk about a formalism. The 

import of the qualifying adjective, nonformalized, is considerable 
and closely connected with one of the fundamental ideas of this 
essay. I shall next sketch this idea. A sketch, it should be kept in 
mind, serves its purpose best by purchasing lucidity and brevity 
at the expense of accuracy and detail. 

Much of the trouble I hope to avoid stems from Inf. After the 
formalism has been interpreted and thus supposedly become L, 
Inf states, in substance, that there is an infinite number of things 
of a certain kind, namely, the kind that according to the rules for 
the interpretation of L could be named by its zero-level constants. 
Is that true? I have no opinion on the matter, though I am will- 
ing to grant that there is room for reasonable doubt. But can 
anything one may reasonably doubt be analytic? Certainly not 
upon the unexplicated notion of analyticity. Nor upon this notion 
would one be inclined, even if Inf were true beyond reasonable 
doubt, to call analytic the truth which in this case it states. But 
if one introduces the integers into L as Russell does and as, I 
believe, one must introduce them, then even elementary arith- 
metic is analytic only if Inf is. Or, to put it even more strongly 
(and with a deliberate inaccuracy), if there were only N things 
of the kind mentioned, there would be no integer N't1. Hence 
the distinguished chorus of worriers, led by Russell himself, who, 
in order to secure the foundations of mathematics, tried to count 
out the world. The two italicized words mark the source of the 
confusion. Of this presently. But that there is confusion is ob- 
vious. Something has gone radically wrong. Neither the truths of 
arithmetic nor their nature depend upon whether there is enough 
chalk in the world to write them down. And to count out the 
world is not the philosopher's job, but, if anybody's, the scientist's. 

Validity theory avoids this difficulty, or apparent difficulty, by 
”interpreting” the sentences of L into such mathematical entities 
as infinite sets. This is a purely syntactical kind of interpretation, 
radically different from the ”interpretation” that makes a ”langu- 
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age” out of a formalism. One must not allow one's self to be 
misled by the use of the same word, which is, unhappily, quite 
common. (Sometimes the syntacticists speak of ”models”. That, 


too, is a very ambiguous word. 'Representation', which also oc- 


curs, has perhaps the fewest dangerous associations.) Even so, 
the procedure may seem circular. To understand why it is not is 
to grasp the fundamental idea I am trying to explain. Let us see. 


A word may be used either philosophically or commensensically. , 


The distinction is the very heart of the method. A technical use, 
in the sense in which science and mathemathics are technical; 


even of a very uncommon word is not on this ground alone philo- | 
sophical. The most important philosophical uses are indeed of | 
quite common words. As long as they go about their own business, | 
the mathemathicians do not use any word philosophically. A | 
practitioner of the method may therefore in his explications : 


without fear of circularity use all of mathematics, from elemen- 


tary arithmetic to, say, the theory of infinite cardinals. But then, / 
a critic will ask, what is the point or purpose of formalizing ma- | 
thematics, that is, of building its ”image” into the syntactical | 
construction of L. The answer has two parts, one positive, one 
negative. Positively, the purpose is to explicate what is meant 
when, speaking philosophically, one says certain things about ma- | 
thematics such as, most importantly, that it is analytic. In pro- 
viding these explications the philosopher must, as it turns out, 


employ some results of the researches conventionally known as 
”foundations of mathematics”. Negatively, the purpose of this 
particular branch of mathematics is not to provide a "secure 
foundation” for the rest of it. Most workers in the field, as well 
as some philosophers, think that it is. This is a philosophical view 
which I reject. But let there be no mistake. I do not of course 
reject that admirable branch of mathematics. I don't even know 
what it could mean to reject that sort of thing. I merely hold, 
first, that its very name, foundations of mathematics, invites con- 
fusion. I reject, second, the (philosophical) view about its (phi- 
losophical) significance which I just mentioned. I believe, third, 
that those who hold this view, philosophers and mathematicians 
alike, do so only because they have not seen through the twin 


ANALYTICITY TT 


follies of skepticism on the one hand and the search for an elusive 
kind of absolute certainty (an irrecoverable philosophic use of 
Fcertain'”!) on the other. These are but three ways of stating the 
fundamental idea I promised to sketch. So I shall let it go at that. 
I When Russell first set the course of these delightful investiga- 
ttions, validity theory did not exist. By now its more elementary 
ipart is widely known; expositions of it readily accessible." Even 
10, I shall state its basic idea, which is simple enough. The theory 
lapplies to the calculi called functional. My choice of L being 
Iwhat it is, I shall, of course, apply to it PM (unramified, with 
Ext, Inf, and Sel), of, rather, to the functional part of PM. For 
it will simplify the exposition without slurring over any difficulty, 
if I assume that the formalism contains no sentential variables. 
Also, I shall use true” where mathematicians use 'valid', reserving 
the latter for another occasion. 

The theory ”interprets” the formalism into point sets, which in 
this context are called universes, as follows. (x)', (=x)', (£)', 
"(Er)', (£)', are read ”for every point of the universe”, "there is 
at least one point of the universe”, "for every point set of the 
universe”, "there is at least one set of ordered pairs of points of 
the universe”, "for every set of point sets of the universe”. This 
gives the idea. The interpretation of the connectives is standard. 
Given a universe, every logieal sentence thus becomes a set- 
theoretical proposition about this universe. Whether it is true or 
false depends on the cardinality c of the universe (briefly, on c) 
and, in view of Ext, on nothing else. But it does depend on c. 
To see that, consider 


(6) — (f) (3x) (3y) (2) [fRz) fly) >flz)1, 
(RV (Za V gy), 
(IRENE Y: 


Nöjfisttruertor ce 2, (VY) for c=2, (Cor c=2, The difficulty 


< E.g., Hilbert and Ackermann, Principles of Mathematical Logic, Chelsea, 
New York, 1950. 

5 Notice that, because of the identity sign they contain, (7) and (8) are 
not closures of formulae of the lower functional calculus. I ignore the empty 
universe. See below and fn. 7. 
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that worried Russell thus reappears, even more pervasively 
though also with the important difference that since we are deal 
ing with mathematical entities, trying to resolve it by countin; 
out the world is obviously futile. More precisely, the difficult: 
reappears provided there is some connection between the theory 
and the explication we are looking for. I shall next demonstrat 
this connection. That is best done by making, temporarily ana 
for this purpose only, two assumptions which we already know 
to be objectionable. 

Assume, first, that the world's cardinality is c, i.e., that th 
class of all things which could be named by the zero-level coni 
stants of L is of this cardinality. The objection is that we are nor 
even sure the assumption makes sense; not to mention, in case ii 
should, how we could ever know it to be true. Assume, second; 
that an adequate explication of "analytic may mention the world”: 
cardinality. In the case of Inf, it will be remembered, the classicar 
analysts, quite correctly I think, objected to this assumption. Bu 
then, I make it only for demonstration purposes. Waive therefore 
both objections and consider whether, if they are waived, the foll 
lowing definition would be adequate. A logical sentence is ana: 
lytic if and only if it is true for c. I submit that the definitiorr 
would be adequate. To me that is evident, just as evident as that 
in the sentential case (first part of the complete explication) the 
mathematical notion of a truth-table tautology shows what w : 
mean by analyticity. I speak of ”evidence”, as I spoke of "de- 
monstrating” the connection, because I am convinced that we 
stand here at the very limits of argument, in the strict sense 
of argument. This, however, does not mean that all talk must. 
cease. Some comments may still serve a purpose. I shall make 
two. The first clears the ground; the second goes to the heart of 
the matter. 

First. It is not the connectives that are explicated by the truth 
tables; for the very good reason that they need no explication. I 
dom't even know what it could mean to explicate them. Rather, 
the tables explicate what is meant by calling certain sentences: 
analytic, namely, I speak succinctly, those whose analyticity de-: 
pends only on the connectives. Similarly, the definition which we: 
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i now consider (for demonstration purposes only) does not help us 
i to explicate "all and 'some”. Again, I do not know what it could 
mean to explicate them. Rather, it explicates what is meant by 
calling certain other sentences analytic, namely, those whose ana- 
lyticity depends, I speak again succinctly, on the quantifiers. 
Second. Take a theorem of the lower functional calculus and 
close it universally for all variables. As is well known, it is true 
for all cardinalities (2>0); hence also for c. In our demonstration 
world the original formula is therefore true for all possible pre- 
dicates. My comment is that the idea expressed by the phrase 
"true for all possible predicates” is the heart of the unexplicated 
notion of analyticity. Some may grant that and yet balk at this 
point in case the prefix contains existentially quantified predicate 
variables.” I merely suggest that they replace "(3f) by "> (f) —”. 
Call this feature the combinatorial core of the unexplicated no- 
tion of analyticity and, accordingly, the property a logical sen- 
tence must possess if upon our provisional definition it is to be 
analytic, combinatorial universality. I have no doubt that an ex- 
plication, to be adequate, must contain this feature and, there- 
fore, make use of validity theory. The connection I set out to 
demonstrate is thus close indeed. The task, as it now appears, is 
to preserve the feature of combinatorial universality and, at the 
same time, get rid of the dependence on c. 

Under the circumstances one idea readily comes to mind. Per- 
haps one could arrive at an adequate explication by defining as 
analytic those and only those logical sentences which are valid in 
all nonempty universes. The qualification, nonempty, is perfectly 
natural. Mathematically, the case of the so-called empty universe 
is trivial, or very nearly so. Philosophically, it does not even make 
sense. It does make sense, of course, to speak of properties not 
exemplified in a world. But the notion of an ”empty” world is an 
entirely different matter. It is, at any rate, beyond my grasp.' 
So I shall henceforth not bother to mention this obvious qualifica- 


3 An analysis of some reasons for this resistance may be found in ”Particu- 
larity and the new nominalism”, Methodos, 6, 1954, 131-48. 

7 See Herbert Hochberg, "A note on the empty universe”, Mind 66, 1957, 
544-546. 
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tion. Now for the proposal. The primitive sentences of the lower 
functional calculus are true in all universes. That is familiar. Ex- 
cept for Ext, Inf, and Sel, the remaining primitive sentences of 
our formalism are obtained from those of the lower functional 
calculus by raising the type level. They, too, are therefore true 
in all universes. The derivation rules, by a familiar proof pattern, 
preserve this property. Ext is true in all universes by the very 
nature of the interpretation. All theorems, except those based - 
on Inf, would therefore be analytic. Promising as that looks, Inf 
stubbornly remains. It is false in all finite universes. That stops- 
us in our tracks. The attempt has failed. A new idea is needed. 
Before suggesting one, I want to reflect briefly on what a philo-. | 
sopher ought and ought not to do in situations like the one in 4 
which we find ourselves at this juncture. E 

The facts of science are what they are. Sometimes the philo- 
sopher must take them into account. Of course he must. But it 
is just as important that he know when to leave them alone. On 
this I spoke my mind quite bluntly when it came to counting out 
the world. What holds for science holds equally for mathematics. 
Stopped in our tracks by the facts of mathematics, if I my so 
call them, we need a new idea. In some such situations we may 
acquire it by learning more mathematics. Of course we may. It 
may even pay to wait for new mathematical discoveris. But it is 
just as important to know when to leave mathematics alone, 
looking instead for the idea to turn up in a fresh examination of 
the philosophical problem. This is the course I shall take. 

The connection between logic and analyticity is obvious. Thus 
it stands to reason that we may improve our chances by ridding 
the mathematical machinery we employ of all superfluity, that is, 
of anything not an accurate image of the fundamental ideas of 
logic, or, what amounts virtually to the same thing, of the syn- 
tactical structure of L. If my choice of L is correct, there are five 
such fundamental ideas, falling into three groups, each corres- 
ponding to one of the three parts of the complete explication 
of analyticity. The first, corresponding to the first part, contains 
the two ideas of sentence and connective; the second, which cor- 
responds to the second part, those of predication and quantifica- 
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(tion; the third, corresponding to the third part, the single idea 
Iof intentional meaning ("M'). The first group has its accurate 
imathematical image in the machinery of the truth tables. Our 
iconcern is, of course, with the second. It does not contain the 
Jidea of individuality. To see why that is important, consider, first, 
the philosophical use of individual. An individual is what is or 
could be named by the zero-type constants of L. Remember, 
I second, that all that matters in PM are the arithmetical diffe- 
Irences among the type numbers of the several signs contained in 
ja sentence or a finite number of such. The absolute numbers do 
i not. Take, third, the paradigm of predication, 'a is B'. If my choice 
lof L is correct, 'a and 'B' are of types n and n+1, respectively; 
' but, again, the value of n does not matter. I conclude, fourth, 
that while the accurate image of predication is class membership,” 
I the points of our universes are the image of individuality. The 
following definition gets rid of the superfluity thus revealed. A 
logical sentence is valid for c (i.e., valid in all universes of cardi- 
nality c) if and only if it as well as the sentences obtained from 
it by raising or lowering its type level in all possible ways are true 
for c. For instance, '(f) (y) [LIÉ(k]) 2fly)] is valid in a given 
universe [it is in fact valid in all) because not only it but also 
RR ERNER SEDEN KERSTIN 
are true in this universe. The definition exploits that feature of 
arithmetic, as reconstructed in PM, which is known as its syste- 
matic ambiguity. Mathematicians in their obsession with elegance 
dislike it. The authors of PM were almost apologetic about it. 
Exploring its philosophical significance, however, makes it not 
only appear perfectly natural but even yields a hint, namely, to 
build the explication of analyticity not on the notion of truth in 
a universe but, rather, on that of validity in a universe. To find 
out how far this idea will take us we must investigate the dif- 
ferences between the two notions. 

Conventionally, the type hierarchy of PM is of the order 
ÖCIT2, 3, .:. Ifa universe is of cardinality c, the totality of its 


> If anyone should wonder whether I can consistently say that, even 
though L” is not wholly extensional, I would have him remember that 'M” 
is not a predicate but a pseudopredicate. See ”Intentionality”, l.c. 
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point sets is of cardinality 2", the totality of sets of such sets of: 
cardinality 22", and so on. By Cantor's theorem, each member of: 
the progression thus obtained is smaller than the next. That 
yields the following results. (a) A logical sentence true for onlyy 
one cardinality is not valid for any. Sentence (7) above will serve? 
as an example. (b) If n is finite, a logical sentence true only for: 
cardinalities <n is not valid for any. Sentence (6) above will. 
serve as an example. (b') To see that (b) does not hold for in-- 
finite n, one merely has to consider the negation of Inf, which ist 
valid for all finite universes (c<No), though of course not valid: 
for any other. For a more elaborate example, take 


(0) (PIN (FE) IPeseEI VERS ON 


where 'N? and "Post? stand for "number and ”posterity of zero'' 
as defined in PM. (9) says materially that the universe is at mosti 
denumerable. It is valid for all finite universes. Unlike the nega-- 
tion of Inf it is also true for No. But it is not valid for xo. (c) All 
primitive sentences of our formalism except Inf are valid in alll 
universes. So are all theorems except, again, those based on Inf.. 
(d) Inf is valid for all cZ No. Let us take stock. (a) and (b) show” 
that we got rid of two classes of bothersome sentences. (c) shows: 
that we suffered no loss. This is progress. But validity, like truth, | 
depends on cardinality. In particular (d) remains bothersome. 
We must try again. | 
Call a sentence valid from c on if it is valid for all cardinali- 
ties Zc. Call it eventually valid if and only if there is a cardi- 
nality such that it is valid from this cardinality on. Consider the 
following definition. A logical sentence is analytic if and only if 
it is eventually valid. I believe that the definition is adequate. 
(More precisely, it is the definitional step of an adequate ex- 
plication.) To show the adequacy of any explication is, in a sense, 
an unending task. But one may and one sometimes must begin 
what, in a sense, one cannot finish. I shall do three things. (I) 
I shall use elementary arithmetic to show that in spite of the 
substitution of eventual validity for validity in all universes the 
proposal achieves all one can reasonably expect. (II) By ex- 
tending the conventional type hierarchy I shall so tighten the de- 
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I 
| inition of validity that no logical sentence will be valid in any 
universe without being valid in some universes of cardinalities 
ihigher than any one arbitrarily selected. The negation of Inf will 
äthen not be valid in any universe. (III) I shall support my pro- 
tposal indirectly by showing that an objection likely to be raised 
is without ground. 


I. Building arithmetic into L is not to construct it but to re- 


ipay if we take another look. PM, everyone knows, purports to re- 
I construct arithmetic. "The class of all pairs”, for instance, is of- 
I fered as the reconstruction of ”two”. What is the nature and pur- 
ipose of this enterprise? The answer has three steps. First. A 
Ireconstruction is successful, or, rather, it is a reconstruction only 
lif, in some sense of 'meaning', it means what it purports to re- 
| construct. Is then the reconstruction of arithmetic in PM success- 
I ful? I am prepared to argue that it is. This, however, is a long 
I story and not the one I set out to tell in this essay: So I shall take 
lit for granted. Second. A reconstruction is not an explication; if 
i only because, once more, two', like 'and” and "all, needs no ex- 
| plication. Third. The purpose of a reconstruction is to serve as a 
I tool in the explication of philosophical questions about the things 
| named by the terms reconstructed. If a (successful) reconstruc- 
tion can so serve in an adequate explication then one may, deri- 
 vatively, call it adequate. Again, the PM-reconstruction of arthi- 
metic is the only adequate one I either know or can think of. 
There are several reasons for that. The only one that concerns us 
is that in this reconstruction arithmetic becomes analytic. Let 
us limit ourselves to elementary arithmetic. If (a) the PM-recon- 
struction of the integers is successful and (b) the proposed ex- 
plication of "analytic is adopted, then elementary arithmetic can 
be shown to be analytic. Of course it can, since the only offender, 
Inf, is valid from 8o on. Nor need we worry about the details of 
the demonstration. They may be found in PM. The first premiss, 
(a), I just said I would not argue in this essay. With respect to 
(b), though, I undertook to show, in the case of elementary 
arithmetic, that the critical substitution of eventual validity for 
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validity in all universes is perfectly reasonable. I am now ready 
to do that. 

There is an infinite number of integers and they are all thingg 
of the same kind, namely, integers. Taken commonsensically,;, 
these are truisms. Since I mean them commonsensically, I do nov 
hesitate to use 'infinite', thing', and kind” in this manner. If Li 
is what for quite a few reasons I believe it must be, namely, 2: 
subject-predicate language, then each integer must be recon- 
structed as a predicate. Their being all of the same kind can onlyr 
be reflected by these predicates being all of the same type. Hence; 
since there is an infinite number of integers, L must contain a 
infinite number of predicates of at least one type. In validity 
theory a predicate becomes or ”is” either a point set, or a set of 
such sets, and so on. Is it reasonable or does it even make sense 
to look for an infinite class of predicates (of any one type) in 
finite universe? In every infinite universe, on the other hand, 
one can find (and Russell has found) the required infinite class: 
(or, in view of the systematic ambiguity, classes). Each predicate 
of this class reconstructs one integer. The reconstruction of arr. 
arithmetical proposition is a logical sentence. If the propositiorr 
is true then its reconstruction can be shown to have the property; 
of combinatorial universality in all infinite universes. Is it reason= 
able, I ask again, or does it even make sense to expect more by 
way of demonstrating the explicable core of the philosophical 
proposition that (elementary) arithmetic is analytic. | 

At this point one might wonder whether validity for an appro- 
priate cardinality rather than, as I suggest, eventual validity is 
not perhaps the adequate explication. For elementary arithmetic, 
for instance, the appropriate cardinality would be So. I don'ti 
think the proposal will do. I agree that for some logical sentences: 
there are appropriate cardinalities. For such a sentence the idea: 
of reconstructing it in universes of a cardinality smaller than the: 
appropriate one simply makes no sense. That is indeed part of 
my point. But then, would we still want to call elementary arith-: 
metic analytic if, per absurdum, it could be shown not to be valid! 
in even one nondenumerably infinite universe? 

II. Whenever in the last section I spoke of arithmetic I took 
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I care to qualify it as elementary. There was a point to that. As 
I long as we are satisfied to reconstruct elementary arithmetic, 
i the conventional type hierarchy (0, 1, 2, ...) will do. In fact, 
ta small part of it would serve that purpose. But it is very doubt- 


ful, to say the least, whether it will do when we wish the re- 


construction ” to comprehend the whole of arithmetic, including 


the theory of transfinite numbers. Conversely, it is more than 
plausible that this goal can be reached if we extend the con- 
ventional type hierarchy by means of the transfinite ordinals, of 
which there is no largest. So I shall do three things. (a) I shall 
extend both the hierarchy and the syntactical interpretation. 
(b) I shall inquire what the extension implies for validity. (c) I 
shall show on philosophical grounds which have nothing to do 


I with arithmetic that this extension, however unconventional it 


may be, is yet quite reasonable. 

(a) Assign to each transfinite ordinal a type of vari- 
Bbleskt fras fo andiso on; Addrall: thesevariablesito 
our formalism (and to the L” orginally proposed). The addition 
produces no change in its logic. For, again, all that matters are 
the arithmetical differences among the types of the signs occur- 
ing in a sentence. Notice that since some transfinite ordinals 


— (e.g., w) have no predecessor, signs of their types appear always 


as subjects and never as predicates. That is the cue as to how the 
conventional validity theory may be extended. Take a universe of 
cardinality c. The types of the conventional hierarchy (I speak 
concisely) are interpreted into its points, point sets, sets of such 
sets, and so on. The predicates of type w we interpret into the 
points of a second set, which we adjoin to the first. The cardi- 
nality of the second set is the smallest larger than all members 
of the progression c, 25, 27, ... (The cardinalities are well- 
ordered. Hence there is a smallest.) In the second set we pro- 
ceed conventionally. For 2w we adjoin a further set. And so on. 
Otherwise there is no change. 

(b) A logical sentence is valid for c if and only if it as well as 


? Ån axiomatization is as such not an adequate reconstruction. For how 
could one otherwise explicate the difference between arithmetic on the one 
hand and geometry or, for that matter, physics on the other. 
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all the sentences obtained from it by raising or lowering its type 


level in all possible ways are true for c. This was our definition - 


of validity in a universe. We need not change it. Or, rather, we 
need not change its wording. But the ”raising and lowering” now 


ranges over the whole of the extended hierarchy. This material | 


change has important consequences. To be valid in any universe, 
a logical sentence must now be valid in some of a cardinality 


higher than any one arbitrarily selected. The negation of Inf, in 


particular, is therefore no longer valid in any universe. Generally, 
as far as we know, each logical sentence belongs now to one and 
only one of three kinds. (a) Either it is not valid in any universe. 


(6) Or it is valid from a certain cardinality on. (7) Or one can for / 
each arbitrarily selected cardinality find two larger ones for one - 


of which it is valid while for the other it is not. I said as far as 


we know in order to guard against the possibility that there are . 


no logical sentences of the kind (y). Of this presently. 

(c) Some philosophers, including myself, believe that L need 
contain no descriptive constants but of type 0 and 1, i.e., those 
naming either individuals or characters exemplified by individuals. 
The vast majority of those holding this view do not therefore 
reject the conventional type hierarchy, presumably because they 
believe it to be needed for the reconstruction of arithmetic. If, 
therefore, one takes seriously the demand for the reconstruction 
of the whole of arithmetic and if I am right that in order to 
satisfy that demand one must extend the type hierarchy in the 
manner proposed, then the extension becomes inevitable. Per- 
haps I could let it go at that. But I promised to show, on philo- 
sophical grounds which have nothing to do with arithmetic, that 
however unconventional this extension may be, it is yet quite 
reasonable. 

If the type hierarehy were of the order...» 2, —I «OL 20 
the logic of the formalism would still be the same. Take such a 
formalism; add to it undefined descriptive constants in such a 
manner that there is no lowest type to which they are assigned; 
and assume that, so supplemented, it becomes the ideal language 
of a world. In that world there are no individuals. This shows 
that there being some in ours is a matter of fact. (This, to be 
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Isure, is a philosophical use of fact; but I don't think I need stop 
to explain it.) Consider next a world with an L otherwise like 
Tours except that it contains undefined descriptive constants of 
iof type w. (I limit myself to this case.) Since, as we saw, these 
Tconstants appear always as subjects and never as predicates, the 
Äthings they name would be of a peculiar kind and we might not 
inappropriately call them "higher individuals”. The point of all 
"äthis is obvious, I trust. Just as it is ”merely a matter of fact” that 
äthere are individuals in our world, so it is also merely a matter of 
Ifact that there are in it none of the higher kinds. Thus it is not 
dat all strange and in fact quite reasonable that our ”logic” should 
Aprovide for the possibility of there being some. 

| II. I started by erecting three guide posts to direct the search 
ifor an adequate explication of analyticity. Some classical ana- 
flysts, notably Carnap, added a fourth. Every logical sentence must 
ibe analytic or the negation of one that is analytic (contradictory). 
iDoes our explication satisfy this condition? That depends on 
i whether there are logical sentences of the kind y, or, briefly, 
1 7y-sentences. For, upon our explication, every analytic sentence 
| is a P-sentence; its negation is an a-sentence, and conversely. But 
i the negation of a y-sentence is a y-sentence. It follows that our 
I explication fulfills Carnap's condition if and only if there are no 
I y-sentences. Among (the closures of) the logical sentences of the 
lower functional calculus we know that there are none. Every 
I such sentence which is (upon our definition) valid in any universe 
Lis also valid from 8. on. That is the famous theorem of Loewen- 
I heim. So one may well wonder whether there is not perhaps for 
| every logical sentence a cardinality c, depending on its type 
I structure, such that if it is valid (as here defined, not just true!) 
I for any universe, it is also valid from c on. I don't know. Nor do 
I know whether the question ever occurred to any mathematician. 
Or, if it occurred to one, whether he found it very difficult or 
could immediately think of counterexamples which are, to him, 
obvious and decide it negatively. Once again, we are up against 
the facts of mathematics. Should we try to learn more mathe- 
| matics or, even, try to make a mathematical discovery? Some 
may think so. I prefer to examine the philosophical ideas that 
6 
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led to the erection of the guide post. So I shall next state themr 
in a capsule and in the form of an argument. 

For a sentence to be analytic (or contradictory) and to be : 
logical truth (or falsehood) is one and the same thing. For a 
sentence to be a logical sentence (or derived from one by instan: 
tiation) and to be a logical truth or falsehood is one and the same 
thing. But every sentence is either true or false. Hence, every 
logical sentence is either analytic or contradictory. This is tha 
argument. The gap which invalidates it lies between ”logica: 
sentence” and "logical truth”. One may not notice this gap ifi 
using the two words philosophically, one too facilely identifier 
the logical with the linguistic and believes, however, implicitly, 
that logical signs are, if I may so express myself, linguistic på 
excellence. This, however, is not to deny that there are important 
differences between the two kinds of signs called logical an; 
descriptive respectively. The differences appear in the syntactica: 
and interpretation rules of the formalism. If one wishes, one may) 
refer to them by calling the logical signs ”linguistic”, thus ex: 
plicating one philosophical use of "linguistic. But then one must 
not in the same argument use the same word differently, as, fox 
instance, in "logical (linguistic!) truth. For these reasons I reject 
Carnap's guide post, irrespective of what the facts of mathematic: 
may be. If the Loewenheim theorem is generalizable for the 
higher types then our explication gains in elegance, simply be- 
cause the world is that way. If not, it does as well as one can do 
in the face of the facts. Moreover, it would seem that any defens- 
ible purpose of Carnap's condition is just as well served by my 
third guide post, according to which in analytic truths descriptive 
signs occur, if at all, only vacuously. 


I have made my proposal and supported it by three arguments 
or groups of arguments. Jointly they go a long way toward estab- 
lishing that the proposed explication of "analytic is adequate; 
provided only that L” is L. I say that they go a long way because te 
establish the adequacy of even a single explication is, in a sense, an 
unending task, just as it is an unending task to justify one's majon 
gambit, the choice of a candidate for L. The only difference is that 
while one can and must argue directly every single explication, it 

| 
| 


| 
| 
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4 does not even make sense so to argue for one's choice of L. That can 
1 only be done indirectly, by demonstrating the success of one's can- 
j | didate in an ever increasing number of explications. Thus I have 
I done what I set out to do. Three comments will round it out; 
1 first a few words about the axiom of choice; then a few more 
FT about reducibility; and, finally, redeeming a promise to identify 
1 the feature shared by the three parts of the complete explication 
I of analyticity. 

I At the turn of the century, when what we now know as ana- 
I lytical philosophy was in its youth, the three primitive sentences, 
I Inf, Ext, and Sel were equally prominent in the discussion of the 


i analyticity problem. To Inf I gave a good deal of attention. Ext, 


kl We saw, is guaranteed by the very nature of the syntactical inter- 
i pretation; philosophical doubts about it are allayed by the re- 
I cognition that L has a nonextensional part. The axiom of choice 
| (Sel) was mentioned when I set the stage by a few remarks about 
I the structural history of the problem; then I let it silently drop 
out of the discussion. It is now my business to explain this 
I silence. 

Sel is a truism. No one would either think of guestioning its 
i truth or, in nonformalized mathematics, try to prove it. Also, Sel 
1 is valid in all universes. That defines my task. What really needs 
explaining is not my silence but, rather, that there ever was so 
much commotion. Sel itself is trivial, to be sure. But what one 
| can strictly deduce from it, after one has taken the trouble of 
+ explicitly stating it, is far from trivial and, even, surprising. (This 
| is the only kind of surprise to be had in mathematics.) Among 
| the nontrivial consequences of Sel and in fact equivalent with it 
is, for instance, the well-ordering theorem. Mathematicians thus 
had very good reasons and, if they work in certain areas, still 
have very good reasons for their interest in Sel. The philosophers” 
case is different. Mathematicians tend to lose interest in anything 
; that cannot be axiomatized. In mathematics that is quite proper. 
In philosophy it isn't. At the beginning of this century, however, 
the most active philosophical students of logic were all under the 
spell of the axiomatic method. Some still are. Goedel, by showing 
that "analytic cannot be defined axiomatically (I speak suc- 
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cinctly), should have taught them better. Unhappily his work had 1 
the opposite effect. Some philosophers, taking from mathematics ; 
what was for them the wrong cue, lost interest in the problem of f 
analyticity. Another bad effect of the axiomatic bias is over-con- - 
cern with whether or not a certain tautology must be included l 
among the primitive sentences of a (partial) axiomatization. One: 
so biased does not see that any tautology is philosophically as; 
good as any other. This is why some philosophers were quite: 
concerned when it turned out that if certain parts of arithmetic: 
are to be reconstructed, Sel has to be added to the primitive sen- - 
tences of PM. Yet there was no good reason for either concern i 
or surprise. On the one hand, it had long been known that, 
strictly constructed, those parts of arithmetic rested on Sel. On: 
the other hand, Sel and Ext are the only primitive sentences of' 
the (partial) axiomatization L” in which the types of the sige. 
range over three steps (e.g., 0, 1, 2). In all others they range only ' 
over two. Small wonder, therdför that the former could not be : 
derived from the latter. | 

Like Inf and Sel, the so-called axiom of reducibility (Red) was : 
for a time very prominent in the discussions of the analyticity | 
problem. By now its interest is only historical or, in some con- 
texts, mathemathical. Yet I shall say a few words about it. For | 
it may be instructive to see how the proposed explication tri- 
vializes what was once a weighty question. To explain what is 
involved, I shall brush aside all technicalities and limit myself to | 
the first two subtypes (ramifications) of the first type. An ex- | 
pression &£[...x...] is called a predicate context (briefly, con- | 
text) if and only if "...y ... is an (open) sentence; or, what 
amounts to the same thing, if and only if in f(y) the context can 
be substituted for £. E.g., £[g(x) Vh(z)] is a context, yielding 
in this manner 'g(y) Vh(y)'. A context is impredicative if and 
only if it contains at least one quantified predicate variable. 
Otherwise it is predicative. Red asserts that for each impredi- 
cative context there is a predicative one which is formally equi- | 
valent to it. As it was stated, and as I restated it, Red is anything | | 
but clear. We know, though, that the question debated was | 


whether Red was analytic. Thus there is no doubt that we must | 
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i turn to the syntactical interpretation into universes. There, we 
ff know, two contexts are formally equivalent if and only if they 
tare interpreted into the same point set. But then, which point 
if sets are involved? Or, to say the same thing differently, what 
I shall we make of the 'each' I italicized? There are two possi- 
Ii bilities. 

| Given a universe, select from the set S of all its point sets a 
i proper subset S'. Form the set S” obtained by substituting for 
I the predicate variables of all predicative contexts any member of 
IS. Consider next the set T whose members are the point sets 
I obtained by substituting for all free predicate variables of all im- 
I predicative contexts any member of S”, stipulating at the same 
i time that the predicate operators in these contexts range only 
i over S”. One may take Red to assert that T is contained in S”. 
i Given a universe and a class S', Red, so interpreted, asserts some- 
i thing definite. What it asserts obviously may be either true or 
é false, depending on the choice of S'. This is one possibility. It 
I would seem that it is what the authors of PM had in mind. 

+ For the second possibility, distinguish syntactically two kinds 
Hötbtypes): of predicate variables, f", gj sc fr; g js Ad- 
| mit only predicative contexts within each subtype but let the 
I closures of those of the first subtype be legitimate substitution 
| instances for the free variables in those of the second subtype. 
I Since the question of analyticity is involved, we must first of all 
i look for an interpretation of the two subtypes into our universes. 
| The discussions that went on leave no doubt that both must be 
| interpreted into point sets. That leaves two alternatives. We may 
| interpret the first subtype into a subset S' of S. (I use the same 
| notation as before.) That leads back to a variant of the first 
| possibility. Or we may interpret the first subtype into S. Then 
i the second subtype, too, must be interpreted into S and not into 
| any proper subclass of it. To see that, one merely has to consider 


(10) fR)=(6)WIIFR)-180=50)1; 


20 In view of the limitation to the first type, the superscripts can for the 
moment serve to indicate its subtypes. 
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which shows that every set can be written impredicatively. But: 
if both subtypes are interpreted into S, Red becomes trivially r 
valid in all universes and, therefore, analytic. 
That much about the axioms of choice and reducibility. I am i 
ready to turn to the last task I set myself. It will not take long. | 
Mere technicalities apart, an anlytic sentence is of one of three: 
kinds. Either it is a truth-table tautology. Or it is eventually; 
valid. Or it is of one of the two forms '""... M ... and[| 
"I Mxxxxx. If of the first kind, it is a sentential com--: 
pound yielding the value ”true” for all possible evaluations of its; 
components in the two-valued Boolean algebra of ”true” andl 
false”. If of the second kind, it is true for all possible interpre- 
tations into the points, point sets, sets of such sets, and so on,: 
according to type, of all universes from a certain cardinality on. 
The rules of L” determine as either analytic or contradictory-all 
possible specifications of the basic sentential pattern containing 
'M”. The recurring phrase is ”all possible”. Analyticity is a com- 
binatorial notion. The feature shared by the three kinds of ana- 
lytic sentences is combinatorial universality. I introduced this 
phrase in connection with the second kind. But it fits the other 
two as well. The differences among the three criteria — all possible - 
evaluations, all possible interpretations, all possible sentences —' 
are fully acounted for by the differences among the sentences to 
which they apply. In other words, there are three kinds of ana- 
lytic sentences and the complete explication is accordingly tri- | 
partite. But there is only one kind of analyticity. | 
Some, agreeing with all this as far as it goes, may yet feel that 
it does not go very far. I shall make bold to diagnose the source 
of their dissatisfaction. The crucial phrase, all possible, occurs 
over and over again in the unexplicated statements the classical 
philosophers made about analyticity. They spoke, for instance, 
of all possible worlds. To one in whose mind those statements 
reverberate the substitution of talk about all possible combina- 
tions in, say, a Boolean algebra for talk about all possible worlds 
may seem a come-down if not, even Wworse, a qui pro quo. I 
merely observe that in the last sentence "possible" is used once | 
commonsensically (all possible combinations), once philosophi- | 
| 


| 
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kally (all possible worlds): And philosophical uses stand in need 
bf explication. According to one such use of "possible', a state of 
affairs is possible if and only if the negation of the sentence re- 
Kerring to it is not analytic. That closes the (Ske 
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The argument from illusion is used ME Berkeley both in A Trea-. 
tise concerning the Principles of Human Knowledge (= Pr.) and: 
Three Dialogues between Hylas and Philonous (=D-.). It occurs: 
in at least two different versions, and seems to lead to different 
conclusions. Sometimes it is intended to prove Berkeley's idea— 
listic thesis. ; 

Let us begin with an analysis of a version of the argument, ad—- 
duced by Philonous in the first dialogue, when he discusses dif-- 
ferent sensible qualities. | 

In regard to the qualities heat and cold, Berkeley takes up: 
Locke”s example. Philonous first lays down that a doctrine whicht 
leads us into an absurdity cannot be true, and that it is ”an ab-- 
surdity to think that one and the same thing should be at the: 
same time both cold and warm” (Works edited by Luce andl 
Jessop, II 178). Next, he adduces the wellknown fact that, if I! 
put my two hands, the one warm and the other cold, into the: 
same vessel of water of an intermediate temperature, the water: 
will seem cold to the one hand and warm to the other. Now, if: 
we suppose that the perceived qualities really are in the water, , 
then the absurdity arises that the water is at the same time both i 
cold and warm (II 178 f.). 

Thus, some presupposed premisses, together with the per- 
ceived fact that the water seems cold to the one hand and warm 
to the other, lead into an absurdity. Which are these premisses? 
I think, de can be summed up by the following four proposi- 
tions: 
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(1) One and the same thing cannot simultaneously have two 
incompatible qualities; 

(2) the qualities cold and warm are incompatible; 

(3) a perceived quality is real or exists, i.e. is really a quality 
of the thing perceived, and 

(4) the water which seems cold to the one hand and warm 
to the other, is (identically) one and the same object. 


These premisses together with the proposition describing the 
fact that the water is perceived as cold by one hand and warm 
| MM the other, leads to an absurdity. According to (3) and (4) 
I it follows from the perceived fact that one and the same water 
| is at the same time both cold and warm, and this, according to 
| (1) and (2), is an absurdity. 

This version of the argument Berkeley applies also to other 
sensible qualities, colour, extension, etc. in respect to which a 
relativity of our perceptions can easily be established. Now, it 
is clear that the mentioned absurdity does not follow from the 
relativity of our perception of sensible qualities if some of the 
premisses should be abandoned. If, e.g., the premiss (2) does not 
| hold true, i.e. if cold and warm are compatible, like cold and 
sweet, there is no absurdity in assuming that one and the same 
thing has both characteristics at the same time. The premisses 
(1) and (2) seem to be generally accepted, and Berkeley pre- 
supposes them as self-evident. The premiss (2) is tacitly pre- 
supposed, the premiss (1) Philonous refers to in the passage 
quoted. The status of the propositions (3) and (4) is not equally 
clear. It is worth while to examine them. 

The premiss (3) states, that all perceived qualities are real, 
really exist in the object perceived. Hylas explicitly lays this 
down at the beginning of the first dialogue. He says: "Whatever 
degree of heat we perceive by sense, we may be sure the same 
exists in the object that occasions it” (II 175) and again in 
respect to colour: ”each visible object has that colour which we 
see in it” (II 183). Every sense-perception is a perception of 
something existing or real; that is the opinion from which Hylas 
starts. This opinion, sometimes called "”naive realism”, has, 
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strangely enough, often been ascribed to commonsense. Hylas is 
indeed considered to represent the commonsense view. But such 
expressions in common speach as ”this thing is in fact red, but 
appears pink to me just now”, show clearly, that commonsense 
distinguishes between real and apparent sensible qualities. Hylas, 
when starting the discussion, does not make this distinction. Not 
until he realizes the absurdity shown up by the argument from 
illusion, is he willing to abandon the premiss (3), and to in- . 
troduce the distinction between real and apparent sensible qua- 
lities. He remarks about the red colours of the clouds: "I must 
own, Philonous, these colours are not really in the clouds as they 
seem to be at this distance. They are only apparent colours” 
(II 184). This distinction is the first attempt to escape the con- : 
sequences from the argument from illusion. This is also the ob- 
jection to the argument which is most easily found. The argu- 
ment is deprived its nerve by the abandonment of the proposi- 
tion (3) which is one of its premisses. 

But is this solution of the difficulty possible for Berkeley's 
part? There are two points which have to be noticed here. (i) 
Berkeley can at most give another interpretation of the proposi- 
tion (3), but he cannot abandon the thesis that what is per- 
ceived is real, as this thesis is one of the basic principles of his 
theory. And (ii) Berkeley, when referring to the argument from 
illusion — at least in some passages —, intends to show the sub- 
jectivity not only of some sensible qualities, but of all such 
qualities. 

Before discussing these points, let us examine another variant 
of the argument from illusion. In Pr. Berkeley states about sens- 
ible qualities: ”It is proved that sweetness is not really in the 
sapid thing, because the thing remaining unaltered the sweetness 
is changed into bitter, as in the case of a fever or otherwise 
vitiated palate” ($ 14, II 47). In the first dialogue Philonous 
points to the fact that the perceived colours change or disappear 
entirely, when a change takes place in my eye or when the 
distance to the thing perceived alters without any alteration in 
the thing itself (II 185 f.). When he concludes that the perceived | 
colours do not inhere in external things, he bases his opinion on | 
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the following argumentation: ”in case colours were real properties 
ror affections inherent in the external bodies, they could admit 


itbodies themselves” (II 185). We can take this proposition: 


IR (5) if a quauty inheres in the object, the change of the 
| quality involves the change of the object, 


fä 
HH 


The proposition (5) is introduced by Berkeley as something 
il self-evident; it seems to be meant as an analytic statement the 
I truth of which follows from the meaning of the inherence of a 
| quality in an object. Only if the object changes, with a change 
Iof the quality ascribed to it, is it correct to say that the quality 
| inheres in the object. Considered as a premiss, the proposition 
: (5) replaces the premisses (1) and (2) of the first version of the 
I argument. It replaces (2), as the change of a quality means the 
I change of one quality to another which is incompatible with the 
i first. The first version of the argument covered the cases in which 
I two incompatible qualities were perceived simultaneously in the 
I object by one or several observers. This version needed, there- 
| fore, the premiss (1) which stated that two incompatible quali- 
| ties cannot really simultaneously inhere in the object. The second 
| version of the argument, on the other hand, covers the cases in 
I which a change of a quality, i.e. a succession of two incompatible 
| qualities, is observed by one or several observers. Here the pre- 
miss (1) has no function. It is replaced by (5). The proposition 
(5) and the abovementioned premisses (3) and (4) together 
with the fact that sensible qualities which are perceived in an 
object change, whilst the object remains unchanged, lead to a 
contradiction. If (3) and (4) hold true, the object in this situa- 
tion ought to, but really does not, change. 

To avoid this contradiction one needs only to question one 
of the premisses. The easiest solution of the difficulty secins also 
here to be the abandonment of premiss (3), that all qualities 
perceived in the object really are in the object. Some of them at 
least must be apparent or subjective. This is also the solution to 
which Hylas resorts in the passage quoted above. But can Ber- 
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keley accept this solution? It is worth while to examine his ownr 
view in respect to the argument in question. 
In $ 15 of Pr. Berkeley correctly points out what can be in-- 
ferred from the given premisses. In respect to the different ver-- 
sions of the argument from illusion, ”which are thought mani-- 
festly to prove that colours and tastes exist only in the mind”,, 
he urges, that "it must be confessed this method of arguing does: 
not so much prove that there is no extension or colour in the; 
outward object, as that we do not know by sense which is the: 
true extension and colour of the object” (II 47). He remarks; 
further in the same paragraph that other arguments elaboratedl 
in preceding paragraphs show that all qualities are in the mind.. 
The esse-est-percipi-principle, he says, cannot be proved by the: 
argument from illusion alone. Thus, according to Berkeley's ar-- 
gumentation in $ 15, the relativity of our perceptions does not: 
legitimate the idealistic conclusion that all sensible qualities exist: 
only in the mind. What we can infer is only that not all qualities : 
exist in the object. But then, Berkeley seems to argue, the way :' 
is open for the sceptical opinion: we have no means of knowing : 
which of the perceived qualities, if any, really inheres in the ob- | 
ject. In $ 87 this sceptical view is referred to in connection with 
the abovementioned second variant of the argument from illu- | 
sion. ” Things remaining the same our ideas vary, and which of | 
| 

| 


them, or even whether any of them at all represent the true 
quality really existing in the thing, it is out of our reach to deter- 
mine” (II 78). This sceptical consequence, objectionable accord- 
ing to Berkeley, may be avoided, he thinks, by the idealistic 
point of view, i.e. by taking all perceivable qualities to be in the 
mind. In so far, but only in so far, the argument from illusion 
can be said to be an evidence for idealism. 

In D. the situation is not quite clear. There we find two lines 
of thought mixed up in a puzzling way. One of them (a) repre- 
sents the method of arguing, rejected by Berkeley in $ 15 of Pr.; 
the other (b) corresponds to Berkeley's view in this paragraph. 
(a) On the one hand the argument from illusion seems to be 
used by Philonous as an argument for the esse-est-percipi-prin- 
ciple. Having enumerated different examples of the relativity 
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| it not seem to follow, that all colours are equally apparent, and 
that none of those which we perceive are really inherent in any 
foutward object?” (II 185). A few pages later he asks: "Was it 
itnot admitted as a good argument, that neither heat nor cold was 
in the water, because it seemed warm to one hand and cold to 
dithe other?” (II 189). Thus, Berkeley here finds quite correct the 
+ Way of reasoning which he condemned in Pr. He draws the uni- 
4 versal conclusion that none of the perceived qualities is in the 
+ object, although only the conclusion that not all of them are 
tin the object follows from the argument. 
Was it a logical blunder or is Philonous” argumentation meant 
Has an argumentum ad hominem? It is hardly possible and not very 
Timportant to decide this. Of greater importance is the fact that 
I this line of thought in D. is mixed up with another. (b) The 
I argument from illusion leads Hylas, as we have seen, to distingu- 
b ish between real and apparent qualities, or, in other words, to 
I give up the premiss (3). But Philonous is not satisfied with this 
& result. He presses Hylas: There are no internal differences be- 
I tween real and apparent qualities and thus there exists no possi- 
i bility to know which of the perceived colours is real. Having re- 
I ferred to the second variant of the argument from illusion, Phi- 
( lonous asks: ”And now tell me, whether your are still of opinion, 
| that every body has its true, real colours inhering in it”, and 
| adds: ”and if you think it has, I would fain know farther from 
I you, what certain distance and position of the object, what pe- 
| culiar texture and formation of the eye, what degree or kind of 
| light is necessary for ascertaining that true colour, and distingu- 
| ishing it from apparent ones” (II 186). He means to say that 
there is no possibility of distinguishing them. This impossibility 
| gives rise to the sceptical view. The sceptical view, this terrible 
philosophical theory, must be avoided, and it can be avoided by 
: supposing all qualities to be apparent. This is obviously the same 
argumentation as the before-mentioned in Pr. Berkeley stresses 
in D., that, perhaps, the strongest reason for the adoption of 
idealism is the sceptical consequence of the alternative view. If 
an external object is to be supposed, he says, "the objections from 
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the change of colours in a pigeon's neck, or the appearances of 
broken oar in the water” (i.e. the variants of the argument fromr 
illusion) "must be allowed to have weight” (II 258). The objec- 
tion has weight, Philonous seems to mean, as far as it shows that 
on this supposition we are driven to a sceptical consequence 
which can be avoided only by the idealistic supposition that therer 
are no external objects. 

According to this way of arguing, stressed both in Pr. and inr 
D., a solution of the absurdity pointed out in the argument from: 
illusion consists in abandoning the premiss (3) by distinguishing: 
between qualities which are real and qualities which are appa-- 
rent or mind-dependent. The argument from illusion as such does: 
not justify the idealistic thesis that all perceived qualities are: 
mind-dependent. This conclusion is reached by additional con-- 
siderations. From the standpoint of Berkeley's idealism there lies, 
however, a difficulty in this argumentation which makes the in-- 
terpretation of Berkeley's utterances much more complicated.. 
The difficulty is not discussed by Berkeley himself. In its exami-- 
nation we must take into consideration some implications of 
Berkeley's utterances, not clearly noticed or deliberated by him-- 
self. | 

The passage of the first dialogue, where Hylas distinguishes: 
between real and apparent sensible qualities in order to solve 
the difficulty pointed out by the argument from illusion, leaves: 
at the first glance the impression that this is, according to Ber-- 
keley, a correct solution of the difficulty. If the premiss (3) is: 
abandoned, the absurdity of two incompatible perceived qualities: 
both simultaneously inhering in the same object is solved. It is,. 
however, clear that Berkeley cannot accept this solution of the: 
difficulty. The premiss (3) is indeed one of the corner-stones:; 
of his philosophy. It is the sensationalistic premiss that our per- 
ceptions are indubitable, and that what we perceive by our senses 
is real. Berkeley admittedly distinguishes between two senses: 
of the statement (3) that the perceived quality is real: (31) the 
quality is real in the sense that it is in (inheres in) an external 
object, and (32) the quality is real in the sense that it is per- 
ceived by, or is in, a mind, and he denies the reality of the sens- 
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If ible qualities in the first sense. While Hylas clearly abandons the 
tt premiss (3), and distinguishes between qualities which really in- 
I here in the object and apparent qualities, which are not real in 
i this sense, Berkeley is of the opinion that all qualities are real 
+ in the same sense, and that none of them inheres in an external 
object. He thus only gives another interpretation of the proposi- 
I tion (3); he understands it in the sense (32) instead of the sense 
1 (3). All ideas are real as far as they exist in the mind. If one 
h wants to say that they inhere in an object, this might, according 
I to Berkeley, be understood as a statement that they are included 
& in the set of ideas or sensible qualities which constitute what we 
& call an object. 

We now can put the question: can the absurdity, pointed out 
I by the argument from illusion, be avoided by interpreting the 
premiss (3) as (32)? This surely is not the case. The same ab- 
surdity follows also from the premisses (1), (2), [or (5)], (4) 
and (32), i.e. when the step is taken from Hylas” realistic point 
of view to the idealistic one of Philonous. If the same water is 
perceived by me as cold and as warm at the same time, and if 
| both perceived qualities are real, a difficulty arises, even if the 
| reality of the qualities means that they are ideas in my mind, 
I both constituting the same thing. The interpretation of the rea- 
lity of the qualities and of the thing as existence in a mind has 
no bearing upon the argument from illusion. 

Now, a possibility to solve the difficulty without abandoning 
the premiss (3), whether interpreted as (31) or as (32), is to 
give up the premiss (4) that the object perceived in different 
perceptions is not identically the same object. It seems to me 
that this is the solution to which Berkeley actually resorts, though 
his line of thought is not quite clear in this respect. It must be 
observed that if the premiss (4) is abandoned, i.e. if it is sup- 
posed that the water perceived as cold and the water perceived 
as warm is not identically the same water, the absurdity pointed 
out by the argument from illusion disappears, no matter which 
interpretation is given to the proposition (3). It disappears in 
other words both on Hylas” original and on Philonous” stand- 
point. On the other hand the difficulties of defining the mean- 
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ing of the expression "one and the same”, which arise when the 


proposition (4) is abandoned are the same also on these different 
standpoints. 

Let us ask what Berkeley means when he speaks about ”one 
and the same thing”. First it can be observed that Berkeley sup- 
poses that the individual mind always is ”one and the same”; 
it is a substance and not a set of states which, perhaps, are like 


each other, but have no persisting unity. As we shall see in a 


moment, Berkeley criticizes what he calls ”the abstracted notion 
of identity”, but he nevertheless obviously supposes that the 


expression ”one and the same”, when applied to the mind, has 
exactly the sense of numerical identity which philosophers have - 
usually attached to this expression. The notion of numerical : 
identity is thus not unknown to Berkeley. It is presupposed also 
in connection with the argument from illusion. The words ”one . 
and the same” in the proposition (1) must be understood as : 
”identically one and the same”, for this proposition to be true or 


self-evident. 


Thus, it seems to be quite sensible to ask, whether two per- | 
sons, who are said to perceive one and the same thing, have, from | 
Berkeley's point of view, two different ideas which are very 


similar, but two and not one idea. It is however impossible 
to find in Berkeley's text a clear answer to this question. More- 


over, this lack of clarity seems to be due to a haziness of Berke- 


ley's notion of the idea. On the one hand the relation to one 
particular perceiving mind, on the other hand only the relation 
to a mind in general seems, according to Berkeley, to be essential 
to an idea. There is some reason to suppose that Berkeley first 
supported the former doctrine, but gradually and without rea- 
lizing all the consequences of this change, shifted his standpoint 
and adopted the latter point of view. If the relation to one parti- 
cular mind (Mi) is essential to an idea (i), the assumption must 
obviously be wrong that the same idea (i) can be perceived also 
by another mind (Mz2). The relation to Mi being essential to the 


idea i, everything which lacks this relation to Mai is not i. Thus, | 
the idea i ceases to exist as soon as Mi ceases to perceive it. Now, 


when two persons (Mi and Mz2) perceive the same table it is | 
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il always possible that one of them shuts his eyes; his idea then 
9 ceases to exist, whilst the other's idea persists. What Mi and Mz2 
I perceive is thus not identically one and the same idea, but two 
d ideas which are similar or exactly alike. This consequence does, 
4 of course, not follow if the relation to a mind in general and not 
+ to one particular mind is held to be essential to the idea. 

| At the end of the third dialogue the question is discussed, 
Hk whether, from Berkeley's standpoint, two persons can see the 
3 same thing. If it is so, that we ”by our senses perceive only the 


+ ideas existing in our minds”, can then — Hylas asks — "the same 


idea which is in my mind . .. be in yours, or in any other mind?” 


IT "Does it not ... follow from your principles, that no two can 


| see the same thing?” Philonous answers that ”it is certain ... 
that different persons may perceive the same thing” provided the 


I term ”same thing” is not used in the sense of ”an abstracted no- 


| tion of identity”, which philosophers pretend to have, but in the 
I vulgar sense (II 247). And he continues: 


"Let us suppose several men together, all endued with the same 
faculties, and consequently affected in like sort by their senses, and 
who had yet never known the use of language; they would without 


I question agree in their perceptions. Though perhaps, when they came 


I to the use of speech, some regarding the uniformness of what was 
I perceived, might call it the same thing; others especially regarding the 
| diversity of persons who perceived, might choose the denomination 
I of different things. But who sees not that all the dispute is about a 
I word; to wit, whether what is perceived by different persons, may yet 
have the term same applied to it?” (II 247 f.). 


Berkeley thus seems to consider a mere question of termino- 
logy whether or not the perceptions of two persons, X and Y, 
of the table in my study ought to be called perceptions of the 
same thing. What X perceives may be exactly alike what Y per- 
ceives, but a difference nevertheless exists in so far as the table 
is in the one case perceived by X, in the other by Y. As an 
answer to Hylas” question, this is, however, quite unsatisfactory. 
The question put by Hylas, when he asks, whether X and Y 
perceive one idea or two similar ideas, has to be decided in order 
to explain what the statement means that X and Y ”agree in 
7 
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their perceptions”. Without such an explanation also the mean- | 
ing of the term ”idea” remains obscure. The term ”idea” being a | 
technical term proposed by Berkeley, the question may be con- | 
sidered a question of terminology, i.e. as the question how to 


use the terms "one idea” and ”two similar ideas”. By leaving this 
question of terminology undecided, Berkeley indeed leaves ob- 
scure also the sense of his term ”idea”. If one has to pay atten- 
tion to the difference between X and Y, i.e. if the relation to the 


particular perceiving mind is essential to the idea, 20s idea and | 
Y”s idea must be called two different ideas, but if the difference 
of the perceiving minds is not essential to the idea, X and Y may | 
be said to have one and the same idea. These two alternatives | 
represents not only two different terminologies, but also two . 


different lines of thought. 


In some passages Berkeley expresses himself as if he favoured . 


the first line of thought. Thus he says in Pr. $ 140: ”blueness or 
heat by me perceived” has resemblance ”to those ideas perceived 
by another” (II 105). On the other hand there are many utte- 
rances in favour of the opinion that not the relation to a parti- 
cular mind but only the relation to a mind in general is essential 
to an idea. Two persons, perceiving the table in my study, per- 


ceive, according to this doctrine, one and the same idea, and not : 


two similar ideas. If I cease to perceive the table, the table, i.e. 
the idea which I perceived, does not cease to exist. Berkeley set 
forth in Pr. $ 48: ”It does not ... follow from the foregoing 
principles, that bodies are annihilated and created every moment, 
or exist not at all during the intervall between our perception of 
them”. The table, when not perceived by me, exists, according 
to Berkeley, as perceived by another mind. Here the interpreta- 
tion that one idea (or one bundle of ideas=the table) is perceived 
by different minds is, at the first glance at least, the most natural. 
Of course, also another interpretation may be given here. The 
statement that my idea is not annihilated when not longer per- 


ceived by me could be said to have the following metaphorical 
sense: when I cease to perceive the table, an idea, similar to my 
former idea while I perceived the table, now exists in another 
mind. Although this interpretation sounds rather far-fetched, it 
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iseems to follow from some theories in Berkeley that we must re- 
F ort to an interpretation of this kind in order to avoid some ob- 
fvious contradictions. If the idea perceived by Mi is exactly alike 
Ito the idea perceived by Ms, then it is plausible, as pointed out 
by Berkeley, to speak of one idea perceived by them both. But in 
ithe case of the perceptions of Mi and Ma not being exactly alike, 
Tit is no longer plausible to say that one and the same idea is 
perceived by both. In this case we must say, that they have two 
isimilar ideas. Now, Berkeley means that the table in my study 
Icontinues to exist, even when no finite mind is in my study; it 
exists as perceived by God. It is, however, clear that the table 
Iiperceived by God cannot be exactly alike the table perceived by 
Ime or another finite mind, God's perception being of a different 
ikind than mine (cf. II 240 f.). In this case it seems necessary to 
Jinterpret the statement that the table continues to exist as per- 
ceived by God as meaning that an idea continues to exist which 
is similar, but not exactly alike my idea of the table. Berkeley 
sometimes uses the terms ”ectype” and ”archetype” in order to 
I characterize the relation between my and God's idea of a thing. 
| It is clear that the ectype and the archetype are not exactly 
lalike. Thus, the statement that I and God see the same table 
I cannot be understood as asserting that both perceive identically 
I one and the same idea. 
| It follows from what has been said that, according to Berkeley, 
I the use of the word ”one and the same” as applied to ideas does 
not presuppose that the ideas are numerically identical, neither 
does it presuppose, that they are exactly alike. There is there- 
fore nothing contradictory in the assertion that two ideas, which 
I are not exactly alike, as the idea of cold water and the idea of 
warm water, are ”the same” idea or ”one and the same” water. 
If in the proposition (4) the term ”one and the same” is taken 
in this wider sense which allows us to say that the water per- 
ceived as cold by the one hand and as warm by the other is the 
same water, in spite of the supposition that both perceived 
 qualities are real, the absurdity pointed out by the argument 
from illusion does not arise. The expression ”the same water” 
means then two different bundles of ideas which can be called 
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This modification of the premiss (4) gives a solution of the dif-- 
ficulty which, as far as I can see, is the only solution acceptabler 
from Berkeley's point of view. | 


Notes on the meaning of rule” 
by 


MAX BLACK 
(Cornell University) 


i 


The word rule” is used a good deal in contemporary philoso- 
phical discussion, but I cannot find any satisfactory examination 
of its meaning. Anybody who undertakes this task will have to 
decide a number of perplexing questions, some of which are dis- 
cussed below. I shall attempt to deal with only a few of the more 
interesting features of the logical grammar of 'rule” and its 
cognates. 


1. Rules are stated 


If the word "rule" is to have any uses at all, it would seem ne- 
cessary that it should have some demonstrative ones. It would 
seem there must be cases where, after suitable preparation, we can 
say "That is a rule”. A familiar way of eliciting such a use is for 
somebody to ask to be given an ”example” of a rule. (If the de- 
mand is not to be mysterious, we can imagine that the speaker 
explains his purpose as that of testing some theory about the 
analysis of the meaning of 'rule”.) 

Should somebody ask me for an example of a rule, I might 
reply by saying, "”A pawn reaching the eighth rank must be ex- 
changed for a piece”. I have stated a rule — — and, of course, in 
words. Would the case have been different if I had been asked 
to give an example of something other than a rule? In that case 
also, would I not have needed to use words in answering? Does 
the expression, "stated in words”, mean anything more than ”re- 
ferred to by means of words”? 
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Let us try to answer by thinking for a moment about admirals, 
instead of rules. It would sound odd to be asked to ”give an: 
example of an admiral”, but no doubt the demand would be 
interpreted to be the same as a. demand to ”name” an admirall 
or to "pick out” an admiral. This request could be satisfied by 
saying ”Nelson” — — or, if memory failed, by saying ”The man! 
who defeated the French at Trafalgar”. This time, as in the case: 
of giving an example of a rule, words are used for the identifica-- 
tion of an instance. The answer, ”Nelson”, supplies a man's name; ; 
the expression, "The man who defeated the French at Tra-- 
falgar”, a man's description. Names and descriptions may be: 
called designations; they are expressions suitable for use in re- 
ferring to the things named or described. The request to give an 
example of an admiral was met by referring to Nelson. There 
seems to be no other way of "picking out” or identifying an ad-- 
miral — — if we exclude non-verbal means, such as pointing or” 
showing a photograph — — than by using a suitable designation. 

Much the same can be said for a great variety of objects. I: 
meet the request to "pick out” or "give an example” of a hurri-: 
cane, or a champion Labrador, or an operatic aria, by supplying : 
a suitable designation. And there is no other verbal way of meet- | 
ing these requests. | 

Now I can satisfy the demand to give an example of a rule in 
the same way, e.g. by saying "The Golden Rule” or ”The rule of 
eleven in Bridge”. For in these latter cases I do use designations | 
to refer to the rules in question. But when I answered the re- 
quest for an example of a rule by saying ”A pawn reaching the | 
eighth rank must be exchanged for a piece”, I was not referring 
to a rule; I was neither naming the rule nor describing it. | 

The sentence beginning with the words, ”A pawn” is clearly 
not a name in the sense in which ”Nelson” is a name. If I know 
somebody's name is Nelson, that piece of information tells me 
nothing more about him: I have yet to know whether he is alive . 
or dead, an Englishman or a Frenchman. But when someone is 
told that a certain rule is ”A pawn reaching the eighth rank must | 
be exchanged for a piece” he knows what the rule is, not merely | 
what its name is. He has been provided with the rule itself, not | 


i 
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I a pointer that will lead +to it; and that is why he is now able to 
HI cite that rule. In stating a rule the speaker does not name it. 

(  Itis not quite so obvious that the words ”A pawn reaching the 
ik eighth rank must be exchanged for a piece” are not a description 
| of the rule. A description (in Russell's sense) is a set of words 
I purporting to identify a single thing. Anybody understanding a 
I given description knows how to identify the thing answering to 
I that description; but he does not yet know whether there is any 
: such thing. The fact that a speaker uses the expression ”The man 
« who defeated the French at Trafalgar” cannot guarantee that 
there was such a man. Similarly in the case of any description 
I offered as satisfying the request to give an example of an X, 
I where X is anything you please. It always makes sense to ask 
| whether a unique thing answers to the description supplied. 
Hence, also, it makes sense to deny that anything answers to the 
; description. 

If I "give an example of a rule” by saying ”Leibniz” rule of 
permutations”, it certainly makes sense for a bystander to ob- 
ject "I don't believe there is any such rule”. But there I was us- 
ing what is admitted to be a designation of a rule. Would a si- 
milar objection make sense if I had said ”A pawn reaching the 
eighth rank must be exchanged for a piece”? Could somebody 
properly say "I don't believe there is any such rule”? 

Perhaps. The objector might be doubting whether the rule I 
had stated belonged to the official rules of chess, as that game is 
now played. He would then be raising a question of fact, which 
could be settled by appeal to an official book of rules. Here there 
seems to be a close parallel to a case in which an objection to a 
description of an admiral ("I don't believe there was any such 
man”) is settled by investigation of historical facts. 

But there are cases where the objection would be absurd. 
Suppose I had given an example of a rule by saying ”A king can 
move two squares at a time after both queens have been cap- 
tured”. This rule is not one of ”the official rules of chess”, and 
is not followed by chess players, yet there can be no question 
of my having made a mistake. Though I know that there is no 
such rule of chess, and my hearer knows it, I have satisfied the 
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original request (upon one interpretation of that request). The 
rule is one that I invented, and though it be the case that no- 
body ever has or ever will play according to that rule, it is a 
rule for all that. It would be absurd for somebody to murmur 
"I wonder whether there is any such rule”, for my answer 
supplied the rule. And it would be just as absurd for somebody 
to wonder whether my answer stated the rule correctly. My 


answer determines what the rule is, and leaves no room for any - 


independent investigation about the nature of the rule. The rule 
is necessarily what I say it is. 
Consider an analogous case. On being asked for an example of 


a question, I reply by stating one in the words ”Can termites 
sleep?” My reply supplies a question, whose nature is completely : 


determined by that reply. No provision is made for an indepen- 


dent investigation into the nature of that question and it is logi- - 


cally impossible that I should have made a mistake about it. (Of 
course, I could have said words I did not intend, by some slip 
of the tongue, but that is another story. So also when, on being 
asked to choose a colour, I point to a place on a colour chart. 
Here, too, there can be no question of a mistake, or of any 
further investigation to determine whether there really is a cor- 
responding colour.) A question is stated, not described, by an 
interrogative sentence of a suitable form; a rule is stated, not 
described, by a suitable set of words. 

There remains to be considered the case in which (as I agreed 
above) a rule can be stated correctly or incorrectly. If I am asked 
for a rule of chess, I am not free to invent a rule; and so it might 
seem plausible to say that here we must treat the verbal ex- 
pression of the rule as a description of it. But the following con- 
siderations, if I am not mistaken, are enough to refute this 
suggestion. 

That Nelson defeated the French at Waterloo is a contingent 
fact; it is logically possible that he might have lost the battle, 
though in fact he did not. Hence there is no contradiction in say- 
ing: The man designated by the expression ”the man who de- 
feated the French at Trafalgar” might not have defeated the 
French at Trafalgar. Let us call this true statement, A. A state- 


NOTES ON THE MEANING OF RULE” Bill 


ji ment paralleling A in the case of the rule of chess we have used 
ft as an example would be the following: The rule expressed in the 
I words, ”A pawn reaching the eighth rank must be exchanged 
I for a piece” might not have been the rule that a pawn reaching 
I the eighth rank must be exchanged for a piece. Let us call this 
statement, B. The only way in which we could make sense of B 
I would be to suppose that it said that the meanings of the English 
I words used in stating the rule might have been different. But A 
4 had no reference to the contingent meaning of English words; it 
I did not mean that the words ”the man who defeated the French 
I at Trafalgar” might have had some other meaning (if the English 
I language had been other than it is); the meaning was, rather, 
I that with the present meaning of the description, it is simply a 
I matter of historical fact that Nelson (i.e. the man designated by 
I the description in question) did indeed defeat the French at Tra- 
I falgar. To this no analogue can be found in B. It is absurd to 
I suppose that the rule stated in the words ”A pawn on reaching 
| the eighth rank must be exchanged for a piece” might have been 
I another rule. 

| — But does not this argument prove too much? Consider the ex- 
| pression, ”the first prime number after 20”. This would com- 
I monly be counted as a description of a number (the number 23). 
| Yet the statement: The number designated by the expression 
"the first prime number after 20” might not have been the first 
| prime number after 20 — — is clearly absurd. And the absurdity 
| arises because all statement of ”properties” of numbers are ne- 
| cessary statements. So all we have proved, it might be said, is 
| that a rule, like a number, can be given a "necessary descrip- 
tion”, that is to say a description by means of an internal pro- 
perty. 

By this time, the dispute shows signs of beginning to de- 
generate into a trivial one about words (e. g. should a "necessary 
description” be called a description, should we say that numbers 
can be ”described” in the same sense as admirals can be?). Yet 
it is worth pointing out one final difference between the ex- 
 pression for a rule and the expression ”the first prime number 
after 20”. As the latter is used in mathematics, it does not count 
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as a definition of 23, though it does follow from the definition 
of that number (as the number equal to twice 10 plus 3) in con- | 
junction with the principles of arithmetic. On the other hand, 
the expression used in stating a rule does not follow from a de- 
finition of a rule — — it is the definition of the rule in question. 
Thus a simple analogue in arithmetic of the expression for a rule 
is the expression "The number that is greater than 3 by 1”. This 
can hardly be called a description of 4, since it defines the 
number. And similarly for the rule. 


2. Rule formulations 


There seems to be a particularly intimate connection between : 
a rule and the set of words by which the rule is stated. The re- | 
lation between the rule and its statement in words is not some- : 
thing external and contingent, as in the case of the relation be- . 
tween anything and its verbal designation: the rule is, in some | 
way, constituted by its formulation.' The same can be said, howz= | 
ever, about a verdict, a promise, a command, a question and | 
many other things. Each of these can be stated in words, and the ;/ 
statement does not provide a description of the verdict, promise, 
command or question. To be told that a man promised to give 
his money to the poor is not to be given a description of his ' 
promise but rather to be told what the promise is; and the same 
can be said about a rule. 

It does not follow, however, that a promise must be formu- 
lated in words. We can and do talk about implied promises, and 
about promises that nobody has ever made or even thought 
about. So it is prima facie not absurd to inquire into the possi- 
bility of implicit rules (rules that nobody has formulated) — —- or 
rules that perhaps never will be stated. Whether it makes sense 
to talk of an implicit rule is a question which I am anxious to 
answer in the course of this investigation. 

Let us call a set of words used in stating a rule a formulation 
of that rule. Thus one formulation of the rule about promoting 
pawns to which I have already referred several times is the sen- | 
tence, "”A pawn on reaching the eighth rank must be exchanged | 
for a piece”. 
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A single rule can have many different formulations. We can 
say that the rule in question is the rule ”that pawns shall be pro- 


| moted on reaching the end of the chessboard”, or the rule "Pawns 


Se NN 


| 


must be replaced by pieces whenever a further move would carry 
them off the chessboard” or the rule ”Pawns reaching the last 
rank are replaced by pieces”; and these formulations are all dif- 
ferent, though several words recur in more than one of them. 


Again, each of these formulations could be translated into Ger- 


man, or any other language containing names for chesspieces 
and their moves. In this way we could obtain many more equi- 
valent formulations, still more obviously differing from any one 
of the English formulations, and yet all of them, still, formulat- 
ing the same rule. 

It follows from this that it would be a mistake to identify the 
rule about the promotion of pawns with any one of its formula- 
tions. För there is the one rule, but indefinitely many formula- 
tions of it. Again, we can ask of any particular formulation, as 
of any set of words, whether it contains five words or more, 
whether it consists of English words or words in some other 


language, whether it is a sentence or a part of a sentence, and so 


on. But all these questions, which make sense when asked of a 
verbal expression, are nonsensical when applied to a rule. It is 
nonsense to ask how many words the Golden Rule contains — —- 
or whether the rule is an English, rather than a French rule. 

On the other hand, it does make sense, as we have seen, to 
speak of stating a rule in a sentence. And it also makes sense to 
speak of adopting a rule, following it, breaking it, and so on. 
And all these ways of speaking become nonsensical when applied 
to sentences. It is absurd to speak of stating a sentence in a sen- 
tence; and just as absurd to speak of adopting, following, or 
breaking a sentence. 

Yet now that I have emphasized the distinction between a rule 
and any formulation of that rule, I must pay my respects to the 
versatility of language by admitting that talk about a ”rule” is 
sometimes about what I have called the ”formulation” (the set 
of words used in expressing the rule). Thus if a man were to 
ask how many words occurred in Occam's Rule (an intelligible 
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question, though an eccentric one) he would probably be sup- 
posed to be asking a question about the Latin formula, ”Entia 
non sunt multplicanda praeter necessitatem”. I shall, however, 
never intentionally use ”rule” in this way. 

We saw that a number of formulations can state the same 
rule: they may be called equivalent formulations. Some logicians 
would be tempted at this point to say that a rule can be defined 
as a class of equivalent rule-formulations - - with the expecta- 
tion that what is to count as a ”rule-formulation” or a case of 
”equivalence” between rule-formulations shall be independently 
stated (and without reference to the "problematic notion” of a 
rule). This might be supposed to have the advantage of bringing 
the notion of a rule ”down to earth”, by directing attention to 
the satisfyingly tangible notion of a class of rule-formulations. 

Tempting or not, the attempt is mistaken. For the tests used 
in distinguishing rules from rule- formulations above will also 
serve to show that the logical grammar of ”rule” is different 
in important respects from the logical grammar of ”class of rule- 
formulations”. It is, for example, absurd to speak of breaking a 
class of rule-formulations, though very far from absurd to speak 
of breaking a rule. Those who might wish to define a rule as a 
class of rule-formulations might explain that they were ”recon- 
structing” the notion of rule by attaching a new meaning to such 
expressions as "breaking a rule”, ”adopting a rule”, and so on. But 
this undertaking of finding new meanings for common words, 
whatever its merits, is not the one in which we are at present 
engaged. 


3. Is a rule a meaning? 


A more plausible suggestion is that a rule is what each of its 
formulations means. On this view, the relation between a rule 
and any of its formulations is like that between a proposition 
and any of the sentences or 'that'-clauses that ”express” the pro- 
position. 

In defense of this suggestion it might be urged that if a man 
knows what a given formulation of a rule means, he necessarily 
knows what the rule is; and, furthermore, that there is no way 
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| of coming to know what a certain rule is except by understand- 


| 
i 
| 
j 
; 


ing one of its formulations. If this should be what is meant by 
saying that a rule is the meaning of a certain form of words (a 
formulation of that rule), there is no occasion to disagree. It is 


true and important that a rule can be given only via a formula- 
tion of the rule; and that there is no independent way of becom- 
ing acquainted with the rule. (Of course, I might be able to infer 


a rule of chess by observing the behaviour of chessplayers, but 
I would not know what the rule was until I had a formulation 
of it. Contrast this with the case in which I could get to know 
what a colour was, without knowing its name or having any 


other designation of it.) 


On the other hand, this characterisation of a rule as the mean- 
ing of a certain set of words (a formulation of a rule) is not illu- 
minating. Anybody who is puzzled about ”the nature of a rule” 
will not be helped by being presented with a specimen set of 
words, and told; "You know what those words mean — — well, 
the rule in question is just that meaning.” 

For, in the first place, this sounds as if there were two things 
that I could inspect — — the set of words, and also the meaning 
of that set of words — — and as if I had only to attend to the 
second of these, the meaning, in order to see what the rule is. 
But the words ”attend to the meaning” provide me with no in- 
structions that I can follow. If I have been given the form of 
words ("Pawns are exchanged for pieces on reaching the last 
rank”) and understand those words, but am still puzzled as to 
what kind of thing the rule formulated by those words may be, 
the suggestion that the rule is the meaning will not help me. 

And, in any case, the suggestion that the rule is the meaning 
will certainly not do if interpreted literally. For it would seem to 
imply that if a rule R is formulated by a set of words W, the ex- 
pression ”the rule formulated by W” means exactly the same as 
the expression ”the meaning of W”, so that the one expression 
can always be substituted for the other without change of sense. 
Sometimes, indeed, this seems to be the case. For, "The rule 
formulated by Wi is the same as the rule formulated by W2” 
appears to mean the same as ”The meaning of Wi is the same 


116 MAX BLACK 


as the meaning of W2”. On the other hand, it makes sense to 
say ”I propose to adopt the rule formulated by W”; yet it is non- 
sense to say "I propose to adopt the meaning of W”. And si- 
milarly it makes sense to say "I always follow the rule you have 
just stated” but it is nonsense to say ”I always follow the mean- 
ing you have just stated”. In short, the expressions ”rule formu- 
lated by W” and "meaning of W” have different logical gram- 
mars, though there are some similarities between those grammars. 

Anybody who favoured the suggestion that a rule could be 
identified with the meaning of certain kinds of verbal expres- 
sions, might reply that he did not intend his suggestion to be 
taken so literally. "I did not mean to suggest”, we can imagine 
him saying, "that the meaning of a set of words is something se- 
parable from the words that express it. Nor did I mean that 
whenever you speak of a rule you could equally well speak of the 
meaning of certain words. In drawing your attention to the 
meaning of the rule-formulation I intended merely to remind you 
that such formulations have uses. And I wished to say: If you 
are puzzled as to what a rule is, consider how rule-formulations 
are used. In reminding yourself of those uses, you will be finding 
the only sensible answer to your original problem. For in dis- 
covering how rule-formulations are used you will be discovering 
(or rather reminding yourself) what a rule is.” 

I have no quarrel with this advice and shall try to follow it. 
But I believe there are some special difficulties in following it 
that do not arise in similar but simpler cases. 

Imagine, for the sake of contrast, a man impressed by the fol- 
lowing features of our uses of the word "command": (1) A com- 
mand can be given in words (or gestures, or some other sub- 
stitute for words); (2) To know a formulation of the command 
is to know what the command is; (3) There is no way of knowing 
what a command is except by being supplied with a form of words 
in which the command is stated; (4) So the command-formula- 
tion does not describe the command; (5) Nor is the command 
identical with any of its formulations, nor with the class of all 
of its formulations. And suppose him to be sufficiently confused 
as to ask, "What then is this mysterious thing called a command 


J 


hat now seems to elude inspection?” Here, he might be advised 
to consider how command-formulations are used — — or, more 
simply, to consider the circumstances in which it would be cor- 
rect to say that a certain command had been given. To under- 
stand the activity that we call the "giving of commands” (and so 
also the logically related activities of obeying commands, ignor- 
ing them, etc.) is to understand all that there is to be under- 
stood about ”the relation between a command and its formula- 
tion”. Similarly, it might be urged, the best way to become clear 
about the relation between a promise and the form of words in 
which a promise is made, is to become clear about the criteria for 
cases of promising. 

Commanding and promising are relatively well-demarcated 
activities. But there is no correspondingly well-demarcated ac- 
tivity associated with rules. There is no activity called ”ruling” 
related to a rule as promising is to a promise or commanding to 
a command, or questioning to a question. (ÅA judge's ruling is an 
authoritative decision, and is not even a special case of the pro- 
duction of a rule.) 

This does not mean that there are no characteristic activities 
involving the use of rule-formulations, whose nature can be ex- 
pected to throw light upon our perplexities. It means, I believe, 
that there are many such connected activities, which have to be 
discussed separately. Or to put the matter in another way, the 
word "rule" is versatile in a way that 'command” and promise” 
are not. The word "command? is used in our language like a piece 
belonging to only a single game —- - a pawn; while the word 
rule” is like a playing card used in many different games. 
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4. Some features of rule-formulations : 

Before discussing the background ”activities” in which rule- 
formulations play a part, I wish to record some features of rule- 
formulations that can be discovered without reference to these 
activities. 

It is obvious, first, that some forms of words can never be 
used for formulating a rule: it is impossible to imagine any situa- 
tion in which the words, ”I am hungry”, for instance, could be 
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used for stating a rule — — unless, of course, the words were be- 
ing used as a code. But if we ask which expressions are eligible / 
for formulating rules, we find a host of available candidates. 

A request for an example of a rule can be satisfied by produc- 
ing a full sentence in the indicative ("The dealer at Bridge al- 
ways bids first”), a 'that'-clause ("[The rule] that students en- 
rolled in American colleges must have a High School diploma”), 
a verbal clause in the infinitive ("To show small capitals in proof, | 
underline twice”), a full sentence in the imperative ("Do unto: 
others as you would be done by”), an imperative phrase ("No 
smoking in classrooms”) — — and no doubt in many other ways. | 
There is indeed no special form of words conventionally reserved | 
for the formulation of rules — — as there is in the case of ques- | 
tions. Any set of words that can sometimes be used in stating a 
rule can at other times be used for other purposes. | 

This can be quickly seen in the case of the expressions quoted 
in the last paragraph. The sentence, ”The dealer at Bridge al- | 
ways bids first” might very well be used to state a general truth 
about the behaviour of Bridge players, and would in that use not 
be functioning as the formulation of a rule. If you say, "I do not 
believe that students enrolled in American colleges must have a 
High School diploma”, the "that'-clause expresses your belief, 
and does not here formulate a rule. When I say, "My advice is | 
= — to show small capitals, underline twice” I am giving a piece 
of advice, not formulating a rule. The words ”No smoking in 
classrooms”, pronounced in a suitably emphatic manner, might 
very well be an order. And so on. 

The absence of a simple formula for a rule (such as there is 
in the case of questions) is one reason why the formulation of a 
rule is in practice often prefixed by the words, "The rule ...”. 
These words forestall an ambiguity that might otherwise occur, 
and make it clear that a rule and nothing else is in question. 
(But, of course, anybody who is puzzled about "the nature of ' 
rules” will get cold comfort from being told that a formulation 
of a rule is any set of. words to which it is proper to affix the 
words ”A rule”. For he would like to understand better when | 
it is proper to do this.) | 


| 
| 
| 
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| Let us consider, next; the content of a rule formulation, i.e. 
the specific information about the character of the rule that any- 
body receives who understands a statement of the rule. 

I think it will be found in every case that a rule-formulation 
identifies what I shall call a class of human actions, for want of 
a better expression. A rule may be about entering college, or 
| parking overnight, or bidding at Bridge, or smoking, or voting 
when absent from one's home town, or making good tea, or 
getting the answer to a quadratic equation right, or treating 
others as one wishes to be treated. And these are all kinds of 
things that men can do — — they are what I am calling ”actions”. 
The rule must be about a kind of thing that human beings can 
do. A rule to the effect that butterflies shall not eat cabbages 
"would be an absurdity, in the same way that a command or an 
order addressed to butterflies would be an absurdity. If a rule to 
the effect that dogs shall not bark in corridors is to be counted 
as making sense, it must be construed as concerning the owners 
of the dogs. For seeing to it that dogs shall not bark is some- 
thing that human beings can do. 

Not everything that a man might be said to do can count as 
an ”action” in the sense intended. ”What is he doing now?” 
"He is crying.” But crying is not something that men can choose 
to do or not to do — -it is not something that can be done volun- 
tarily by the normal person. And so it cannot count as an ”ac- 
tion”. Rules about crying are an absurdity unless intended for 
some special class of persons having the capacity to cry or to 
abstain from crying at will. 

I hope these remarks will make sufficiently plain what I mean 
by saying that a rule is about a class of human actions. 

In addition to identifying a class of human actions, the rule- 
formulation must indicate with respect to those actions whether 
they are required, forbidden, or permitted. (This is usually done 
by including such expressions as "must, "must not', may”, "are re- 
quired to”, 'need not', and so on. But the meaning of such modal 
words, as we might call them, is not obvious.) 

To the two conditions for a rule-formulation stated in the 
last two sections, we might add that many, though not all, rule- 
8 


120 MAX BLACK 


formulations include information about the class of persons whom il 
the rule concerns. Thus a rule may concern actions of house-- 
holders, or automobile drivers, or aliens, etc. (A rule-formula-- 
tion that is supposed to apply to anybody who might do the ac-: 
tions specified determines what might be called an unrestricted! 
or ”open” rule. When no special class of persons concerned is: 
indicated it is usually understood that the rule is intended to be: 
unrestricted.) If we count an indication of the class of persons ; 
concerned as part of the definition of the class of actions in. 
question, we can think of the rule-formulation as having just: 
two aspects: (i) a description of a class of actions, possibly ' 
restricted to actions performed by a designated class of persons; 
and (ii) an indication whether that class of actions is required, ' 
forbidden, or allowed. | 

The general form of a rule-formulation can, accordingly, be ' 
presented as follows: | 

Such-and-such actions in such-and-such circumstances, done 
by such-and-such persons (done by anybody), forbidden (re- 
quired, permitted). | 


5. Four main senses of rule” 


In order 'to make further progress, it will prove essential to | 
distinguish different senses of the word "rule". For it will be dis- | 
covered that the word is used in ways which are markedly dif- : 
ferent. 

(1) There are some uses of rule” for which 'regulation” is an 
approximate synonym. We can speak indifferently of "traffic 
rules” and "traffic regulations”, of ”rules for the conduct of an 
examination” or "regulations for the conduct of an examination”, 
and even (though admittedly in a rather strained fashion) of 
"regulations for playing chess”. (Other words that can be 
grouped together with 'rule”, when used as an approximate sy- 
nonym for "regulation, are, according to circumstances, law”, 
"bye-law', and "ordinance”, though each of these carries certain 
special connotations in addition.) | 

When "rule" is being used in what I shall call a ”regulation- | 
sense”, it is permissible to speak of the rule in question as being 


NOTES ON THE MEANING OF 'RULE' 121 


Iquestions as "When was the rule put into force?”, "How long 
ibsince the rule was reinstated?”, "Is this the first time there has 
( been a penalty for breaking this rule?” and other questions in- 
Kvolving reference to times. It might be said, briefly, that rules 
4 (in regulation-senses of that word) have histories — — come into 
teffect at certain times, continue unchanged or suffer modifica- 
I tion, and eventually cease to be in effect. With respect to this 
il kind of rule, it also makes sense to ask such questions as ”Who 
vå made this rule?”, "Who has the power to waive the rule?”, "Who 
ll punishes breaches of the rule?”. We can say, briefly, that rules 
| (in regulation-senses) have authors. 

But these criteria must not be taken too strictly, or they will 
I select a narrower class of rules than is here intended. Cases can 
4 be produced to which some of the listed criteria apply, while 
I others seem inappropriate (e.g. it seems far-fetcehed to speak of 
' anybody punishing breaches of the rules of chess). Yet this does 
I not make the group of criteria valueless, since we shall see that 
| there are other uses of 'rule” that fall well outside the somewhat 
1 ill-defined set of senses that the criteria determine. 

I (2) There are clear cases of the use of rule” which fail to pass 
I the tests given above for regulation-sense of "rule". Two clear 
j cases of rules are the rules ”In solving quartic equations, first 
| eliminate the cubic term”, and ”Do not plant tomatoes until 
after the last frost”. It is absurd to regard these as regulations 
i for solving equations or planting tomatoes - — or to speak of 
i either of these rules as being enforced, rescinded or reinstated. 
II It is absurd to speak (except metaphorically) of a ”penalty” for 
| breaking either of these rules or to inquire about the enforcers 
| of the rule. These rules have neither authors nor histories. 

Ås a positive test for isolating this second set of senses of 
rule we can ask whether it is possible to treat rule” as an ap- 
| proximate synonym for instruction” or "direction. When rule” 
is being used in what I shall call an ”instruction-sense”, it is per- 
missible to speak of the rule as effective or ineffective, confirmed 
3 
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or unsupported by experience, tested or untested, practical, hard 
to follow, and so on. This group of verbs (very different, it willll 
be noticed, from the group cited in connection with regulation- 4 
senses) evokes contexts in which some end or purpose is in view. . 
Indeed, it is always relevant to ask of a rule in an instruction! 
sense, "What am I supposed to achieve by following this rule — —- 
what is it supposed to help me accomplish?” And it is for this; 
reason that appraisals like ”useless”, ”helpful”, ”misguided” can i 
here be made. (Unfortunately, some such appraisals can also be: 
made of some regulation-rules. And it is not always clear whether : 
a metaphor is involved. The boundaries between the various :; 
sets of senses that we are trying to distinguish are neither sharply ' 
defined nor immutable.) | 

(3) I turn now to a group of uses of rule” in which the rule | 
cannot plausibly be classified either with regulations or with in- . 
structions. Consider, for example, the statement, ”It is a sound / 
rule to pay one's debts promptly” and ”A good rule is: To put | 
charity ahead of justice”. (The first of these might be said to | 
state a prudential rule; the second a moral rule.) Neither of 
these can be called a regulation or an instruction. In these uses, | 
the word "rule can be replaced, without serious distortion in | 
meaning resulting, by the words "precept or "maxim”. I shall ac- | 
cordingly speak of ”precept-senses” of the word "rule". 

That precept-senses are distinct from regulation senses of | 
rule” is quickly seen by applying the tests listed above. It is 
obvious enough that there can be no question of anybody en- | 
forcing, rescinding, or reinstating either of the rules stated in the 
last paragraph; nor could there be any question of their having 
a history — — i.e. of their coming into force at some time, and re- 
maining in force during some period of time. Indeed, to such 
cases, the phrase ”being in force” seems quite inappropriate. 

It is not quite so obvious that rules of prudence or of morality 
cannot be construed as expressing some kind of instruction. I 
said that the chief mark of an instruction-sense of rule” was that 
the rule expressed some alleged means for achieving a purpose. 
Now it might be urged that rules of prudence and morality are, 
likewise, the expression of means for achieving certain specifi- 


| 
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able purposes. The Golden Rule, it might be said, is a prescrip- 
(tion for achieving a good character (as it were, a recipe for 
"How To Become a Good Man”); the rule of being polite even 
0 one's enemies- (and similar prudential rules) a prescription for 
"IFsuccess in social life (i.e. what sociologists like to call ”adjust- 
öfment”). 

I The contention has some plausibility with respect to pru- 
"Tdential rules. If anybody urges me to follow some rule of con- 
"ifPduct that is not a moral rule, I can reasonably ask him to explain 
"Twhat end would be achieved by following that rule. And in this 
i type of case, it is correct to use the appraisal words, "effective", 
"4 "ineffective”, which we also saw to be appropriate in the cases 
Iof instruction-senses of "rule. (Cf. also popular manuals on 
il How to be an important executive”, or "How to make friends 
ft easily” or "How to have a happy old age”. In such cases, rules 
ifof conduct are no doubt conceived as conveying instructions 
about techniques for achieving purposes.) These cases are dis- 
I tinguishable from those of instruction-senses proper, because such 
I purposes as "success or "adjustment or happiness” are less cir- 
| cumscribed, less concrete, than the purposes of growing toma- 
4 toes, raising poodles, or clearing a clogged drain-pipe. (Nor can 
"I the vaguer ”purposes”, if we are to call them such, be achieved 
I except indirectly —- — they are bye-products of more concrete, 


1 appropriate to the offering of instructions ("If you want to bake 
I a chocolate cake, this is the way to do it”); a man who states a 
| rule of conduct is taking the stance of one who gives advice, and 
4 is exerting influence in a way that is not the case in the neutral 


| advice can be relatively neutral and disinterested. Here, as 
| throughout this subject, the differences between the types of 
| cases selected as points of reference can be bridged by inter- 
| mediate cases.) 

I it is fairly plausible to regard prudential rules as instruc- 
| tions, the case alters when we reach rules of morality or religion. 
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A speaker can exempt himself from the application of a rule ex-- 
pressing an instruction by disclaiming interest in the relevantt 
purpose ("I don't want to solve quartic equations”, "I have no» 
wish to live to a ripe old age”), but such a defense is not avail-- 
able against the application of a moral rule. The attempted de-- 
fense, "I don't want to be good” and ”I don't want to do the right: 
thing”, (both of which may be true!) in no way exempt the: 
speaker from the application of a moral rule to his own person. , 
(Moral precepts bind the Laodicean no less than the Pharisee; ; d 
there are no escape clauses in the categorical imperative.) 

(4) There remains a class of uses 'of rule” that seem at first: 
glance strikingly different from those already considered. A man | 
might offer, as examples of rules, the statements, ”Cyclones ro-: 
tate clockwise, anticyclones anticlockwise” or "Years like 1952! 
that are divisible by 4 are leap years”. These are clear cases of ' 
rules”, yet their formulations do not seem to satisfy the tests: 
previously elaborated. These formulations do not seem to identify ' 
a class of human acts; nor do they seem to indicate that some- 
thing is to be done, is forbidden, or permitted. (By contrast, all. 
three types of senses already discussed do show just these 
features in their characteristic formulations.) | 

In the present type of case, the content of the rule-formula- | 
tion is an actual (or alleged) uniformity. An approximate syno- 
nym for "rule" in such uses is principle” or even "general truth”. 
Accordingly, truth-values (true and "false') can be ascribed 
to such rules in ways that are clearly inappropriate for regula- 
tions, instructions, or precepts. And by the same token, the use 
of imperative language or ”modal” words (shall, "must', "may', 
etc.) is clearly unfitting. The vocabulary is that appropriate to 
discourse about any truth-claims (declarative statements): we 
can speak of the weight of evidence for or against the rule, and 
so on. New such talk is out of place when the subject is a regu- 
lation, an instruction, or a precept. 

One might therefore be tempted to say that rule (in the 
senses previously discussed) and "rule (in the principle-senses | 
now under examination) are mere homonyms, whose meanings | 
have no more than an accidental connection. But to say so 
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Hf would be to overlock at teast the suggestions evoked by calling, 
isay, Like poles repel, unlike poles attract” a rule, rather than a 
Iprinciple. The use of the word 'rule” (and the aphoristic form 
ifcharacteristic of the corresponding formulation) suggests an in- 
'Wistruction. It is as if the speaker were to say "If you want to re- 
member and distinguish the two kinds of cases that arise in elec- 
id trostatic phenomena, bear in mind the formula "Like poles repel, 
wtunlike attract.” So construed, as menmonic devices, rules in the 
Wiiprinciple-sense can be brought into not very distant relation with 
I the instruction-senses of 'rule” previously considered. (It is well 
Ito bear in mind, however, that something of the suggestions and 
24 associations of any of the uses clings to any of the others. To say 
Hj rule” is to suggest a flavour of regulation (a ”must” or a ”must 
sö not”), of instruction ("This is the way to do it”), of advice ("Be- 
& lieve me, this is the right way to go about it”) and exhortation 
I (Do so, as every good, reasonable, right-thinking, man should”). 
JA word that is used in many linguistic constellations, tends to 
4 conjure up some of its verbal associates upon every occasion of 


I On the whole, it seems best to consider the use of "rule in 
| principle-senses as a ”degenerate” case (in the sense in which a 
Å pair of lines is said to be a degenerate case of a conic). Such uses 
I can be brought into relation with more central (more typical”) 
Fi uses, as I have just tried to show. Yet so many of the criteria 
I characteristic of these more central uses either lapse, or are 
i applicable only in figurative or strained senses, that the relations 
I of the senses are tenuous. (One has a feeling that the use of 
| the word "rule? in this last case is not important, and that noth- 
I ing of great moment would be sacrified if we were to abjure this 
I kind of use.) 

I I shall pause to summarize this section. I have been trying to 
distinguish four distinct if related groups of senses of 'rule” (as 
| one might try to get one's bearing in studying a mountain range 
| by distinguishing within it four sub-ranges, distinct, though linked 
| by ridges and valleys). The method I used was to look for ap- 
| proximate synonyms, different in all four cases, and to consider 
| the sets of words (different on the whole in each of the four 
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cases) with which rule” may be coupled. In this way I was able > 
to identify what I called, respectively, ”regulation-”, ”instruc-- 
tion-”, ”precept-” and ”principle-” senses. I have drawn atten- 
tion to the different types. of appraisals and characterisations off 
the rules that are appropriate in the various cases. Of course, , 
if there were any good purpose to be served by pressing this; 
kind of investigation further, the choice of four systems of re-- 
ference would soon appear somewhat arbitrary. Each of the sets; 
of senses would under closer inspection prove to be analysable: 
into other sub-senses, and then perhaps the linking similarities; 
between the "four types of case” might prove to be more striking ; 
than the differences which, for the sake of exposition, I have : 
been emphasising. But I have said enough for my present pur- : 
pose. 

(To be continued). j 


DISCUSSIONS 


Berkeley and the esse est percipi-principle. By Fr. Vin ding 


d Kruse. (Copenhagen). 


Professor Konrad Marc-Wogau has in his interesting and penetrat- 


EN ing dissertation in ”Theoria” XXIII 1957 p. 12-36 pointed out that 


Berkeley uses the words in his basic thesis: esse est percipi in different 


| meanings. 


”Percipi” — to be perceived and ”percipere” —- to perceive — are by 
Berkeley used in a very wide sense. Marc-Wogau is right when he says 


I that ”perceiving” comprises both sensuous and non-sensuous cognition, 
| apprehension both of ideas conveyed by our senses and ideas in the 


memory and imagination. We perceive the idea: the table, its colour, 


I size, shape etc., when we look at it; and we also perceive the idea: the 
5 table when we think of it in our memory. But perceiving is different 
H from ”reason” or demonstrative knowledge and from ”relations” i.e. 
I perceiving does not contain any inference or transition from one mental 


act to another. Therefore the relation of cause and effect and the re- 


| lation of difference and ressemblance have no real existence; they are 
| not conveyed to us by our senses. The same is the case with our no- 


tion of substance. The external world — the ”things” or ”substances” 
outside us — does not exist. It is not: percipi, therefore non esse. 

For Berkeley it is a very difficult question whether e.g. the table 
exists when I have left my study, where the table is, and when there- 
fore the table is not perceived by me. Marc-Wogau shows that Ber- 
keley's opinion here is wavering; in some places Berkeley seems to 
mean that the table in my study exists (a) when it is perceived by 
me or some other person, if I or he be in my study; but in other places 
there are clear utterances by Berkeley showing that perceiving does 
not refer to possible but only to actual perceiving by me, so (b) he 
implies that the table does not exist if it is not perceived by me, Marc- 
Wogau p. 22-33. 

We can presumably illustrate Berkeley's difficulties if we distinguish 
with regard to ”perceive” between the following 4 different cases: 

1. The table in my study is perceived by me, through my senses, 

when I am in my study, 
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2. The table is perceived by me, but in my memory when I have 
left my study and therefore no longer see the table, 

3. The table in my study is perceived by another person, either by” 
his senses or in his memory, 

4. A tree, standing in a wood which no human being has penetrated, I 
is not yet perceived by anybody. The tree can be ”thought of'' 
as being perceived in the future, and eventually by God. 


If Berkeley uses the word perceive in the above mentioned sense : 
(b), the idea ”the table” has only ”existence” in case 1. But when. 
Berkeley uses ”perceive” in the wider sense, (a), an idea also has exi- 
stence in case 2. And if he means that an idea ”the table”, ”the tree”, 
can exist as perceived by other minds, at least by God, the idea ”the 
table”, ”the tree”, can exist also in cases 3 and 4. | 

The epistomological difficulty for Berkeley arises, so far as I can 
see, already in the transition from case 1 to case 2. Berkeley can only : 
get through this transition by using another cognition than perceiving, 
namely our mind's faculty of distinguishing and comparison. We can / 
distinguish between the idea of the table in my study perceived by me | 
through my senses when I am now in my study and look at the table, 
and the idea of the table which I perceive in my memory after having ! 
left my study; and I get not only a knowledge or ”notion” of a dif- ' 
ference between these two ideas of the table — the first one a lively, ' 
a vivid one, the last a weaker one (in my memory) — but also a know- | 
ledge or notion of a likeness or ressemblance, because the two ideas 
of the table perceived by me by my senses or in my memory — apart : 
from the difference in degree of vividness or weakness in perception | 
— are like each other — in both cases the idea of the table of a certain | 
size, colour etc. But this knowledge of difference and likeness is a ' 
knowledge or apprehension of relations; and relations cannot at all be | 
perceived, it falls quite outside ”percipi” even in the widest sense in 
which Berkeley uses this expression. Therefore, these relations of dif- 
ference and likeness in not being perceived do not exist at all. And we - 
cannot perceive by the senses without distinguishing between the dif- 
ferent qualities of the table — size, shape, colour etc. — nor apprehend 
the likeness of the different ideas of the table as seen at two follow- 
ing moments, t 1 and t 2, f.i. 12.30 and 12.40, while I am in my study 
the whole time between 12 and 13 and look at my table. Accordingly 
Berkeley cannot establish his basic thesis: esse est percipi without using 
relations which do not exist, do not have any reality at all, according 
to his own theory. 

This fundamental methodic error which Berkeley unconsciously com- 
mits is what I have analysed in my book: The Foundation of Human | 
Thought, Oxford University Press, 1949, pp. 133-172, 185-253, and 
there have called the basic delusion, and which is committed by Locke, 
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"HHume and Kant, too. Berkeley neither can make the transition to case 
83 and 4 without committing the same error i.e. without using the re- 
"Tlations of difference and likeness: and in all the cases 1-4 he even un- 
, consciously also uses another relation: of cause and effect, or the re- 
"Tgular connection of two each other in time following ideas. We cannot 
"TF suppose other persons perceiving ideas of the table, the tree etc. by 
I sense or in memory without assuming the same ideas arising (a causal 
i relation) the same apprehension in the other persons mind as in mine. 
il And when we look at a table in our study, or a tree in our garden at 
då one time, t 1, and later on — when we have been away from the study 
;ik or garden a while — at another time, t 2, we get the same ideas of the 
dt table or the tree. We assume by means of (A) the relation of dif- 
I ference and likeness and (B) the relation of regularity or lawboundness 
I of the appearance of these ideas (the causal relation), that the table 
I and the tree have been at the same place also when we or any other 
4 person were not present and got any ideas of the table or the tree. 
i In that way we get the knowledge that there is an external world, 
outside our mind (and body) and independent of our ideas. In denying 
FT the existence of this external world Berkeley did not see that in 
E establishing the idea of this world we are only using the apprehension 
1 of the same relations (A) and (B) which Berkeley himself cannot re- 
frain from using in establishing his basic theory: esse est percipi. Be- 
1 sides, when Berkeley assumes that it is God that gives us the ideas of 
I our senses he does not see that he is here using the relation of cause 
1 and effect (God as the cause of our ideas) which according to his own 
I theory is without any reality, has no existence at all as these ideas are 
1 not perceived in the sense in which Berkeley uses these words. 


i" When Bertrand Russell (in his book: Our knowledge of the external 
I world) and other philosophers think that Berkeley's denial of the 
I existence of the external world is a very strong theory, these philoso- 
I phers have not seen what I have called the basic delusion, a trap which 
Berkeley —- and Hume too -— fell into. In trying to prove that esse is 
I only percipi, that ideas only exist by being perceived, most con- 
| sistently as isolated sense-data, and that accordingly there is no external 
world, Berkeley and Hume are using in this argumentation the very same 
relation — of difference and likeness, of cause and effect — whose exi- 
stence or reality they deny. After my investigation of the basic de- 
lusion in the modern theory of knowledge from Locke, Berkeley, 
Hume, Kant etc. up to the present I cannot come to any other con- 
clusion than that also Berkeley's theory, his fundamental thesis: esse 
est percipi, and the consequence of this theory i.a. his denial of the 
existence of the external world, are without any scientific foundation. 
If we wish to dispute the existence of the external world and conse- 
quently all the relations of difference and likeness and lawbound 
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causal relations etc. upon which the assumption of an external worldl 
is based, we must go deeper still and dispute these relations i.e. alll 
human thinking, including the thinking that disputes the existence of? 
the external world. This scepticism cancels itself out. | 

The last fundamental principles upon which all sciences are founded, , 
i.e. the mathematical principles and the physical principles: the law- | 
boundness of the events, extension and the external world cannot be : 
proved at all. We make inferences from these principles and assump- : 
tions, mathematical and physical, but these very principles and assump- : 
tions, from which these inferences in all sciences are drawn, can: 
neither be proved nor disproved. The assumption of an external world 
is no exception to this. 


Notes on modal operators. By Håkan Törnebohm. Uni 
versity of Khartoum, Sudan. ; | 


ll 


In this paper we shall step by step construct two modal operators N 
and M, so as to approach to explicantia for the phrases "it is necessary 
fd ds Ran du ILE Np OSSIblERt hanen NR 


II 


Let a, b, c, ... be simple sentential variables over the set of values 
(i, 2), where i denotes truth and 2 falsity. We may then present the 
two-valued sentential logic in this form: 


12 21610 a vb aDb a=b 
lg = i.b=b ijvb= job=b i =b=b 
221 DID ÖrbESp DEN Z=bE 
III 
Let a, fb, y -.. stand for simple or compound sentences. We now in- 


troduce the operators N and M by the following conditions. 

1) Na, Ma, Nf, Mf etc. are two -valued sentences which are not 
compounds. 

2) Na, Ma, etc., may be inserted in Ly and compounds having such 
expressions for constituents are evaluated according to the rules of Lo. 

3) The following formulae are L-true: Na 2a (1), a > Ma (2). 


> Cf. my book "Logical Studies”, Gleerup, Lund, 1955. 
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We shall now use (3—1) and (3—2) to establish matrices for Na 
Band Ma. 


a) Truth-functional evaluation of (3—1) yields 


Na 2a 
INDI INO DI 
i 
dj — Condition (3) entails that Nå D23=1. Condition (2) permits us to 
HH transform this formula into | > Ni=N2=1] or Nå=>1X. The value of 
[I Ni is obviously left unspecified. 
b) Truth-functional evaluation of (3—2) yields. 


a > Ma 
1 oMi 2OMi 
Mi i 


Condition (3) entails that Mi=i, while Mi is left unspecified. 
Collecting the last results we establish the following matrices for the 
operators Na and Ma. 


Na Ma 
Nj =? Mi=ij 
INPD=2 M2i=1? 


i 


Attaching these matrices to L, we obtain a modal system L.(N, M): 


Na Ma 
(ON M) = SN = M1=1) 
NE MOE 
IV 


We shall now study some logical properties of the operators N and 
IM. 

EL INO) = NO NO is valid. 

Using Quine's method of truth-functional analysis ” we find 


N(a-P)=Na.-Nfö 
N6=N1 Np ; 
Ni=Ni NI=Ni.N? 
i i 


Z 
Do be na 


II NI 


SA 
Nn) 
ERA 
-] 


which proves 1. 


2? Quine "Methods of logic”, 1950. 
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Th 2. M(a v B)=Mav Mg is valid, for 


M(a Vv B) =Ma Vv Mp 


Mi=Mi v Mg Mp=MIvMpg oa 
=] v Mf Mi =M>i v Mi MI =M) v M2 
i W=Mwvi 1 
i 
Th 3. Na DM is valid, for 
Na 2 Ma 
Ni >Mi Nå OM? 
INSEDE! 2OMi 
il il 
Vv 


The theorems Th 1—Th 3 are evidently consistent with all plausible 
uses of the phrases "it is necessary that ...” and "it is possible that .. >. 
We shall show now on the other hand that N and M do 20? share a pro- 
perty of the above phrases. 

1. The sentence form "it is necessary that a” is equivalent to the sen- 
tence form "it is not possible that not-a”. Hence it is possible to define 
the first phrase in terms of the second phrase and negation. But it does 
not hold within L.(N, M) that Na=M0a'” is valid, for 


nå 


Na=Ma 
Ni =M2 NI =Mi 
? il 


The validity of the formula is thus compatible with L.(N, M) but it 
is not possible to prove it in that system. 

2. The sentence form "it is possible that a” is equivalent to the sen- 
tence form "it is not necessary that not-a”. Hence it is possible to define 
possibility in terms of necessity and negation. But it does hold within 
L.(N, M) that Ma=NQ0' is L-true, for 


Ma=Na 
Mji=N2 Mi=Ni 
il ? 


The same comment applies here as above. We conclude that M and N 
are not interdefinable within L(N, M). 

It is well-known that the connectives 'not', 'and', 'or', if so', if and 
only if so” in ordinary discourse do not correspond precicely to the well- 
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defined connectives in Ly.” We have now demonstrated that N and M in 
AL(N, M) are analogous to the connectives in this respect. 


VI 


| In order to make the gap between the modal operators and the cor- 
responding phrases in ordinary discourse narrower, we may adopt as ad- 
I ditional postulates that Na=Ma' and "Ma=Na be L-true. It is seen 
from the truth analyses in V that such an additional postulate can be 
stated in the form: Ni=M>2 is L-true. We obtain thus a system 
DS (N, M): 


Na Ma 
L."(N, M)=(L,, Ni=?2 Mi=1, Ni=Mi) 
Ni=2X M2=? 


I As the additional postulate makes the modal operators interdefinable 
we may also write L."(N, M) in the two equivalent forms 


Na 

(NM DEE NIE Mo=df NO) (2) 
NI = 
Ma 

L((NYM)'=(L, Mi=i1, Na=af Mä) 3) 
Mi=>? 


VII 


It is plausible to add to L."(N, M) the following postulates of in- 
variance for the modal operators. 


I PN. If d, a", ... are the values of a truth-functional compound a, 
I then it holds Na'=Na” = ... 
i PM. If od, a”, ... are the values of a truth-functional compound a, 


| then it holds Ma'=Ma” ... 
We shall now make the following natural conventions for the values 
Na and Ma: 
I CN. If a is any value of a, then Na=Na”. 
| CM. If dis any value of a, tben Ma=Ma'. 
These postulates and conventions entail important corrolaries: 
If a is truth-functional compound, which is not L-true, then Na=2. 


> Cf. Strawson "Introduction to logical theory”, 1952. 
t The parentheses around the operators (M) and (N) respectively in- 
dicate that these operators are defined in the corresponding systems. 
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Proof: Under the stated condition there is a value a'=>2 for a, so that 
Na=Na0'=N2I=12. Q.E.D. 
If a is a truth-functional compound which is not L-false, then Ma=1. 
Proof similar. 
VIII 


Let L"(N, M) be the system L."(N, M) together with the prin- 
ciples of invariance and conventions stated in VII. Thus 
LSE (INSE ME (3 (IN ENDSEPNS PMS ONSTEMSE 


L"(N, M) has the property that N is determined only for truth- 


functional compounds which are not L-true and M for truth-functional 
compounds which are not L-false. There arc as yet no provisions for the 
following cases: - 

1) Regarding N: a is an L-true compound or a is true but no truth- 
function. 


2) Regarding M: a is an L-false compound or a is false but not a 


truth-function. 


N and M in L"(N, M) can therefore not be regarded as adequate . 


explicantia for "it is necessary that ...” and "it is possible that ...”. 


However, such explicantia must be consistent with the operators in | 


LÄ (N, M). 


Ås provisions are lacking one way or the other it is consistent with ; 


LS (N, M) to make the following specifications: 


Condition of truth for Na: Na=1 if 


1) a is a valid (L-true) truth-functional compound. 
2) a stands for a true sentence NB. 


Condition of falsity for Ma: Ma=> if 
1) a is L-false. 
2) a stands for a false sentence MB. 


It is easy to see that the conditions of truth for Na are entailed by the 
conditions of falsity for Ma, and vice versa, within L>+(N, M). It 
holds in that system: Na =Ma. 

1) Let us insert any L-true compound for a in this formula. We ob- 
tain then according to the first condition of truth for Na: 

1 =Ma or Ma=121. As a is L-true, a must be L-false. This proves the 
first condition of falsity for Ma. 


2) Let us insert N6=1 for a. We then obtain according to the second 
condition of truth for Na: 


NN8=1=MNg. Flencer MN p=0250ASEND= Kritholds Nbg= 


=M68=12. Hence Ma is false if a is replaced by a false sentence of the | 


form Mf. 
The reverse entailments are proved similarily. 
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IX 


The: conditions of truth for Na entail the following formulae: 

1) a is L-true I Na =). 

2) Na ONNa. 

Let us define Nya recursively as follows: 

EN Se- då gts Ltrue: 

EN earn NNio. 

The truth conditions for Na entail and are entailed by the following 
istatement: 

Nattlig ON ga is valid, n=0, 1, 2... 

for more shortly 

Natly | Nig, n=0, 1; 2-.. 

iu This statement also entails the falsity conditions for Ma. 

I We may therefore succinctly add the truth and falsity conditions for 
INa and Ma to LE" (N, M) to obtain a new modal system L=+(N, M) 
Jin this way. 

WIN IM EE (NI IM) Na+tlg Nag fören 0 INNER 


xX 


System LJ" (N, M) does not provide adequate explicantia for "it is 
necessary that ...” and "it is possible that ...” in all cases. We ordinarily 
I regard the following statements as truths: "It is necessary that a blue 
t object is colored” and "It is necessary that a colored object is extended”. 
I But LAÄ(N, M) does not provide means to decide the truth of the 
corresponding statements: 

N(a blue object is colored). 

N(a colored object is extended). 

It seems to me, however, that it is impossible to procede any further 
i on the route which so far has led to LJ""(N, M) in order to cope with 
| such usages of modal operators. At this point we must enter the se- 
| mantical realm. 
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Eino Kaila 


ON 31 sury 1958 died, at the age of 67, the Finnish philosopher 
land psychologist Emo Kaa. He had been on the board of con- 
I sulting editors of Theoria since the periodical was founded in 
(1935. 
I Eino Kaila's extraordinary importance to Finnish culture was 
i the combined effect of highly merited scholarly work in two sub- 
) jects, of a singularly successful career as academic teacher — first 
Jat Turku (Åbo) and later at Helsinki (Helsingfors) University - 
fand of the distinguished authorship of works which became 
I widely read outside the circles of professional philosophers and 
4 psychologists. 
I Kaila's early work was in experimental psychology. Beside a 
I number of papers he published two monographs in this field: 
I the doctorial dissertation ”Uber die Motivation und die Ent- 
I scheidung” (1916) and "Die Reaktionen des Säuglings auf das 
| menschliche Gesicht” (1932). He founded the psychological re- 
I search institutes at Turku and Helsinki and brought about the 
I creation of the first chair in psychology in his country. 
| Ås a theoretical psychologist Kaila had assimilated influences 
I from psychoanalysis, behaviourism, and above all the Gestalt 
I school. To his views he gave expression in two works of a synop- 
| tic nature, called ”Sielunelämän rakenne” ("The Structure of the 
I Mind”, 1923) and ”Persoonallisuus” ("Personality”, 1934). The 
1) concept of the Gestalt and the ”holistic” view of the phenomena 
| both of organic and inorganic nature are prominent also in his 
| theory of knowledge and philosophy of science. 
| Through a series of investigations in the 1920's, centering 
| round the problems of induction, probability, causation, and other 
9 
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main questions of epistemology ("Der Satz vom Ausgleich des ; 
Zufalls und das Kausalprinzip”, 1925; "Die Prinzipien der Wahr- : 
scheinlichkeitslogik”, 1926; etc.), Kaila independently worked. 
his way to a position close to the analytical and empiricist trends 
in contemporary thought. When logical positivism appeared as a I 
philosophic movement on the European continent, Kaila was the : 
first of Scandinavian philosophers to give it serious attention : 
("Der logistische Neupositivismus”, 1930). In the early 1930's : 
he studied for long periods in Vienna, taking part in the activities 
of the Schlick circle. Thanks to his teaching at Helsinki Uni- : 
versity and published work ("Das System der Wirklichkeitsbe- : 
griffe”, 1936; ”Inhimillinen tieto” ("Human Knowledge”), 1938) 
logical empiricism became the dominant trend in Finnish philo- : 
sophy in the 1930's and 1940's. Kaila was also the first to in- 
troduce — in lectures and seminars — the subject of modern ma- . 
thematical logic to Finland. | 

In 1948 Kaila was asked to accept a research post as Fellow of 
the Academy of Finland and gave up teaching at the university. 
In the last decade of his life he concentrated almost exclusively | 
on the philosophy of the natural sciences. His aim was not lo- 
gical analysis of scientific thought as much as the creation of a 
"philosophy of nature”, a unification on the highest level of ge- 
nerality of the theories of physics, biology, and psychology. In 
1956 he published the first part of a planned three-volume 
work with the title ”Terminalkausalität als die Grundlage eines | 
unitarischen Naturbegriffs”. It treats of the philosophical aspects | 
of atomic physics. The two volumes to follow were to deal with 
the living organism and the neural systems. | 

The hallmark of Kaila”s personality was the passionate serious- 
ness with which he engaged in the search for truth. The tension 
between analytic criticism and constructive synthesis, between 
the empiricist's regard for matters of fact and a visionary's imagi- 
nation, is characteristic of all his work but is nowhere more ex- 
plicit than in his three dialogues on the ultimate questions, pub- 
lished in 1944 under the title "Tankens oro” ("The ke | 
of Thought”). 


Georg Henrik von Wright 


Notes on the meaning of rule” 
by 


MAX BLACK 
(Cornell University) 


IG 


| 6. The activities in which regulations are used 
I I should like now to plot some of the ways in which rule- 
I 'formulations are characteristically used. In order to do so, I shall 
begin by considering the special case in which the rule takes the 
i form of a regulation, in the hope that this may throw light on 
I the ”regulation-senses” of rule” and eventually upon the other 
) groups of senses of that word. By regulation I mean something 
flaid down by an authority (a legislature, judge, magistrate, 
i board of directors, university president, parent) as required of 
T certain persons (or, alternatively, forbidden, or permitted — — see 
i the previous discussion of the character of rule-formulations). I 
i shall call those who bring the regulation into force its promul- 
i gators; and those to whom it applies (i.e., the persons specified 
for implied in the regulation formulation as performing the ac- 
I tions in question) its subjects. 

I We are to consider activities, whether on the part of promul- 
I gators or subjects, that involve a given regulation. An example 
1 would be the activity we commonly call ”adopting the regulation 
IR”, (where, in place of 'R”, the reader may imagine inserted some 
3 regulation-formulation). Other designations of activities asso- 
i ciated with regulations are obtainable by replacing the word "ad- 


drafting, recording, announcing, proclaiming, stating, un- 
derstandning, learning, breaking, rescinding, reaffirming, en- 
forcing, amending, revoking. 


The list is not complete and could be extended to tiresome 


I length. 
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An obvious way of classifying such activities is by considering 
whether promulgators or subjects engage in the activity in ques- 
tion. (Cases in which both are active, say ”helping a committee 
to draft regulations that are to apply to oneself” seldom occur; 
the relations between promulgators and subjects are usually one- 
sided — — the subjects normally have some kind of subordinate 
status.) Thus ”promulgators” or ”rule-makers” do the following: 
draft, adopt, announce, enforce, amend, revoke, (regulations) 
= — and only they can do any of these; while ”subjects” learn, 
understand, heed, obey, break, and follow regulations - — and only 
they can do these things. Let us talk about these two classes as 
those of "P-activities” (P for promulgator) and ”S-activities” 
(SS for subject) respectively. i 

P-activities and S-activities are connected in manifold ways. 
Some P-activities are done for the sake of evoking some related 
S-activities — — e.g. there would be no point in making regula- 
tions if they were to be invariably misunderstood or ignored. And 
the converse is true, since some S-activities are done for the sake 
of inducing related P-activities (e.g. agitation for the repeal of a 
regulation). Some P-activities cause S-activities, and vice versa 
(drafting a new regulation because the old one is constantly 
violated). Finally, some P-activities are definable in terms of 
(have internal relations to) some S-activities, and conversely 
(e.g. punishing a breach of a regulation, protesting the pro- 
clamation of a regulation). So the relations between the two 
kinds of activities are at least of the following sorts: (i) as mo- 
tive to act, (ii) as cause to effect, (iii) as part to whole. 

Doubtless many other types of connexion could be found. For 
rule-formulations are used in all sorts of intricate ways involving 
complex interaction between promulgators and subjects, and this 
in turn is part of a much wider web of human relationships 
which makes such relations possible. (The formulation of the re- 
gulation might be compared to the ball in a game of tennis, where 
”what is done to the ball” depends intricately upon the devel- 
oping pattern of responses between the players, and also upon | 
the background community to which both belong.) 

Still, we can impose some order by asking whether some ac- 
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I tivities (whether of the P- or the S-sort) are not logically de- 
i rivate from others. I call an activity logically derivative from an- 
I other if it would be logically impossible for a case of the first to 
i occur without a correlated case of the second occurring, the con- 
i verse, however, not being the case. Thus the activity of criticis- 
ling a poem is logically derivative from the activity of composing 
I a poem; the activity of answering a question is logically deriva- 
4 tive from that of asking the question. For one cannot criticise a 
| poem that has not been composed, nor answer a question that 
i has not been asked; but there is no logical impossibility in an un- 
I criticised poem or an unanswered question. 

It seems clear that the simpler S-activities are logically deriva- 
| tive in this sense from P-activities. In order for it to be possible 
to obey or disobey regulations, to criticise or to approve them, 
to support them or agitate for their change, it is necessary that 
| the regulations shall have been promulgated. 

This being so, we can undertake a further sifting among the 
P-activities. It seems, indeed, obvious that the examples of P- 
activities that come immediately to mind are all logically deri- 
 vative from the activity of promulgating a regulation. The pri- 
mary activity (upon which all other depend like branches of a 
trunk) is that of bringing the regulation into force. For ”con- 
sidering” a regulation (debating whether to bring it into force), 
 enforcing it, revoking it, and so on, are all ”second-order acti- 
vities” which cannot have instances unless there are instances of 
the primary activity. The "primary activity” of promulgating 
a rule may be compared to the primary activity of making a 
promise (or even of making a move in chess); intricate as are 
the uses that persons make of promises when they use them as 
motives and reasons, grounds for praise and blame, premises of 
inferences and so on — — yet the whole system of uses depends 
in the end upon the primary activity of giving one's word (as 
in the end there would be no game of chess, and so no instruc- 
tion in the game, no aesthetics of chess and so on, unless moves 
were made). And so our task narrows itself down to that of hav- 
ing a clear view of what occurs when a regulation is promulgated. 

But in simple cases, there is no mystery about this. Consider 


AZ MAX BLACK 


the case of some elected or appointed officer having the legal 
authority to make regulations. Such a man (say an inspector of / 
weights and measures) presumably derives his authority from a 
law specifying the form of the regulations, their scope, and the 
conditions under which they may be promulgated. For the sake 
of simplicity we can imagine that there is some official form 
(described in the enabling law) that is used whenever a regula- 
tion is announced. It is the publication of the regulation in pro- 
per form (and within the jurisdiction permitted by the relevant ' 
law) that brings the regulation into effect. The regulation be- | 
comes effective from the moment that the promulgating authority 
attaches his signature to an official statement of the activities to 
be controlled (i.e., to be required, forbidden, or permitted). 

A regulation published in this way can, of course, be chal- 
lenged and in many different ways. It can be objected that the . 
promulgator did not have the requisite authority, or that the re- 
gulation dealt with matters outside his jurisdiction, or that it was 
defective in form (failed to meet the prescribed conditions for 
lawful proclamation), or that it was issued in circumstances that 
invalidated it (e. g. too late for conformity to be possible) —- - 
and so on. But if all such objections fail because the requisite 
conditions have in fact been met — — then the publication of the 
regulation-formulation brings the regulation into force. 

The promulgation of a regulation has, accordingly, a ”per- 
formatory” aspect. In signing the original statement of the re- 
gulation, as the first step in its publication, the properly con- 
stituted authority brings the regulation into effect, and is not 
making some assertion that could be independently verified as 
true or false. (Of course the assertion that he was thereby bring- 
ing a regulation into force could be tested by examination of the 
relevant law.) Bringing a regulation into effect is like giving 
written orders. If the commanding officer, acting within the li- 
mits of his lawful jurisdiction, signs a document ordering certain 
actions by his subordinates, he thereby orders them to act in the 
designated fashion. Similarly, in promulgating a regulation, an 
authority thereby demands (forbids, permits) designated actions 
on the part of those subject to the regulation. 
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But it would be a mistake to press the analogy too far, since 
order” and regulation” have different though similar grammars. 
FAn order closely resembles a command, as being a relatively di- 
Frect communication to subordinates. But a regulation is a re- 
flatively indirect and as it were impersonal communication (it 
might be called an oblique order), not addressed to designated 
kindividuals, but published for the sake of informing "anybody 
I who may be concerned” of the conditions stipulated for the per- 
formance of certain acts. (Hence failure to receive orders is a 
sufficient defense against a charge of disobedience; but ignorance 
of the law is no excuse). An order is like a shot fired at a 
poacher; a regulation like a fence to keep anybody off the 
| grounds. 

In the foregoing I have been trying to do no more than remind 
the reader of what is already familiar to him. Perhaps the re- 
I ference to ”authority” of the promulgator may seem obscure; but 
we may leave this to the students of jurisprudence to explain. 
My central hypothesis is that cases like the foregoing, in which 
somebody has authority to control behaviour in a formal way, 
constitute the paradigms for uses of "rule” in what I earlier called 
”regulation-senses”. That is to say, that when we think of this 
kind of a rule, we are, more or less clearly, thinking of cases 
where somebody has authority to tell us what to do, in the ”obli- 
que” way characteristic of regulations. And that other cases are 
then related to these paradigms by plausible variations in the de- 
fining circumstances. Thus we may think of groups (boards, 
committees) framing the rules; or of different sources of the 
authority requisite (custom, rather than law); of cases where 
the enabling conditions are created by consent and not by le- 
gislation; and so on. There runs through this fabric of related 
cases, I suggest, the connecting thread of a notion of an authority, 
having the right to require conformity when pronouncing his 
wishes in set form. It is this, if I am not mistaken, that gives the 
push” that is expressed by such words as ”must” and ”must not” 
when they appear in the statement of rules in regulation-senses. 
We feel these words as symbolic substitutes for pressure exerted 
upon us. 
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I want to consider now the primary activities on the part of 
the ”subjects” of the regulations, i.e. those to whom the rule 
formulations are addressed. It is easy and correct to say that the 
primary activity in question is that of ”understanding” the re- 
gulation. For certainly nobody can heed, follow, break, or even 
consciously ignore a regulation, who does not at least under- 
stand it. But the term ”understanding” (as elusive as nearly all 
the words we have to use in this kind of inquiry) may suggest 
too strongly the kind of understanding that is appropriate in 
response to an assertion. Roughly speaking, a man may be said 
to understand an assertion if he responds to a case of ”honest 
assertion” (or what he takes to be such) with corresponding 
expectations. (If I hear a man say "There's a knock at the door” . 
and believe him to be speaking in good faith, not to have made a 
slip of the tongue, and so on, I am led to expect that there is a 
man at the door. My responses to cases where the speaker is 
believed to be lying or to have made a mistake can then be 
described by modifying the account given for the primary case 
of ”honest assertion”). But it would be a mistake to say that to 
understand a case of what might be called ”honest promulgation” 
of a regulation is to be led to have certain expectations or beliefs. 
The mistake would be similar to that committed by anybody who . 
treated the offer of a hand to shake as a communication having 
truth-value. Just as it would be absurd to call the offer of a hand 
shake either true or false, it would be absurd to call the pro- 
mulgation of a regulation either true or false. We must, rather, 
suppose that understanding a promulgation consists in recogniz- 
ing it as the sort of act ("performance”) that it is, i.e. being led 
by it to be prepared to make the kinds of moves that occur in the 
system of activities in which rules are promulgated and heeded. 
(Cf. understanding a move in chess as a check of the King. The 
chessplayer treats the preceding move as a motive for his own 
move, the specific ways in which such motivation occurs being 
determined by the ”interpretation” he puts upon that move.) 

Before I try to say less figuratively what the ”regulation-heed- 
ing moves” are, I want to draw attention to a point that seems | 
to me of great importance. Consider for a while the parallel case | 
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jof understanding a promise. The giving and receiving of promises 
ibelong to a complex system of activities that include holding 
men to account for breaking their promises, citing promises as 
reasons for passing judgment on human acts, releasing men from 
Ipromises, and so on. Now in order that a man shall be able to 
funderstand a particular promise, he must know how to play this 
I "promise game”. I can no more make a promise to a man who 
fdoes not know how to participate in promise-giving and promise- 
receiving activities than I can revoke against a man who does 
fnot know hom to play Bridge. In this respect, the position of the 
iman to whom the promise is made is exactly like that of the 
promise giver himself. For the mere utterance of the promise 
formula does not constitute the giving of a promise unless the 
"speaker is, as it were, trained to make promises. It does not 
follow that in order to understand a particular promise the 
hearer must make a standard use of that promise, by counting 
on the speaker to deliver, reproaching him if he defaults, and 
so on. The hearer can choose to ignore the promise, to ”do noth- 
"ing about it”, to treat it as if it had not been given. But if he 
were to ignore every promise, never counted on a man to deliver 
what he had promised, and if the thought of holding a man to 
account on the basis of his promises never even entered his 
head, his conduct would show that he lacked the requisite train- 
ing for understanding promises. Now much the same can be said, 
I think, in cases of understanding any performatory use of langu- 
age. And in particular, a man cannot understand a regulation 
who does not have the corresponding experience and ”training” 
of being confronted with ”oblique orders” and feeling the pres- 
sure behind them. 

I must try, however, to say something more about the specific 
ways in which the promulgation of a rule evokes an appropriate 
response from a suitably qualified receiver. My suggestion has 
been that the rule-formation in appropriate contexts has the 
standard function of being used as a conventional (symbolic) 
incentive to action. (A regulation as a kind of linguistic prod.) 
Now it is an important feature of this kind of linguistic instrument 
(as distinguished from the kind of ”prod” that we call a command) 
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that it can be transmitted. A man may say to himself ”The king 


may not castle after having moved. Therefore it is no use my 


trying to get the rook into the centre immediately.” The first 


sentence he uses is not the expression of an assertion; it is a 


statement of the rule. When he is so using it, I suggest, it is 
acting as an inhibitor of certain actions he might otherwise per- 


form (so that he is as it were, handcuffing himself). It is this | 
kind of use that seems to me distinctive of rules, as contrasted 


with commands, requests, orders and other linguistic instruments 
having ”push”. Precisely because a regulation is not published in 
the form of a direct communication between an authority and 
his subjects, the regulation formula can be used by anybody; 


and when it is thus cited, it becomes a distinctive kind of motive - 


or incentive for action. To respond to a case of ”honest promul- 


gation” of a rule by a man with power to promulgate and enforce . 


is to feel his words as a particular kind of pressure and to be 
prepared to reinstate that pressure at will by reciting the for- 
mula. To understand deviant cases (cases where one is indiffer- 
ent to the pressure or denies its real existence, owing to the 
violation of the contextual conditions) is to behave in ways 
sufficiently resembling the modes of response to the case of 
"honest promulgation”. 

I wish I could make the foregoing clearer. But I hope to have 
said enough to invoke something of the complex pragmatic back- 
ground adverted to by the use of the word ”regulation”. With 
due allowance for the necessary qualifications, I would be pre- 
pared to say much the same about all ”regulation-senses” of 
"rule". The word "rule”, I suggest, alludes to a spectrum or con- 
tinuum of cases, in which pressure of one sort or another is 
exerted through the formalized means of the pronouncing of rule- 
formulations. Thus rule” is not a logical category. It is a word 
that points towards certain complex modes of human behaviour. 


7. Systems of activities constituted by rules 


It is sometimes said that certain games (or other systematic 


activities) are ”constituted” by a set of rules. What does this 
mean? We may as well consider the familiar and constantly cited 
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irxample of the game of chess. To say that chess is constituted 
by the rules of chess is to say that a man who failed to ”heed” 
che rules would not count as playing the game. Or to put the 
Iimatter in a slightly different way, our notion of the game of chess 
Is the notion of something played according to certain rules. 
Here, ”heeding” the rules should mean the kind of activity 
| laborated in the last section — — being able to state the rules, 
itreating them as motives for one's own actions (moves in the 
izame), citing them as defenses of moves or as challenges against 
i oves. This seems to imply also, at least conformity with the 
Irules on the whole. The notion of somebody breaking the rules 
constantly but yet playing chess does not make sense. We can 
make no sense of the notion of a chess-player who always makes 
illegal moves. (But, of course, occasional failure to observe the 
les is not a ground for disquklification as a player; nor is deli- 
berate violation, ”cheating”, since the man who breaks a rule has 
to recognize what he is breaking.) 

But this account of the matter seems unsatisfyingly super- 
ficial. Consider the case of any activity controlled by (or subject 
to) regulations but not constituted by them. Then it is always 
open to us to define another system of activities which is the 
system of activities of those who do ”recognize” or heed the re- 
gulations in question. And this derivative system of activities 
will, according to the account given above, necessarily be con- 
stituted by the relevant regulations. Take as an example, the 
system of activities consisting of the parking of automobiles. This 
may be said to be subject to (official) regulations but not con- 
stituted by them. Call this system S. Now consider the system 
of activities defined as the activities of those who are aware of 
the regulations for parking, and also take heed of them (in the 
sense already explained). Call this system S'. Then S' is, although 
S is not, constituted by a set of regulations. It is clear that no 
matter what system S, of activities subject to rules is given, we 
can always in parallel fashion define an associated system, S', 
which will necessarily be constituted by the same regulations. 
Hence, there seems to be little point in talking separately about 
activities constituted by rules. It will be a mere matter of ar- 
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bitrary definition whether we do or do not refer to the activities sj 
in such a way that they will have to be said to be constituted by. 
rules or regulations. (Cf. Ramsey's remark about the ”scho- 
lasticism” involved in saying that it is impossible to break the 
rules of bridge - —- Foundations of Mathematics, 269). 

Perhaps the uneasiness that I have expressed can be dispelled ij, 
as follows. Games of skill are played for the sake of winning ac- -I' 
cording to the rules. (If all you wanted was a touchdown, why ; 
not shoot the opposing team?); whereas the aim of parking is; 
to get one's car off the street in a safe place, the aim of respect- - 
ing the relevant laws in so doing being subordinate (and, as it: 
were, ”external”). Think of the absurdity of somebody arriving 
in a remote village where there are no parking regulations at all lj 
and saying "Too bad - — it's logically impossible for me to park : 
here!” So behind the ways in which we define systems of ac-: 
tivities — — sometimes including the heeding of rules as part of ' 
the definition, sometimes not — — there is the factual considera- : 
tion as to whether people do have a special interest in observing 
the rules as such (and not for the sake of any penalties that may 
be attached to noncompliance). When there is such an interest, | 
so that the system of activities would not continue to be ex- | 
emplified if there were no such rules, it is natural to count the : 
existence and observance of the rules as part of the definition | 
of the system in question. | 

An analogy is the following. Saws are in fact made for the sake 
of cutting, and pieces of metal of the conventional shape would 
not continue to be brought into existence unless that purpose 
was on the whole fulfilled. Thus it is natural, in this case, to 
count fitness for the purpose as part of the definition of a saw. 
(The Oxford Dictionary accordingly defines a saw as ”A cutting 
tool, etc.”) On the other hand, nobody uses hay for stuffing 
pillows (though perhaps it might be so used). Hence there is no 
point in our culture in having a special term meaning ”hay suit- 
able for use in the stuffing of pillows”. For such a word would 
have no useful application, because instances of its application, 
would hardly ever arise. | 


NOTES ON THE MEANING OF RULE” 149 


3. Are there unformulated rules? 

I I wish now to consider whether it can ever be proper to de- 
Iseribe a system of activities as involving unformulated or implicit 
örules (in regulation-senses of 'rule”). In the account I gave of the 
iase of regulation formulations, I regarded as primary the activity 
on the part of the regulation promulgator of adopting and pub- 
llishing the regulation. In this type of case, therefore, it would 
be very hard to make sense of a notion of ”unformulated” or 
implicit” regulation. The notion would be as refractory as would 
be that of an ”implicit” essay. It is part of the notion of an essay 
'that it should be composed —- —- and it is certainly part of the 
icentral notion of a regulation that it should be formulated and 
'announced. The notion of an unformulated regulation sounds like 
"the notion of a decision that has not been made — —- or an announ- 
cement that has not been made —- —- or a proclamation that has 
not been proclaimed — — that is to say, the notion of nothing at 
all. (But this does not mean that we cannot speak of regulations 
Ithat have not yet come into force and perhaps never will. The 
chief difficulty in speaking of implicit regulations is that they are 
supposed somehow to be already in force, although no promulgat- 
ing authority has adopted them.) 

Nevertheless, it is possible to attach a sense to the notion of 
”implicit regulation” in the following way. I shall try to show that 
it is possible and even necessary to speak of logical relations 
between regulations. (Once this is done, there need be no mys- 
tery about the notion of a regulation being implied, without be- 
ing formulated or promulgated.) 

In the analysis of rule-formulations provided earlier in this 
discussion, I was led to identify three distinct though connected 
aspects of such formulations — — a class of possible human actions, 
a class of performers of the actions (i.e. of the persons affected 
by the regulation), and an indication of whether the actions are 
required, forbidden, or permitted. I shall call these for short, the 
A-factor ('A” for action), the S-factor ('S” for subject) and the 
M-factor ('M” for modality). Thus a convenient symbolism for 
a rule formulations is "A by S is M” —- — or, more briefly, "ASM”. 
(When the S-symbol is missing, it is to be understood that the 
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regulation is an ”open” one concerning anybody who might per- 


form A.) Here 'A' is to be thought of as replacing some designa- 


tion of a class of possible human actions, 'S” as replacing some 
designation of a class of persons, and 'M” as replacing one of the 


expressions "'required', 'forbidden or "permitted (or suitable: 


synonyms). 


Consider, now, the case of two regulations that agree in their ' 
S- and their M-factors, while having different A-factors, so that :; 
their formulation have the forms AiSiMi and A2SiMi respec-: 
tively. (That is to say, both require, forbid, or permit of the same : 


class of persons different classes of actions.) 
Now it may happen that anybody who performed an action 


belonging to 41 and also an action belonging to A2 would neces- ' 


sarily perform an action belonging to a third class.As3. Thus if 


the regulation required all owners of cars to have operating li- 


censes and all those having operating licenses to pay a fee, one 


joint effect of the two regulations would be to require that all 
owners of cars should pay a fee, though this requirement was not | 


explicitly formulated. Similarly if 41 and A2 are both forbidden, 
and every action that belongs to Ai and Az necessarily belongs also 


to As, the regulations in effect forbid As3, although their formu- 


lations do not explicitly say so. 
It is easy to see, now, that just as regulations agreeing in their 
S- and M-factors can imply (as now shown) regulations that have 


not been formulated, it is possible for such regulations to be 
logically incompatible. (If one regulation calls for the doing of 
Ai and another for the doing of Az and it is logically impossible - 
for there to be a case of something being simultaneously 4, and 
Ao, there is a logical conflict between the regulations — — they 


are logically incompatible.) Indeed we can find parallels in the 
case of regulations agreeing in their S- and M-factors for all log- 
ical relations between propositions. 

In the next place, such relations between regulations may also 
arise from relations between the S-factors. Suppose the regula- 


tions have the form AiSi:Mi and AoS2Mi respectively; and suppose | 


further thas S2 is a subelass of S1; and that everything that is a 
case of both Ai and Az is necessarily a case also of Az. Then it is 
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bbvious that the two regulations jointly have the force of a regu- 
jation AsSM:i. (If there is a regulation that all drivers have a li- 
iicense and another that all teenage drivers pay five dollars for a 
jicense, the joint effect is that all teenage drivers are required to 
(pay five dollars.) 

| Again, there may be logical relations between regulations as 
ja result of connections between their respective M-factors. Thus 
a regulation that permits A is incompatible with one that forbids 
ithe same class of actions A. 

I Finally, regulations can be combined with assertions to yield 
regulations that have not been explicitly formulated. If there is a 
| egulation forbidding the entry of dogs less than six inches long 
Jat a dog show; and if as a matter of fact the only dogs that are 
uless than six inches long are chiuhahas, the effect of the regula- 
ition is to prohibit the entry of chiuhahas at that dog show. 

| This discussion of the logical relations between regulations 
icould be elaborated without difficulty. I hope I have said enough 
ito show that a set of regulations could properly be said to imply 
regulations that have never been formulated. The crucial point 
is that regulations receivers respond, and are intended to respond, 
to the implied regulations as they would if those regulations were 
explicitly formulated and announced. Of course, they cannot be 
expected to cite such implied regulations (nor can they raise 
questions about the authority behind them, or other questions 
concerning their validity, expect indirectly, through reference to 
the explicit regulations). Nevertheless, in the crucial matter of 
the response stipulated in the regulations, it is never a defense 
to say that the course of action in question was not explicitly 
referred to in the regulations. It would be preposterous for a man 
charged with breaking into a house on Regent Street to plead 
that the law had nothing explicit to say about houses on that 
street. Any intelligent person is supposed to understand that any 
course of action that the laws, taken together, are found jointly 
to forbid, is intended to be forbidden by the laws. And so, logical 
conclusions drawn from regulations function as incentives for 
action (have a ”push” or imperative force) no less than the ex- 
plicit regulations from which they are inferred. And the same 
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can be said of all rules, no matter in which sense the word "rule 
is being used. 


9. Can there be uninferred. rules that are unformulated? 


There remains for consideration a more controversial question. | 
Is it possible that ways of behaving should be properly describ- 
able as the heeding of regulations that have not been formu- | 
lated and cannot be inferred from regulations that have been 
formulated? (I shall call such regulations ”basic regulations”). — | 

Let us begin by considering a hypothetical case. I imagine some | 
tribe in which everyday conduct is found to be controlled by a | 
strict penal code. The rules of conduct are stated in traditional | 
formulas known verbatim by every member of the community. 
(We can imagine that the day begins with a formal recitation of | 
the code on the part of each citizen!) Violations are invariably | 
punished by flogging, and such punishment follows immediately 
a violation is detected, according to a graded schedule incor- | 
porated into the ritual statement of the laws. (The tribesmen | 
chant ”I must not lay hands upon my brothers wife, on pain of | 
fifty lashes” and so on.) 

And now let us suppose a visitor to notice a fenced enclosure | 
near the centre of the village; that the tribesmen take great care || 
to avoid coming into contact with the fence, warn their children 
against doing so, and so on. And that anybody who does brush 
against the fence is immediately taken to the ritual place of | 
punishment and given a hundred lashes. On thé other hand, no 
prohibition against contact with the fence appears in the official 
code (the rules that are recited every morning), so that there can 
be no question of an explicit law against the practice. We can | 
suppose, further, if we want to make the example seem more 
plausible, that the whole affair is regarded as too holy for dis- 
cussion, so that the elders of the tribe refuse to talk about it as 
a matter of policy and the hoi polloi shrug it off as "something 
that has always been ever since men can remember”. | 

In such a case, one would be strongly tempted, and I think | 
with good reason, to suppose that there was in force an unformu- | 
lated basic law — —- an ”unwritten” law — - which we could for- | 
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imulate as "Nobody shall touch the sacred fence, on pain of re- 
iceiving a hundred lashes”. The reason that would lead us to say 
ithis, is the conformity of the behaviour of tribesmen with what 
Hit would be if there were such an explicit law. In respect of 
havoiding the fence, admonishing one another to take care when 
in its neighborhood, and in respect of the mode of penalty that 
ifollows contact with the sacred object, there is a very close 
tanalogy with what happens in the case of the explicit laws of 
the community. The one respect in which there is lack of analogy 
vis that the law that we have formulated is no part of the well- 
known code of laws, is never recited and, indeed, never formu- 
klated. 
I This imaginary instance has shown that circumstances are con- 
i ceivable in which we might usefully say that a set of persons be- 
haved as if they were responding to a regulation that had, how- 
i ever, not been formulated and was ”basic” in the sense of not 
logically following from the code of explicit regulations. It was 
an essential feature of this example that there should be a set 
of explicit laws in force in the community, so that we could 
compare the behaviour which we wished to call observance of 
implicit law with the behaviour that we had already called ob- 
servance of explicit laws. The attempt to describe a community 
living under a system of laws, none of which were formulated 
and cited, would have had no prospect of success. 

Now if in actual cases, we find a set of persons behaving in 
such a way that (i) they make use of a system of explicit rules 
or regulations, and (ii) they also respond in analogous ways in 
situations which we can describe in terms of a rule which they 
have not formulated, I think we shall be justified in saying they 
are observing an implicit basic rule. 

The following might provide an example. There is no official 
rule of chess that a threat to the queen shall be announced by 
saying ”Qeen”. This practice is, however, very common among 
beginners. Suppose, then, that we were able to watch same 
young chess players who were able to cite at any rate the most 
important of the official rules of chess — — and indeed appealed 

to them in cases of dispute as to the legality of moves. Suppose, 
10 
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also, that they were in the habit of saying ”Queen” when the 
queen was attacked and that when this was omitted, the player 
who did so was reproached. But that nobody ever used the words 
"The rule is that the queen. must be warned” or any words con- 
veying the same meaning. In that case, we should have an 
example, of a not unrealistic sort, similar to the case of the tribes- 
men already discussed. We should be justified in saying that the 
chessplayers were observing an implicit or unformulated basic I 
rule. | 

I do not deny that there might be considerable difficulty in 
distinguishing the case just described from that in which there 
was a mere habit or custom of saying ”Queen”. But there is one 
good way of rendering the difference between the cases of fol- 
lowing a custom and observing an implicit rule more distinct. 
Having tentatively decided that the players were observing the . 
rule described, we could then formulate it and offer it to them 
as an explicit rule. We could say, ”I see you follow the rule that 
the attack on a queen must be announced by saying "Queen”.” If 
they agreed, we could take that as strong evidence that they had 
been following an implicit basic rule. If it is objected that they 
might now be adopting a rule which they had previously not | 


been observing, we can incorporate the new test into our notion I 


of an implicit basic rule. We can say that by calling a rule im- 
plicit we mean among other things, that if it were formulated and | 
offered for consideration to the persons concerned, they would 
accept it as codifying their previous practice; and that after such 
acceptance their behaviour would not be substantially changed. 
If the chessplayers agreed with our formulation and continued 
to play as before (except perhaps that they now sometimes ex- 
plicitly cited the newly formulated rule) we would, on this view, 
be shown to have been justified in our judgment that they had 
been playing previously according to an implicit rule. 

My conclusion is that we can sometimes speak of there being 
implicit rules even if those rules are basic, in the sense of not be- 
ing logically inferrable from explicitly formulated rules. | 
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110. Application to various types of rules 

I It will have been noticed that although I earlier distinguished 
Tour groups of main senses of the word "rule” (the ”regulation- 
fenses”, the ”instruction-senses”, the ”precept-senses”, and the 
principle-senses”), I have in fact been discussing only the first 
idluring the last few sections. One reason for doing this is that 
iche regulation-senses are, in my judgment, central. Another is 
ichat the discussion of what may be called the "background ac- 
itivity” (the promulgating and understanding of rules together 
iwith all related P- and S-activities) is hardest to analyse in this 
fase. 

| In the case of instruction-rules, the activities of announcing 
Jand responding to rules are relatively simple to describe. The ty- 
ipical case is that of a man in a position to know, informing a 
kuitable hearer how to achieve a certain end. (All that was said 
ipreviously about the special authority of the rule-giver in the 
case where the rule is a kind of regulation here ceases to apply.) 
A question about the justification of the rule is now answered 
by reference to its efficacy or, less directly, by reference to the 
experience or knowledge of the announcer of the rule. ("The 
le is: Do not plant tomatoes before the first frost.” "Why not?” 
"Well, I have discovered it doesn't pay.” Or: "Experience shows 
that they usually die if you do otherwise.”) To this family be- 
long the special kinds of instructions known as ”recipes”, ”pre- 
scriptions” (in the medical sense) and ”formulas” (for making X) 
- — except that these words tend to carry a suggestion of in- 
structions for a more specific purpose than is suggested by the use 
of the word rule”. On the side of the receiver of the instruction- 
rule, the primary activity is that of treating knowledge of the 
rule as an incentive to follow the means described for achieving 
the end in question. (Though here, as in all cases, we have to 
make allowance for the counterbalancing force of other consi- 
derations that may inhibit action according to the rule in ques- 
tion. If I "know better”, I may refuse to follow the instructions 
for planting tomatoes; but I must at least consider the proffered 
rule as a prima facie reason for acting in the way it prescribes 
and not deviate from it unless I have a stronger opposing reason. 
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Of course, if I think the man who offers the rules is an igno- 
ramus, or is trying to mislead me, that is reason enough for: 
ignoring what he suggests.) Rules in the instruction sense can be: 
used as reasons (when they have been accepted by the receiver). 
Thus we must distinguish here, as we did in the case of regula- 
tions, between talk about the rule, and the citing of the rule. . 
(When I say ”I am not going to plant the tomatoes until next t 
week because tomatoes should not be planted before the last: 
frost, I am citing the rule, not talking about it.) 

In the case of rules that can be regarded as precepts, i.e.. 
rules of prudence or of morality, the typical activity on the part: 
of the rule announcer is either advice or exhortation. When the : 
rule relates to conduct that is not regarded as having strictly: 
moral implications (rules about how to be successful, or to or-- 
ganise one's day) the situations in which rules are announced il 
and heeded approximate to those in which instructions for the: 
achieving of specific ends are in question. (Cf. what said earlier" 
on this point.) If there is a difference, it is a relatively subtle: 
one concerning the imputed status of anybody who puts himself i 
in the position of offering me advice about conduct, as con-- 
strasted with that of the man who tells me how to do a specific : 
job. (Cf. "How do you know what to do?” with ”Who are you! 
to tell me what to do?”.) But I shall say no more about this. 
When we have to do with moral rules, the "background ac-- 
tivity” is notoriously more complicated. I shall leave the matter: 
with the bare reminder that the stating of moral rules is bound I 
up with the various moral activities of assigning blame and praise, , 
deliberating about possible courses of action, formulating guiding : 
maxims for the decision of difficult cases, resolving of moral! 
conflicts, and so on. I shall not attempt to show in detail how: 
moral rules (as distinct from other moral statements) function : 
in these many important contexts. 

Finally, the remaining ”degenerate case” of rules that can be: 
thought of as the expressions of principles (rules of thumb) can! 
be quickly dismissed with the comment that here we have to do: 
with statements that can be treated almost as general assertions; 
about matters of fact. The use of such ”rules” is so close to the' 
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familiar uses of truth-claiming assertions klae it hardly needs spe- 
Tbial and extended discussion. 

| The important thing to stress is that the conclusions reached 
gabove with regard to the possibility of logical relations between 
eules and the existence of "implicit rules” not derivable from 
fother, explicit, ones, apply, with suitable modifications, to all 
äicases of rules. I am inclined to think that even the point pre- 
viously emphasised about the performatory aspect of the pri- 
imary activity in which a regulation is announced, survives when 
iwe pass to the cases of 'rule” in some other than a regulation 
isense. What, in my view, distinguishes a case of a rule being 
loffered (rather than say a factual statement about the conse- 
Iquences of certain acts — — "The rule is don't put tomatoes in un- 
til after the first frost” rather than "Tomatoes planted before 
the first frost usually die” —- — or "The rule is: Do unto others as 
you would be done by” rather than ”If you don't treat others 
las you would like to be treated yourself, you will end by re- 
gretting it”) is that when a rule is offered an act is performed, 
which cannot be simply identified with the act of asserting some- 
thing to be the case. Giving instructions in the form of a rule 
is not the same as saying that such-and-such is an effective way 
of achieving the desired end; moral exhortation is not the same 
as confirmable assertion about the consequences of such-and-such 
acts; even the stating of a rule of thumb differs noticeably from 
stating such and such to be the case. There is more than a dif- 
ference of nuance between ”Usually eight tricks per hand are 
found to be won by honour cards” and "The rule is: Eight tricks 
per hand can usually be counted on as being won by honour 
cards”. The latter carries with it suggestions of advice ("Follow 
this rule”), of instruction ("This is the way to do it, if you want 
to win”) — — even, less strongly, of quasi-moral exhortation ("It 
would be wrong to act otherwise”) or authoritative demand from 
a superior authority ("I tell you to do this, as one in a position 
to say how Bridge should be played”). As if the word rule” came 
trailing clouds of suggestion from the many different contexts 
in which it can play a part. But perhaps in this last case, we are 
dealing with subtle differences of tone and style; and the diffe- 
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rence to conduct made by preferring the rule-formulation to the : 
use of an accertion is minute, and of interest only to a minute: 


philosopher. 


11. Does language have rules? 


I reach at last the question for the sake of which these notes ; 
have mainly been written — — the question whether a language : 


can be said to have rules — — and if so in what sense. 


If we glance at our schedule of senses, it will be quickly seen | 
that the group of senses most nearly applicable to the case of | 
language is that in which we talked-of a ”regulation-sense”. If 


language is subject to rules, those rules must in some sense regulate 


and control the behaviour of the users of the language. But there / 
can hardly be a question of there being regulations in the paradigm 
senses of regulation”. Except in such isolated cases as the quixotic 
attempts of the French Academy to control the speech of French- 
men, there are no discoverable authorities with power to regulate. 
There are no legal authorities to back linguistic regulations with 


legal penalties (as there are, on the other hand, magistrates and 


police to' punish the use of obscene language), and misspelling, | 
mispronunciation, and malapropism are not indictable offences. 
Nor on the other hand is it more than an unplausible fiction to | 


speak, as some writers have done, of ”agreements” or ”conven- 
tions” about the use of language, if such talk is taken literally as 


implying deliberation and explicit ratification of consent. There | 
are no linguistic treaties between parties competent to negotiate; | 
nor would agreement about the future use of common words be 


more than a learned farce. It is truistic that language grows as 


erratically as a jungle and that the attempt to forecast its change : 


or to control it has about as much chance of success as the attempt 
to cultivate the Saragossa Sea. 

Such facts as these have led many students of language (in- 
cluding perhaps a majority of professional linguists) to deny that 


linguistic rules, are in force in natural languages. Language, they | 


say, is a system of social habits, not a rule-controlled system of 
responses. And they are all the more inclined to say this since 
they have reasons for viewing the notion of language regulation 
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ith suspicion or something worse. They are often inclined to 
Ifhold that the supposed rules of language are at best an attempt on 
ithe part of a privileged elite to impose their special habits of 
speech upon the rest of the speech community. And this advocacy 
lof a special dialect, as they like to say, has no more foundation in 
the facts of linguistic practice than the prejudice that every man 
Ithas in favour of habits of speech that he finds familiar and 
I comfortable. 
I There is some justice in the attitude towards language which I 
thave sketched (no doubt less sympathetically than an advocate 
ii might). Yet in its fundamental premisses it is, I believe, mistaken. 
I We must allow for the large discretion which a speaker is free to 
I exercise, and are entitled to discount the pedantic claims of those 
I who have tried to turn their own linguistic prejudices into a code 
binding upon all speakers. It still remains true that in learning a 
I language one also learns the all-important notion of relevant con- 
I trolling rules of usage (and so ”proper” and ”improper” ways of 
talking and writing). Some of these rules are explicitly formu- 
 lated, and can be checked by anybody who will take the trouble 
to consult dictionaries, grammar books and secondary authorities 
| like Fowler. But many more are shown in the behaviour of the 
I speakers of the language --in their readiness to correct them- 
selves and others, their willingness to believe that there is a rule 
| even if they don't know what it is, and in their endorsement of 
rules after they have been formulated by an onlooker, as adequately 
formulating the guiding principles of their previous conduct. No 
doubt a good deal of linguistic behaviour is not subject to rule at 
all; and perhaps a good deal more is not subject to explicit rules. 
But if what I have said about implicit rules stands up to critical 
examination, this is not an insuperable obstacle to the discovery 
of rules governing the use of language. 


12. Summary. 

In these notes, I have been exploring the logical grammar of 
rule”. I began by noting that a rule can be stated in a form of 
words that is not a designation (i. e. a name or a description) of 
the rule. It is impossible, however, to identify the rule with any 
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one of its formulations, or with the class of its formulations. The 
contention that a rule is the meaning of any of its formulations is 
correct, but not illuminating. To determine the meaning of a rule 
formulation we must investigate how such formulations are used. 
(Similarly to understand the meaning of a command formulation 
or a promise formulation, we must investigate how the corre- 
sponding forms are used.) 

First, however, I tried to discover what I could from the charac- 
ter of rule formulations considered in isolation from their distinc- 
tive uses in context. It was found that there is no distinctive 
formula for a rule formulation (as there is in the cases of com- 
mands) promises, and questions), and that there are available a 
large variety of ways of expressing a rule. All of these, however, 
were found to agree in certain features of their content. It must 
be possible to read off from each rule formulation (i) a class of . 
human ”actions”, (ii) a class of persons who perform those actions, 
(iii) an indication of whether those actions are demanded, for- 
bidden, or permitted. (In the case of an ”open” rule, intended to 
apply to ”whomever it might concern”, the second element might 
be omitted.) 

There followed a rough classification of the various sense of 
rule” into four groups. In the first of these, a rough synonym for ' 
rule” is regulation”, while the corresponding alternative synonyms 
in the remaining cases are instruction”, 'precept', and principle”. 
Other tests for picking out the first sense included the possibility 
of talking about ”enacting”, ”enforcing”, or ”rescinding” the rule. 
The fourth sense of rule” was regarded as ”limiting” or ”degene- 
rate”, in the sense of sharing so little in its pattern of usage with 
the others that its classification with them seems almost a matter 
for arbitrary decision. 

In investigating the uses of 'rule” in the first sense (the ”regu- 
lation-sense”), I tried to distinguish the röle of the promulgator 
from that of the receiver of the regulation. I picked out as ”logi- 
cally primary” (in a sense I tried to make clear) the activity of the | 
rule-maker which I called ”adopting and announcing” the rule. | 
One of the points I most wished to stress was the ”performatory | 
aspect” of this activity — - its function as "bringing the regulation | 
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önto effect”. I also paid considerable attention to the contextual 
fonditions (such as the established authority of the rule-maker) 
chat had to be satisfied before a rule could be made effective. 
J On the side of the receiver of a regulation (the consumer, as it 
were), the most important point was, perhaps, my contention that 
frunderstanding” a regulation involved treating knowledge of the 
regulation as an incentive or motive to behave in the way speci- 
Jäied. Correspondingly, I had to emphasise a difference between 
stating that a certain rule is in force and citing the rule. It is the 
Hatter that occurs when the rule is characteristically used as a 
reason for defending or criticising courses of action. 
k Iinvestigated briefly what could be meant by saying that certain 
isystems of activities are ”constituted” by rules. 
I Then, I undertook to determine whether it makes sense to speak 
iof ”unformulated” or ”implicit” rules. In so doing, I had to explore 
the logical relations to be found holding between explicit rules. 
IA good sense was found to be attached to the notion of rules 
being implied by given rules. In this sense, there can certainly be 
implied rules, viz. those that are so implied. I also came to the 
conclusion that there can occur cases of implicit or unformulated 
”Dasic” rules (i. e. such as cannot be inferred from the explicit 
Irules). 

Similar conclusions were found to hold for the sense of 'rule” 
other than those grouped together as ”regulation-senses”. 

Finally I considered whether it was proper to speak of rules of 
language and answered this question in the affirmative. 


Dreams 
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JUSTUS HARTNACK 
(Arhus University) 


In the dialogue Theaetetus Socrates asks Theaetetus "What evi-. 
dence could be appealed to, supposing we were asked at this: 
very moment whether we are asleep or awake - dreaming alll 
that passes through our minds or talking to one another in the 
waking state.” 

To this question Theaetetus answers as follows: "Indeed SÅ 
crates, I do not see what evidence it is to be proved; for the two 
conditions correspond in every circumstances like exact counter- 
parts. The conversation we have just had might equally well be 
one that we merely think we are carrying on in our sleep; and 
when it comes to thinking in a dream that we are telling other 
dreams, the two states are extraordinarily alike”. 

Two thousands years later, in the First Meditation Descartes 
writes. "How often, indeed, have I dreamt of myself being in: 
this place, dressed and seated by the fire, whilst all the time Il 
was lying undressed in bed! At the present moment it certainly; 
seems that in looking at this paper I do so with open eyes, that! 
the head which I move is not asleep, that it is deliberately and! 
of set purpose that I extend this hand, and that I am sensing: 
the hand. The things which happen to the sleeper are not so: 
clear nor so distinct as all of these are. I cannot, however, but: 
remind myself that on many occasions I have in sleep been de-- 
ceived by similar illusions; and on more careful study of them: 
I see that there are no certain marks distinguishing waking from i 
sleep.” ” 

+ 158 b-158 c. C. Cornford's translation. | 

> Descartes Philosophical Writings: Selected and translated by Normann i: 
Kemp Smith, p. 197. 
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Finally, three hundreds years after Descartes we find that 
IRussell concludes: "I do not believe that I am now dreaming, 
ibut I cannot prove that I am not.” ” 

I Thus from Plato to Russell the problems of Sr us ag 


- one is not dreaming when in fact one is awake has been 
inot only a living problem but also an unsolved one. 


PS 


I What does it mean to say that I am awake? When I am awake 
II am in a state where it can correctly be said that I am either 
Hlistening, looking, observing, assuming, believing, doubting, think- 
ling, deciding, asserting, etc. If I am neither listening, observing, 
ithinking nor am engaged in any other form of mental activity it 
would be false to say that I am awake. 

On the other hand, to say about somebody that he is dream- 
ling is, of course, to presuppose that he is asleep and, further- 
Imore, is to assert that he has what could be called "dream-ex- 
perience”. 
> The existence of these dream-experiences is, of course, a ne- 
'cessary condition of the possibility of mistaking dream for reality. 
But is a dream-experience a state in which it makes sense to 
"apply such verbs as to believe”, to be mistaken, to be con- 
'vinced”, to see”, to think” and to hear”? If these verbs do not 
apply it follows that I cannot ask — as both Plato, Descartes and 
Russell do — whether I — in a state of dream —- mistakenly believe 
myself to be awake, or whether my conviction of being in a 
special place is only a dream. 

Suppose I report that during the night I walked on the moon. 
I would probably be corrected and be told that I did not mean 
that I had walked on the moon. What I meant was that I had 
dreamt that I walked on the moon. Since I have been in my bed 
all night I cannot say that I have walked but only that I have 
dreamt that I did. Or suppose I report that, during the night, 
I have listened to one of Cicero's speeches. The correction would 


> Human Knowledge, p. 172. 
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be the same: I had not listened to Cicero. I dreamt that I had;; 
I cannot be said to have listened any more than I can be said to: 
have walked. 

And again. Suppose I dreamt last night that I decided to be ax 
teetotaller. It would be rather absurd if I now announced that Il 
had decided to be a teetotaller. To dream to decide to be ar 
teetotaller is not to decide to be one. To dream to decide is nott 
to decide. ; 

What is true of the verbs "to walk”, to listen, to decide”, is: 
true also of the above-mentioned class of verbs: "to believe',, 
to be mistaken”, 'to think”, to assert” etc. To dream to assertt 
that two plus two makes five is not to assert that two plus two. 
makes five. The proposition: "I dreamt last night that I assertedl 
that two plus two makes five” differs in an important way fromi 
the proposition: ”I asserted last night that two plus two makes: 
five”. 

The difference is, at least partly, that the former is a proposi-- 
tion that asserts that I dreamt, while the latter is a proposition i 
that asserts that I asserted — consequently a proposition that im- - 
plies that I did not sleep. I could not be blamed for having as-- 
serted that two plus two makes five and could not be blamed for 
having false beliefs in arithmetic for the sole reason that I dreamt: 
I asserted that two plus two makes five. I could be blamed only: 
if I asserted it but not because I dreamt I asserted it. | 

And I cannot be said to have seen anything just because 1] 
have seen a Sputnik in my dream. I have not even seen a dream- 
image of it. | 

I may dream that I am taking a walk in an unknown lands- 
cape. I may say that I see this landscape in my dreams. Since I 
am not seeing the landscape itself it must, in one sense or an- 
other, be a picture of it. It would not be correct, however, to 
say that I am seeing a mental picture. To see is to see either 
correctly or incorrectly. It is a way of finding out. I may answer 
question of the type "How do you know?” by telling that I saw . 
it. But I may believe that I saw that something or other was the | 
case and be wrong in my belief. My report that I saw it was the 
case is subject to control and to correction. If I am asked to re- | 
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iport what I see I may answer that I have not yet found out but 
ächat I am looking carefully, and attentively. And in my final 
freport it may turn out that I have passed false judgments or that 
tl overlooked certain features. 

| But I cannot say that sort of things when I am engaged in 
seeing” a dream-picture. I cannot say of the dream-picture I had 
Idast night that I believe that I saw roses in the field but that it 
imay be false — perhaps it really was tulips. Nor can 1 say that 
"besides the features I have been able to report, the dream-picture 
imay quite probably have other features, features which I simply 
toverlooked. But if I cannot say any of these things there is no 
justifications for using the verb to see”. And if I cannot use 
ithe verb "to see” I cannot use the noun "picture” either. A picture 
I which I cannot see — not because it is hidden behind something 
Ior because it is too far a way, but because it has no meaning to 
apply the verb to see” - cannot be called a picture. 


3; 


But why is it incorrect to say that I can think in my dream? 
Take such a simple thought-process as addition. 

What is the difference between adding 27 and 6 when awake 

"and adding 27 and 6 in my dream? If to add when awake may 
I be called thinking why should I not be said to be thinking when 
I add in my dreams? 
— Suppose a parrot has learned to say: "27 and 6 makes 33”. 
Would we say that the parrot has learned to add? The difference 
between the schoolboy saying ”27 and 6 makes 33” and the 
parrot saying it, is simply that the schoolboy is adding the 
numbers 27 and 6 and the parrot is not. The parrot has learned 
to say: "27 and 6 makes 33” and one judge the parrot's per- 
formance according to how it says it. But we do not judge the 
schoolboy's performance as a speech-performance; we judge it 
as an exercise of his arithmetical knowledge. To say that he 
exercises his arithmetical knowledge is to say that he adds num- 
bers correctly or, if he makes mistakes, is able to correct them. 
If the parrot makes mistakes we do not call them arithmetical 
mistakes; they are mistakes in pronouncing a sound. 
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What, then, is the difference between adding numbers while: 
awake and adding numbers in one's dreams? If, when awake, I: 
add 27 and 6 and 13 the result reflects my knowledge of how 
to add numbers. If the result I get is arbitrary it is the criterium:! 
of not adding. And this is precisely the case when I add in my 
dreams. I may dream that I add 6 and 27 and 13 and may dream: 
that the result is 46 but I may just as well arrive at 246 or any/ 


may just as well dream that 246 or 18 is the correct result. I may? 
dream that the result is 246 and then, in my dreams, correct the :4 
result to 46, but I may just as well des that the result is 46; 
and then correct the result to 246. In other words, I am not: 
applying the laws of arithmetic. I dream that I am adding - I 
am not adding in my dreams. | 

The same arguments also apply in more complicated situa-- 
tions. I may succeed in deducing a mathematical theorem. Later" 
on, in my dream, I go through the whole mathematical proof. . 
It may now be tempting to say that in my dreams I have deduced 
a theorem. To deduce is, among other things, to understand how : 
to get from one proposition pi to another proposition p2 and j 
understand that it would be incorrect to reach for example, p3 
or pa. To deduce in mathematics is to exercise one's mathema- 
tical knowledge. If I am indifferent to whether I shall assert po, | 
p3 or any other proposition or if it is arbitrary whether I assent 
to p2 or p3 I cannot be said to deduce the result. But the ma- 
thematical deduction I make in my dreams is characterized by 
just this. | 

The result I get does not depend on and is not determined by 
what correctly follows according to mathematical principles and 
rules. In my dreams I may get, and assent to, one result as well 
as any other; and this is precisely what I cannot do if I can be 
said to be engaged in mathematical thinking. 

But even if it is admitted that I cannot be said to think in my 
dreams it still seems reasonable to say that I can believe in my | 
dreams. | 

When I dream I do not know that I dream. I may dream that | 
I dream —- or dream that I am not dreaming - I may even dream | 
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hat I know that I am dreaming. But to dream that I know I am 
Ireaming is no more to know that I am dreaming than for ex- 
mple to dream that I know that there will be no more wars in 
iny life time is to know that this is the case! 
To dream that I am dressed and seated by the fire is, so it is 
aintained, to believe, though to believe falsely, that I am in 
his situation. I am just as convinced of being seated by the fire 
vhen I dream to be so as I am when I am really so seated. 
Beliefs and assumptions, however, are either true or false. But 
what could be either true or false when I am dreaming? Suppose 
dream I meet Descartes on the street. What meaning would it 
nave to say that it was false? It would clearly have no meaning 
:o say that I was mistaken because it was not Descartes I met 
- it was Malebranche — a mistake I could have rectified if I had 
ooked more carefully. Questions about how I can be sure it was 
Jescartes and not another person resembling him are, in this 
sontext, without meaning. 
The fact that it has no meaning to say that I am in error in 
ny dreams is not to say that I am infallible. It is just as senseless 
:0 say that I am not mistaken as it is to say that I am. I assumed 
neither correctly nor incorrectly that I met Descartes. But an 
assumption or a belief that cannot be either true or false is 
simply not an assumption or a belief at all. 

Against this the following objection may be raised: When I 
wake up after a dream, say that I walked on the moon, I dis- 
cover that I am not, after all, walking on the moon. I must, there- 
fore, have believed that I did so, or else there would be no sense 
in saying that I discover on my waking up that I am not, after 
all, walking on the moon. This is clearly seen to be the case when 
the dream is pleasant or unpleasant: In the moments of waking 
up I am either disappointed or relieved. And does this not imply 
that I assumed or believed (though mistakenly) that something 
Was the case? But notice that we never say, on waking up, that 
it was a pity or that it was fortunate that we had made a mis- 
take. What we say is that it was a pity, or that it was fortunate 
that it was a dream. And to say it was a dream is not to say 
that one made a series of mistakes; it is, among other things, to 
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say that one was in a state where it has no meaning to say tha | 
one was in error. | 

Now suppose that I dream that I do not dream? This most 
certainly must be false. 

Does not that compel me to say that I am entertaining falsed 
ideas? 

The important thing to notice, however, is this. I cannot say; 
that I am mistaken; only if I am asserting, believing or assumingi 
can I be said to be either mistaken or not mistaken. If I dream 
that I do not dream I-am neither asserting nor believing (but just 
dreaming) that I am not dreaming, and consequently am not in-; 
volved in error. | 

If I dream that I am not dreaming it seems that I shall haver 
to say that my dream is not in agreement with the facts. But I 
cannot say even this, for ofily assertions and assumptions car 
be in agreement with facts and a dream is no more an assertio 
or an assumption about the things dreamt than a painting is ant 
assertion about the things painted. 

Dreams, therefore, belong to another category than illusions. 
The concepts of "illusion implies, what the concept of "dream 
does not, that someone has false beliefs or is in error. It is further 
more implied that there are certain methods of finding out 
whether one is subject to illusion or not. But when I dream 1! 
cannot apply any methods; because to apply a method presup- 
poses that one is awake. Only if one is awake can one appl id 
methods. If I apply a method in my dreams I dream that I appl ” 
it; I am not applying it — no more than the surgeon is operating 
vallen he dreams that he operates. 


4, 


We have not yet made any attempt to answer the question how 
do I know that I am dreaming. Whatever evidence I can bring forth 
it seems possible to meet with the question: "How do you know 
that you are not dreaming this very thing you take as evidence 
for being awake?” If I say that I do not dream because I know 
that I have just awoken and that I am now busy in dressing mi 
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jelf you ask me how I know that I am not dreaming that I have 
ust awoken and how do I know that I am not dreaming that I 
m busy in dressing my-self. And if I maintain that I could not 
ee, hear or think as I do now if I were dreaming you may ask 
ne how I know that I am not dreaming that I see, hear, and 
chink and how I know that I am not dreaming that I am asked 
ow I know that I am not dreaming. To these questions no 
nswer seems possible, because no answer seems safeguarded 
gainst the question how do I know that I am not dreaming that 
give these answers. 

On this point the concept of dream has a logic that differs, 
;0 it seems, from other concepts of the same logical family. If 
complain about a toothache it has no meaning to ask me how 
[ know that I have a toothache or whether I am sure it is not 
just something I believe or guess or imagine. But it seems to have 
meaning to ask how I know that I am not just dreaming that I 
nave a toothache. It is important, however, to notice another dif- 
ference. The above mentioned verbs (to believe, to think, to 
guess, and to imagine) can all be used in the first person in the 
present tense. I can say that I believe, that I think, and that I 
guess or imagine that to-morrow”s weather will be fine; but what 
meaning could it have to say: "I am dreaming right now that to- 
morrow”s weather will be fine”. If this is taken as an assertion 
a paradox results: A condition of making an assertion is, as we 
have just seen, not to be dreaming. In other words the condi- 
tion of making such an assertion is that the assertion is false! 

Next, with regard to the question: ”Do I dream?” the condi- 
tion for asking this question is that I am awake, because only so 
is it possible to ask the question; i.e. the condition for asking the 
question makes it pointless to ask it. If I dream I cannot ask 
whether I dream; I can only dream that I ask this question. 
Descartes” question: "How do I know that I am not dreaming?” 
cannot, therefore, be a genuine question. If he is awake the 
question is pointless, and if he sleeps he cannot ask. 

To say this does not seem quite satisfactory. It seems un- 
satisfactory to conclude that a question cannot be asked when 
this very question has been asked for more than two thousands 
11 
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years. The therapeutic method may not have cured us comple- 
tely; we may still have some mental cramps! 

It is important, however, to understand what kind of question 
it is we are asking. The question: "How can I know that I am 
not dreaming?” has with respect to grammatical form a certain i 
resemblance to the question: "How can I know what time the: 
train is leaving?”. The latter question differs, however, in ani 
important respect from the former. I am asking the latter ques-- 
tion because I am ignorant of the facts. I do not know, but want if 
to know, when the train is leaving. I am not asking the former: 
question because I am ignorant about the facts. It is not that I 
do not know —- but want to know - whether I am dreaming or” 
awake. Nor am I asking with what right I assert I know that I 
am not dreaming if this is taken to imply that I may not have: 
any right to assert so — which of course would be misleading. It: 
is not even a question about which methods we in fact apply ini 
order to decide whether we are awake or not. To the question: 
if I am awake I can answer immediately without application i 
of any methods. It is never the result of a systematic investiga-- 
tion that I conclude that I am awake. | 

No doubt, Descartes conceived the question as a question: 
about how to prove that he was awake; i.e. to prove what he: 
in fact knew. | 

The belief that we have methods to distinguish between dream : 
and being awake is held by many and is found in contemporary" 
philosophy also. In his famous and influential paper "Other: 
Minds” Austin has a remark which seems to indicate that he: 
holds such a belief. He says (Logic and Language 2 p. 133) 
"There are recognized ways of distinguishing between dreaming; 
and waking (how otherwise should we know how to use and! 
to contrast the words?)”. Of course we know how to use and to: 
contrast the words "dreaming” and "waking”. And of course we: 
know the difference between dreaming and waking. One way: 
we get to know what dreams are is by having dreams ourselves. | 
And when we wake up we can recognize our dreams as dreams. . 
But this is probably not what Austin has in mind. It is philo- 
sophically rather uninteresting to know that we can recognize : 

| 
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hat we have dreamt when we wake up. In order to have philo- 
sophic relevance his remark that there are recognized ways of 
distinguishing between dreaming and waking must mean that we 
y help of these recognized ways can decide whether we are 
dreaming or awake. 

' Suppose someone asks: "How can I know that I am not dead?”. 
There is no difficulty in seeing that this question is not a genuine 
uestion. The way to answer the question would be to explain 
hat the expression 'is dead” means. If the meaning of this ex- 
pression is understood it is clear that the question: "How can I 
know that I am not dead?” is a pointless question. The question: 
'How can I know that I am not dreaming” has to be answered 
in the same way. If I understand the logic of the verb to dream” 
I understand that neither the expression ”I dream that p” nor 
the question ”Do I dream?” can have any application. 


What is rationality? 
by 


HAIG KHATCHADOURIAN 
(Beirut, Lebanon) 


I 


The term 'rationality” has several uses. There is first the use in- 
volved in such statements as ”Man is a rational animal”, in which if 
use all men are called rational, including children and the men- 
tally defective. Here rationality consists in possessing the faculty: 
of reason and the power of exercising it.” 

With this use of the term we shall not concern ourselves. We: 
shall limit ourselves to the uses of the term in which it is false: 
that all men at all times have been or are rational. Two main uses: 
will occupy our attention. (1) With regard to the first use, tor 


say that a desire, an act, or a goal” is rational is to say that it is: 
agreeable to, in conformity with, or is based on, reason. In the: 
same way we speak of a person as behaving rationally, as being: 
rational (or as being a reasonable person); or as behaving irra- 


+ The Oxford English Dictionary. | 

” Note that an act, not an action, is said to be rational or irrational.. 
Feelings and ideas ("idea as used in ordinary discourse) are also said to be: 
rational (or reasonable) or irrational (or unreasonable). But we shall not: 
deal with them here. ; 
> It is interesting to note the similarities and differences between the: 
uses of "rational (and "irrationaP) and reasonable” (and "unreasonable”).. 
Thus we speak of a ”reasonable” man, but not of a ”rational” man. How--I 
ever, we do speak of an ”irrational” man (person), although I think less: 
frequently than ”unreasonable” man. We say that a person is more (or less) | 
”reasonable” (or ”unreasonable”) than another person, but we do not nor-: 
mally say that a person is more (or less) ”rational” than another. But we do! 
say that a person is more (or less) ”irrational” than another. Further, we: 
do not speak of a feeling, idea, or act as being more (or less) "”rational”!' 
than another feeling, idea, or act, but we speak of it as being more (or 
I 

| 
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iftionally (or as being an unreasonable person). (2) With regard 
to the second use, a desire, or an act is rational if it is moderate, 
idoes not go beyond the limits assigned by reason." Similarly, and 
lin the same way, we speak of a person as behaving rationally (or 
Jirrationally) and of being rational (or irrational). In this section 
iwe shall discuss the first use of 'rational' and "irrational'; the se- 
icond use will be discussed in section II. 

| Our question now is: What sorts of desire, act, or goal, in what 
Itypes of situation, can be said to be based or not based on, in 
I conformity or not in conformity with, reason?” In attempting to 
lanswer this question, one of the things we notice is that judg- 
Iments with regards to the rationality or irrationality of a given 
iHact arise in relation to (a) the agent's immediate goal or goals, 


dj the agents long-range goals, and therefore his ultimate values, 
I which the particular act may be designed to further or conserve 

id indirectly; and (c) the judge's own set of values, which may or 

I may not be the same as the agent's set of values. The judge may 

i be the agent himself or someone else. 

(i) An act A in situation S, performed by an agent Ag, is 


less) ”reasonable” than another. Finally, we do not say that a person, act, 
I etc. is very, or extremely ”rational” (although we speak of a person, act, 
i etc. as very, or extremely ”irrational”), except that we speak of a person 
FH (and especially of God) as "perfectly rational”, and we certainly speak of a 
"8 person as "perfectly irrational”, though most often, if not always, as an 
I exaggeration, to emphasize the irrationality. And we do say that a person, 
| act, etc. is very, or extremely, or perfectly ”reasonable” (or ”unreasonably”). 
| It is worth noting also that reasonable” is emotively weaker than 'rati- 
"I onal, while 'unreasonable” is even more so than 'irrational. 

| The term "reasonable (and similarly with "unreasonable”) has other mear- 
å nings. For instance, it is used as a synonym of ”plausible” or "logically ten- 
: (| able”. 

ÖRMESD, 

I 5 What follows both in this and in the following section is an analysis 
I of the actual uses of the terms 'rational” and "irrational”, and not a definition 
of these terms, in the sense of that which the ordinary man is supposed to 
have in mind when he uses these terms. The ordinary man may arrive by 
"Tf reflection at an analysis of rationality and irrationality like the one we are 
|. proposing; but we cannot validly assume that the majority of ordinary men 
| have actually made, or do make, such an analysis. 
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judged to be rational if it aims to realize or conserve an imme- 
diate goal G regarded by the judge as rational, if and only if the 
information available to Ag in S is regarded by the judge as in- 
dicating that A is conducive to G's realization or conservation. 

(ii) On the other hand, an act B in situation T, performed by 
an agent Ar, is judged to be irrational if it is performed with a 
view to the realization or conservation of an immediate goal H | 
regarded by the judge as irrational. This will be the case regard- | 
less of whether the information believed to be available to Ar in ' 
T is judged to be conducive to, or detrimental to, M's realization 
or conservation. E 

But what is a rational immediate goal, and what is an irrational 
one? Or, when is an immediate goal regarded as rational, and . 
when is an immediate goal regarded as irrational? One answer is: 
an immediate goal G is regarded as rational if it is believed to | 
possess intrinsic and/or instrumental value. In the same way, an 
immediate goal H is regarded as irrational if it is believed to 
possess intrinsic and/or instrumental disvalue. Hence an act A 
in situation S is regarded as rational if it is performed in order 
to realize or to conserve an immediate (as over a remote) intrinsic 
and/or instrumental value, provided that the information avail- 
able to the agent in S is believed to indicate that A is conducive 
to the realization or conservation of that value. On the other 
hand, an act B in situation T is regarded as irrational if it is 
performed in order to realize or to conserve what the judge re- 
gards as an intrinsic and/or instrumental disvalue, whether or 
not the information available to the agent in T is regarded as in- 
dicating that B is conducive to the realization or to the conser- 
vation of that disvalue. 

However, an immediate goal may possess intrinsic disvalue (ac- 
cording to the agent's and/or the judge's evaluation), and yet an 
act performed in order to realize or to conserve it may be re- 
garded as rational. This will be the case if (1) the goal aimed at 
is regarded as possessing instrumental value, (2) this instrumental 
value is judged to be greater than the intrinsic disvalue, and | 


”Le., if the intrinsic value which the goal is believed to be ultimately | 


WHAT IS RATIONALITY? P7S 


T(3) the act is performed for the sake of this instrumental value, 
ifrather than for the sake of the intrinsic disvalue. Similarly, an 
act which is performed in order to realize or to conserve an im- 
I mediate goal which is judged to possess instrumental disvalue, 
ii will be regarded as rational if this goal at the same time is be- 
älieved to possess greater intrinsic value (provided that the in- 
| formation available to the agent in that situation is believed to 
i 

å 

| 


indicate that the act is conducive to its realization or conserva- 
tion) and if the act is performed for the sake of the value rather 
than the disvalue possessed by the goal. 

Contrariwise, the judge may regard a given immediate goal as 
possessing intrinsic value, but nonetheles regard as irrational an 
act performed with a view to its realization or conservation. 
This will be the case when the judge regards the immediate goal 
to be instrumentally disvaluable, and this instrumental disvalue 
is regarded as outweighing its intrinsic value. 

The appeal to the instrumental value or disvalue of an imme- 
diate goal in determining the rationality or irrationality of a 
given act involves an appeal, among other things, to the intrinsic 
and/or instrumental value or disvalue of the long-range goal or 
goals which the act may be designed to help realize or conserve 
by realizing or conserving the immediate goal. Whether or not 

the long-range goals which a given act may be designed to help 
realize or conserve by attempting to realize or conserve a given 
immediate goal coincide with the states of affairs or things which 
the immediate goal is actually conducive to realizing or conserv- 
ing, the agent's long-range goals consistute a second important 
frame of reference in judging a given act to be rational or irra- 
tional. As a matter of fact, the conduciveness or non-condu- 
civeness of the realization or conservation of a given immediate 
goal to the realization or conservation of the agent's long-range 
goals which the immediate goal is designed to realize or conserve, 
is one factor in determining the rationality or irrationality of a 
given act. But there is a second determining factor, and that is 


| 
i 
j 


instrumental in realizing or conserving is regarded as greater than the in- 
trinsic disvalue of the goal itself. 
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the nature of the long-range goals themselves... More precisely, , 
and taking the two foregoing factors together, a given act will | 
be judged to be rational if (a) the long-range goals aimed at are : 
regarded as rational, and if (b) the information available to the : 
agent in the given situation is believed to indicate that the act is; 
conducive to the realization of this rational goal. And a long-' 
range goal is regarded as rational if it is thought of as possessing ; 
either (i) intrinsic and/or instrumental value, or (ii) intrinsie' 
disvalue but greater instrumental value, or (iii) instrumental: 
disvalue but greater intrinsic value, and if in (ii) and (iii) the act: 
is performed for the sake of realizing or conserving the value, 
and not the disvalue, involved. | 

Contrariwise, an act will be judged to be irrational if the long-- 
range goals it aims at realizing or conserving are regarded as 
possessing either (i) intrinsic and/or instrumental disvalue, or. 
(ii) intrinsic value but greater instrumental disvalue, or (iii) 
instrumental value but greater intrinsic disvalue. This will be the 
case in (ii) and (iii) whether the act is performed for the sake of 
realizing or conserving the value or for the sake of realizing or 
conserving the disvalue involved in each case. But if the latter 
is true in a given case, the act involved will be regarded as even 
more unreasonable than in the former case: as unreasonable on : 
two counts, so to speak. 


So far we have concerned ourselves with rationality or irration- 
ality so far as the evaluation of a hypothetical judge is con- 
cerned. But in those cases where the judge is other than the 
agent, the former's evaluation of the goals aimed at (as well as 
of whether the act is conducive or is detrimental to their real- 
ization) may diverge from the agent's own evaluation of them. 
Hence the judge and the agent may disagree about the rationality 
or irrationality of a given act performed by the latter. In such 
cases, the judge may take the agent's evaluation of the situation 
into consideration, and speak of an act as rational or irrational 
"so far as the agent is concerned”, although he may at the same 
time speak of the same act as irrational (so far as his evaluation | 
is concerned) or as ”really” irrational (implicitly or explicitly | 

| 


| 
| 
| 


WHAT IS RATIONALITY? VG 


&be a value, or aims at the diminution or destruction of what is 
Hfjudged to be an already-present value - and not only if it aims 
Jat the realization or conservation of what is judged to be a dis- 
& value. 


We are now ready to give a general analysis of rationality and 


Tirrationality in our present use of 'rational” and 'irrational in the 
I light of the exploratory remarks we have hitherto made: 


I. (1) An act is judged to be rational so far as the agent is 


+ concerned if (i) the information available to the agent in the 
i particular situation is regarded as indicating that the act is con- 
| ducive to the realization or conservation of the immediate or 
I long-range goal aimed at, and if (ii) the immediate or long-range 


goal concerned is regarded by the agent as possessing either (a) 


1 intrinsic and/or instrumental value, or (b) intrinsic disvalue but 
| greater instrumental value, or (c) instrumental disvalue but 
| greater intrinsic value. In cases (b) and (c) the act will be re- 
| garded as rational so far as the agent is concerned if it is per- 
formed for the sake of what the agent regards as the value in- 


volved, and not for the sake of what he regards as the disvalue 


involved. 


The above should be taken with the proviso that the imme- 
diate or (and more often) the long-range goal aimed at is judged 
to be, first, real and not illusory or fictitious, and second, capa- 
ble of being realized or conserved by the agent. If the goal is 
regarded by the agent as illusory, or if it is regarded as beyond 
his capacity to realize or to conserve, on the basis of the in- 
formation believed to be available to him in the particular situa- 
tion, the act will be judged to be irrational so far as the agent 
is concerned. 
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(2) An act is regarded as rational so far as the judge is con- 
cerned, in (a), (b), and (c) above, if the judge's evaluation of 
the goal aimed at in each case coincides with the agent's evalua- 
tion of it, provided that (i) the goal is regarded as real and real- 
izable by the agent, and (ii) the act is regarded as conducive 
to its realization or conservation, on the basis of the information 
believed to be available to the agent in the particular situation. 

I. An act is regarded as irrational by the judge in (a), (b), 


and (c) in (I) (1) above, if (1) the judge's evaluation of the 


goal aimed at in each case is the opposite of the agent's eva- 
luation of it; that is, if the goal involved in (a), (b), and (c) is 
regarded as possessing, respectively, (i) intrinsic and/or instru- 


mental disvalue, or (ii) intrinsic value but greater instrumental . 
disvalue, or (iii) instrumental value but greater intrinsic dis- 
value; or if (2) the judge's evaluation of the goal aimed at in 


each case coincides with the agent's evaluation of it, but (i) the 
act is regarded as detrimental to the goal's realization or conser- 
vation, or (ii) the goal is regarded as unreal, or (iii) it is re- 
garded as unrealizable by the agent, on the basis of the informa- 
tion believed to be available to the agent in the given situation. 

III. In the same way as an act may be performed with a view 
to realizing or conserving a given goal, a goal Gi may be aimed 
at with a view to realizing or conserving another — a remote or 
remoter — goal Ga. In such cases, the former goal, Gi, will logi- 
cally occupy the position occupied by an act in (I) and (II) 
above, relatively to the new goal Ga. And what we said about 
acts in (I) and (II) above will apply, mutatis mutandis, to Gi. 

So much for acts and goals. As for desires: 

IV. (1) A desire is judged to be rational so far as the agent is 
concerned if it is a desire for what the agent regards as a ra- 
tional goal (as we have analysed this earlier) on the basis of the 
information available to him in the particular situation. 

(2) A desire is regarded as rational so far as the judge is con- 


cerned if it is a desire for what the judge considers to be a ra- 
tional goal. 


Similarly, mutatis mutandis, with so-called irrational (or un- 


reasonable) desires. 
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We must now add a few remarks in order to clarify some of 
isthe important points in our foregoing analysis of rationality and 
tirrationality. 

) (2) The situations in which the question of the rationality or 
'firrationality of a given act arises may be sketched abstractly as 
inffollows: An agent is confronted with a concrete situation S. In 
vathat situation, he has an immediate goal G which he wants to 
frealize or conserve. S offers him a limited number of alternative 
ays of action, a, b, c, d, etc. relatively to G, some of which may 
v be conducive to G's realization or conservation, some detrimental 


Cor irrelevant to G's realization or conservation, but on whether 
for not it seems to be the one or the other or the third on the 


” 


luation” involved in S is thought to be available to the agent, 
and therefore what and how much about the total situation the 


and so on. It is important to note that the knowledge of the 
ipossibly relevant factors in S which the agent is expected to have 
Jineludes the knowledge of whether or not the immediate and 
long-range goals aimed at are worth realizing; i.e., whether or 
not they possess intrinsic value, instrumental value, intrinsic dis- 
value, and so on. What and how much the agent is expected to 
fknow in S is extremely important, since no act, whatever its na- 
ture, is ordinarily regarded as irrational unless the agent, in per- 
forming it, does not take into consideration all the knowledge 
ihe is expected to have about the particular situation involved. 
CAnd no act, whatever its nature, is ordinarily regarded as ra- 


180 HAIG KHATCHADOURIAN 


tional — even if it is thought of as conducive to the realization 
or conservation of a rational goal — if it is performed in ignorance 
of, or without the agent's considering, all the possibly relevant 
factors in the situation; if. it accidentally turns out to be con- 
ducive to a rational goal. 

This demand for action in the light of the ”total situation” as 
a condition for rationality is seen most dramatically in the case: 
of what we call "The Perfectly Rational Being” or God, who is 
often conceived as thinking, feeling, willing, and acting in the! 
light of his perfect knowledge of the actual and the possible, the: 
existent and the subsistent, the temporal and the eternal; in 
short, to use Spinoza's famous expression, as thinking, feeling, 
willing, and acting sub specie aeternitatis. The "total situation”: 
here is the whole of reality, and action in the light of this all-- 
inclusive ”situation” is the height of rationality. ; 

Thus we may say that rational behavior, so far as it is basal ; 
on the knowledge and the consideration of the total situation, 
is behavior which is fully grounded in the nature of the situation, , 
which has a reason and not merely a cause; whereas irrational 
behavior, so far as it based on (wilful) ignorance or lack of: 
consideration of the total situation, is, at best, only partially" 
grounded in the nature of the situation. It follows that the rea-- 
sonable person can justify his behavior rationally ” or account for: 
it logically on the basis of actual facts, while the unreasonable : 
person can account for his behavior, in the last analysis, only 
psychologically. 

(b) An agent is ordinarily regarded as a reasonable or an un-- 
reasonable person on the basis of the acts he performs only if: 


” This gives us a further use of "rational” — the use of the term in such 
phrases as "rational justification', 'rational explanatiom, 'rational account” —- 
closely connected with our first use of the term. But note that there does: 
not seem to be a corresponding use of "irrational (though this is somewhat: 
puzzling to me): we do not speak of ”irrational justification”, ”irrational ex-- 
planation”, and the like. We do say: "X attempted to justify his unrea-. 
sonable behavior”; but we regard such attempts as successful, and therefore ' 
as justification, only if we regard them as rational or reasonable (and there-: ' 


fore only if the behavior which is defended is regarded as rational or' 
reasonable). | 
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åthese acts are believed to be or to have been freely performed, and 
iinot performed through external compulsion, coercion, or other 
forces beyond the agent's control. This is dictated by ordinary 
flusage and does not involve a metaphysical problem. Whether 
(or not human behavior can be free in some crucial sense or 
senses of free”, it remains that reasonable” and "unreasonable” 
are ordinarily applied only to agents believed to be free. How- 


Fever, an agent is said to have acted rationally or irrationally, and 


fan act is said to be rational or irrational, even when the act is 
itnot regarded as freely performed. For instance, we do say: ”I 
fadmit that 2Ös act was irrational; but the poor man couldn't 
help acting irrationally: that was the way he was brought up”; 
vor, ÅA. ”"T'm surprised at Johns behaving so reasonably yester- 
day.” B. "He was threatened with expulsion if he did anything 
Hirrational.” ” 

The preceeding remarks apply, mutatis mutandis, to the sec- 
fond main use of 'rational and "irrational' to which we shall 
now turn. Consequently, they should be borne in mind in what 


follows. 


I 


At the beginning of Section I we mentioned the second main 
j use of "rational” and "irrational which we are concerned with in 
I this paper. I mean the use of 'rational” in which an act, or a desire 
I (but not a feeling, emotion, or thought” as such) is said to be 
I rational if it is moderate, does not go beyond the limits assigned 
i by reason; and correspondingly, the use of '"irrational” in which 
an act, or a desire (but not a feeling, emotion, or thought as 
I such) is said to be irrational if it is immoderate, goes beyond the 


2 The conditions under which alone the agent would ordinarily be re- 
garded as responsible for a given act said to be rational or irrational, may 
I be called the "standard conditions” for the applicability of the terms 'rea- 
sonable” and "unreasonable” to the agent. 

? We "speak of moderate (or immoderate) ideas or opinions; and we 
i speak of a person as holding moderate (or immoderate) ideas or opinions. 
I But an opinion or idea in this sense (i.e., a judgment) is not just a thought 
' or a train of thoughts. 
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limits assigned by reason. Our task now is to discover what this 
use of 'rational and "irrational involves by discovering what 
"moderation” and ”immoderation” consist in, or what kinds of: 
desire or act are said to be moderate or immoderate respec- 
tively. 

Let us note first of all that ”moderate” desires and a 
acts are closely related; similarly, immoderate” desires and "i 
moderate” acts. We skrtgälly infer from an act which is 
as moderate, or as immoderate, (provided that the act is regarded ! 
as freely performed) that the desires which motivated it are: 
themselves moderate, or immoderate, respectively. Similarly we : 
predict from the existence in a person of a ”moderate”, or an. 
"immoderate”, desire for a given thing (e.g. a ”moderate” or an: 
"immoderate” desire for drink, food, tobacco, etc.) that the acts: 
generally resulting from it would be ”moderate”, or ”immod- . 
erate”, respectively. 


”» 


Secondly, whether or not a given desire or a given act is re- | 
garded as moderate or as immoderate, depends on the partic- 
ular situation in which the desire or the act arises. Also, numer- 
ically the same desire, or act, may be regarded as moderate by 
one person and immoderate by another or others. This does not 
mean, however, that there is nothing in common between numer- 
ically and qualitatively different acts, or desires, which are 
spoken of as ”moderate”, and between numerically and qualita- 
tively different acts, or desires, which are spoken of as ”immod- 
erate”, in the concrete contexts in which they are encountered 
in actual life. Consider the following statements we often make 
or hear others make: ”Don't be immoderate: dom't ask for too 
much; compromise”; ”The consequences of immoderation are 
bad”; "Hell spoil his health by immoderate eating and drink- 
ing”; "The immoderate man harms himself and others”; "If you 
live moderately, you'll be happy; yow'll not regret what you do, 
later on.” These and similar examples indicate that desires and 
acts are thought of as moderate or as immoderate in the light 
of their actual, or probable, consequences, for the agent and for 
others, in the' concrete situations in which they arise: those ge- 
nerally having so-called beneficial consequences being thought of 
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” moderate, while those having so-called harmful consequences 
being thought of as immoderate. This is not to say that "mode- 
rate” means ”having beneficial consequences”, and immoderate” 
means ”having harmful consequences.” What we are here giving 
is an anlysis, not a (dictionary) definition of "moderate” and 'im- 
moderate”. 


| Since the consequences of a given desire or a given act depend 
n the nature of the particular situation involved as well as on 
ithe nature of the desire or act itself, we may regard a given de- 
ire or a given act in a particular situation as moderate even if 
in many other situations it does generally result in so-called 
armful consequences; and the same with immoderation. Further, 
we do not unqualifiedly regard a desire or an act which we think 
is immoderate, as an unreasonable or irrational desire or act. 
Whether or not we identify immoderation with irrationality in a 
given case depends on our estimate of the nature and amount of 
the information about the possibly relevant factors in it, which 
we regard as available to the agent there and then. We do not 
call a desire or an act unreasonable or irrational, even though we 
may consider it as the kind of act or desire which we would ge- 
erally call immoderate, if we think that the agent is not in a 
position to know that it would or generally does result in so- 
called harmful consequences. Again, we may regard a certain act 
or desire as moderate generally speaking, and yet regard it as 
unreasonable or irrational on the part of a specific person to per- 
form or to have it, respectively, on the basis of the information 
we consider to be available to him in the given situation. For in- 
stance, we may regard it as unreasonable for a man suffering 
from a disease of the stomach or the liver to drink; even if he 
only drinks, say, a glass or two of beer once or twice a week.” 


id 
Vd 


20 At the beginning of Section I we spoke of a rational desire or act in our 
second use of 'rational” as one which ”lies within the limits assigned by 
reason”. This (as well as the characterization of a rational desire or act in 
'our first use of 'rational” as one which is ”based one”, or is ”in conformity 
'with”, reason) involves an interesting picture of reason and of the emo- 
tions. But to deal with it adequately requires a separate treatment, which 
we must reserve for a future date. 
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III 


What now is the relation between our first and our second 
use of 'rational', and between our first and our second use of: 
Srrational'? The answer is not hard to find, if our foregoing anal- 
ysis is correct: In our second use, a desire is said to be rational 
if it motivates acts which are regarded as generally beneficient? 
(or more beneficient than harmful) to the agent and/or to othembi 
who may be affected by them. But "beneficial consequences” are: 
consequences which are regarded as "worth having”, or as "valu- - 
able”, whether in themselves or as a means to the bringing about: 
of states of affairs, or of things, which are regarded as valuable : 
in themselves, for their own sakes. Hence a desire which i ra-- 
tional in our second use of this term (i.e., a moderate desire), is: 
also rational in our first use of it. What is more, rational desires i 
in the former use of this term are a sub-class of rational desires : 
in the latter use of it. For though all so-called moderate desires : 
are rational in our first use of this term, not all so-called rational' 
desires (i.e. rational in our first use of the term) are said to be: 
moderate desires, i.e., rational in our second use of the term. . 
For example, my desire to protect myself with an umbrella when . 
I go out into the rain is reasonable or rational in our first use: 
of "rational” or reasonable” for anybody who regards freedom 
from illness as a value. But the desire to protect myself with an: 
umbrella in this situation (or the desire not to fall ill, for that: 
matter) is not ordinarily called a moderate desire. 

In the same way rational or reasonable acts in our second use : 
of these terms (i.e., acts said to be moderate) are a sub-class of' 
rational or reasonable acts in our first use of these terms. 

The same kind of logical relation holds, mutatis mutandis, be- - 
tween desires and acts which are said to be irrational in our sec-- 
ond use of this term, and desires and acts which are said to be: 
irrational in our first use of this term. 


IV 

We must now say a word about the relation between rational | 
acts and morally right acts on the one hand, and between irra- t 
tional acts and morally wrong acts on the other hand. | 
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> Rational acts should not be identified with morally right acts, 
and irrational acts with morally wrong acts. "Rational act” and 
irrational act do not mean the same thing as "morally right act 
and 'morally wrong act', respectively. Nor are all rational acts, 
and all irrational acts, as a matter of fact, or empirically, what 
we would call morally right acts and morally wrong acts, respec- 
tively: 

(a) There are situations in which an act is ordinarily said to 

be rational, or irrational, which does not involve either moral 
rightness or moral wrongness. Thus going out in the snow with- 
out adequate protection may be called an unreasonable or ir- 
rational act; but we do not say that it is morally wrong; and 
taking vitamin tablets daily for protection against disease may 
be called a reasonable or rational act; but we do not say that it 
is a morally right act. In other words, and so far as this goes, 
rationality is a wider and more inclusive concept than moral 
rightness; and the same with irrationality and moral wrongness. 
(b) Further, as we have said before, we sometimes speak of 
an act, say, as rational so far as the agent is concerned, but as 
irrational so far as we are concerned ("we” being people with 
different values, such as people living in a different age or so- 
ciety); we also sometimes speak of an act as irrational so far as 
the agent is concerned, but as rational so far as we are concerned. 
Whereas we ordinarily (unless we are philosophizing) speak of 
an act as right absolutely or wrong absolutely, right or wrong 
simpliciter. Still, it may be that in such cases we implicitly think 
of the act in relation to one and the same culture, age, etc. and 
not independently of culture, age, etc. But we cannot attempt to 
settle this question here, as it is beyond the scope of the present 
paper. 
(c) That rationality and irrationality are wider concepts than 
moral rightness and moral wrongness (in a different direction 
than that mentioned in (a) above) is also shown by the fact that 
we speak of desires, as well as of acts, as rational or reasonable, 
or as irrational or unreasonable; whereas we only speak of acts 
as morally right or morally wrong. True, we do speak of the 
right or the wrong ”spirit” or ”attitude” behind, or motivating, 
Be 
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an act which is said to be morally right or morally wrong, respec- 
tively. But a desire is not the same as an ”attitude” or spirit” 
said to be the right or the wrong ”attitude” or ”spirit”. We say 
that it is wrong to have this or that desire (e.g. to have a desire 
to kill someone), or that it is wrong to desire this or that state 
of affairs (e.g. someone”s death). Nonetheless, we do not speak 
of a morally right or a morally wrong desire, while we do speak | 
of a rational desire or an irrational desire. | 

(d) On the other hand, we do feel, I think, that a morally ' 
right act must be a rational act, and that a morally wrong act : 
must be an irrational act. We seem to feel that it is a contradice- 
tion in terms to speak of a morally right act as unreasonable or 
irrational, and of a morally wrong act as reasonable or rational. | 
Thus it seems that the notion of rationality is involved in the ' 
meaning or uses of "morally right act', and the notion of irra- 
tionality is involved in the meaning or uses of "morally wrong 
act”. If that is so, all morally right acts would ”by definition” 
be rational acts; and all morally wrong acts would ”by defini- 
tion” be irrational acts. These, by conversion, would give us: 
"Some rational acts are (also) morally right acts”, and "Some ir- : 
rational acts are (also) morally wrong acts”: which is in con-- 
formity with what we said earlier in this section. 

(e) We may put the matter more precisely and exactly as: 
follows: (i) In those situations where morality is or may be in- - 
volved, rationality and moral rightness (in the case of goals, ra-- 
tionality and moral goodness) coincide; similarly with irratio-- 
nality and moral wrongness (moral badness in the case of goals). . 
That is, in those situations, all rational acts will be morally right: 
acts, and vice versa; and all irrational acts will be morally wrong; 
acts, and vice versa. But (ii) There are situations in which mo- - 
rality is not or may not be involved, but in which rationality and! 
irrationality are or may be involved. These will be the situations: 
in which kinds of value and disvalue other than the moral values; 
and disvalues of rightness, wrongness and badness, respectively, , 
are or may be involved. Thus the situations in which rationalityr 
and irrationality are or may be involved are more inclusive or of! 
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IBreater variety than situations in which moral rightness and 
"wrongness, goodness and badness, are or may be involved. 

(f) Finally, our results above are in conformity with, and fol- 
low from, our analysis of the (two main) uses of 'rational and 
"irrational in Sections I and II. For as we saw there, our first — 
and more inclusive — use of these terms may be analysed in terms 
'of value and disvalue; and moral values and disvalues form one, 
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The sense of "Smoking permitted”. A note on Erik Trangey's 
"An important aspect of humanism”. (Theoria 1957:1). By 
Erik Ryding (Lund). | 


In his interesting paper ”An important aspect of humanism” Knut 
Erik Traney among other things investigates the notion of permission. | 
To begin with he establishes certain logical relations between that no- / 
tion and the notions of ”obligatory” and ”forbidden”. Thus, if a” and / 
its negation '-a name an action, the implication Oa>Pa and the equi- 
valences Fa Pa; Oa<—-P-a; P-a<—-Oa; Pa -O-a hold 
good. | 

After this the author distinguishes between two senses of ”per- 
mitted”, which are characterized in the following way: | 

”1) An action which is obligatory is also a fortiori permitted, since if 
it were not, it would be forbidden: (Oa>Pa). 

2) Often when we say that an action is permitted, we mean to say 
that it is neither obligatory nor forbidden: —-(OaV Fa), which is the | 
same as -(OaV -Pa).” | 

As for the latter sense, the author finds it more convenient to sym- 
bolize it (Pa & P-a). A permission of this type is called ”a free per- 
mission”. (Obviously the implication (Oa>Pa) holds good only for 
case 1) as we otherways should get (Oa>-Oa)). An example of 
"free permissions” (subclass "straight permissions”) is, we are told, the 
"Smoking permitted” — sign, which we meet in railway carriages etc. 

It seems, however, that this interpretation would leave place for 
some objections. A conjunction of two propositions is false, if one or 
both of the propositions are false. If we transfer this elementary rule 
from the logic of truth to the deontic logic (and the right to this seems 
intuitively clear), the result will be that (Pa & P-a) is negated by the 
disjunction [(-Pa & P-a) V (Pa & -P-a) V (-Pa & -P-a)]. Or, as it. 
could be written more briefly [(Fa) V (Oa)YV (Fa & F-a)]. 

According to this "Smoking not permitted” could mean: 


1. Forbidden to smoke. 
2. Obligatory to smoke. 
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1 3. Forbidden both to smoke and not to smoke (from which by 
i means of (-Pa<>O-a) can be derived: Obligatory both to smoke 
3and not to smoke). 
I The last case need not agitate the passengers — I am not here in- 
: tending to discuss the logical status of such self-annihilating deontic 
Texpressions — but there remain the two practicable norms 1) and 2). 
I If the author's interpretation of "Smoking permitted” were right, when 
a faced with the placard "Smoking not permitted”, we should be unable to 
| know if smoking was forbidden or ordered. But as a matter of fact we 
vall do know it. It does not occur to anybody that ”a is not permitted” 
HW could be read in any other way than ”a is forbidden” —- and as we have 
'Fseen, the author himself has established the equivalence (Fa<-Pa). 
I But then it seems impossible to me to give (Pa) such an interpreta- 
[tion that it is negated by (Oa), too. 
To this it may be objected that it is permitted to abstain from 
Ismoking even in compartments with the placard "Smoking permitted”. 
Yes, but therefore it is not sure that this right is announced by the 
placard. There are a lot of things which you may do in a train without 
having been informed of that by means of placards: sleep, read your 
"fnewspaper, and so on. To me it appears natural to refer not-smoking 
Ito this group of actions. 
HT It is true that ”permitted” and ”obligatory” ("ordered”) in certain 
icontexts can be used as if they excluded each other. As for the ques- 
"Aftion "Do you permit me to go out?”, it is possible, if not polite, to 
answer it: "No, I don't permit it — I order it.” I don't think, however, 
that phrases like that constitute any deciding argument against my point 
"fof view. They can be interpreted as elliptical constructions synonymous 
Iwith ”Not only do I permit, I order”. (Cf the question ”Is he gifted?”. 
IWe can reply: "No, he is ingenious; yet it doesn't seem reasonable to 
distinguish between two senses of ”gifted”, one which is implicated 
by ”ingenious” and one which is incompatible with it.)” 

A further point of interest is that if the question ”Do you permit 
iifme to go out?” is answered by ”No” without any addition, then this 
tflwill be understood as a univoque piece of information that it is for- 
iBbidden to go out. Nobody would have felt the need of asking: "Do you 

ean that it is forbidden or that it is obligatory to go out?” Ordering, 
"hence, is in this situation not regarded as a possible negation of per- 
mission — in other words: ”permission” is not taken in sense 2). If "No, 
tl order” should be a real negation, it must then be an answer to an- 
Hfother question than that which the inquirer intended to put. 

2 The word ”no” must here be understood, not as an answer to the ques- 
ition, but as a criticism of it. What is rejected, in not the possible state of 
affairs which is presented in the interrogative sentence, but the way of 
iputting the question which is regarded as not far reaching enough. 
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The discussion seems to indicate that there is only one sense of 
"permitted” or — to be a little more cautious — that in any case ”per- 
mitted” has not those two senses, which are attributed to it in Tra- 
ney's article. 

It is true that I have examined only two examples, but I am not 
able to imagine arty context where there may be any doubt that a 
negation of a permission (without further additions) is a prohibition 
and nothing else. The natural interpretation of (Pa) seems to be that 
a proposition of that structure says something about (a) and nothing | 
about (-a); the latter fact we could mark through the tautological : 
formula (F-aV -F-a). Thus we get: [Pa=-Fa & (F-aV -F-a)]. 

Then it is true, of course, that in different ways we can get to know | 
that an action is permitted: by reading the permission on a placard, by ' 
concluding it from the known fact that it is obligatory, by observing : 
that a policeman does not intervene to stop it etc. But it is all the time :; 
the same thing we get to know. 4 


Reply to Erik Ryding. A note on E. Ryding's "The sense of' 
"Smoking permitted.” (Theoria 1958:3). By Erik Tranoy 
(Oslo). . 


I am not at all sure that I have understood Erik Ryding's remarks, 
but I should like to make the following comments in the hope that I: 
have understood him. 

1. A disjunction is true if at least one of its members is true. In: 
Ryding's disjunction [Fav Oav (Fa & Fa)] (Ryding, p. 188), the: 
third member may be discounted on logical grounds. It can probably be: 
said to be a contradiction. The two other members are all right, for” 
the following reason: Ryding's disjunction is constructed as the ne-- 
gation of the formal expression (Pa & Pa). "Forbidden to smoke”,. 
if symbolized ”Pa”, is the negation of ”Pa”. ”Obligatory to smoke”, , 
if symbolized ”Oa”, is the negation of ”Pa” (since "Oa< "<P -a”).. 
I have no objection to this. 

2. I should object, however, to Ryding's identification of the word! 
”permitted” in the sign "Smoking not permitted” with the free per-- 
mission which I have symbolized ”Pa & Pa”. The word permitted” ' 
occurring in the sign must obviously be symbolized ”Pa” (nothing said! 
about ””va” except in so far as ”””Pa” might be a reasonable render-- 
ing of the whole sign "Smoking not permitted”; and ”Pa” is formally; 
equivalent to ”Fa” and to "O-—a”). 

My point is rather a factual hypothesis, namely: 

(a) when faced with the sign "Smoking permitted”, we actually 


I 
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tend to interpret the word-”permitted” after the fashion of the formal 
expression "Pa & Pa”; and 

(b) when faced with the sign "Smoking not permitted”, we actually 
tend to interpret the word ”permitted” after the fashion of Pa”. 

It is thus not correct when Ryding says, as I believe he does (on p. 
1189), that I have given (Pa) such an interpretation that it is negated 
by (Oa), too”. 

As for the rest of Ryding's remarks, I cannot see that they conflict 
with anything that I have written in my article. Perhaps I should em- 
'phasize that it was part of my intention to point to some of the am- 
biguities involved in everyday uses of the word ”permitted”; and that 
I have no particular plea to enter for any of the possible interpreta- 
tions which can be put upon the phrase when we try to clarify it by 
the means of deontic logic. 

 Concerning Ryding's conclusion that there cannot be ”any doubt that 
a negation of a permission (without further additions) is a prohibition 
and nothing else” I think it must be due to a misunderstanding which 
I now hope to have clarified in my point (2) above. I cannot see that 
I have said anything of which Ryding's remark could be a criticism. To 
repeat in a slightly different manner: I should not accept the uncon- 
ditional identification of the word ”permitted” as used in ordinary 
English, e.g., in trains, with either of the formal expressions ”Pa” or 
"Pa & Pva”. Thus I have said nothing about ”natural” (Ryding, p. 
190) or other interpretations of the expression ”Pa”. But I have been 
concerned with different (not equivalent and not synonymous) inter- 
pretations of the everyday English word ”permitted”. If, in my article, 
I have expressed myself in such a way as to cause misunderstanding on 
this point, I can only regret it. 
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